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GEOMETRI AM 

Itttrodit&ia hrevis» 



GEometrU tradendae nietho- 
dus eadem debebat eife, 
qu2 aliamni feicndarutn} 
ubi Nomeo exponitur pri- 
ffiiln), tiun definkio, genus, fubjedhim, 
objeftum, principia, genefis, & affc- 
aionestam prifflx, qdimfecundse; 

Nowf» Geometriae dimcnfionemter- 
ne innuic j quod ea, qux plerunqi me- 
tiri folemus, vel terra fin^ vel ex tcrr- 
aquco g^obo produda» 

Omvenit igimr hoc Booien appri- 
me fdcntix vel arti, ^vat in dimeticn- 
di& (^|e£l«Mrttin viiibitnnn quantitatibiis 
occupatur : quales funt itinerum di* 
nantix» akitudines mcMitium & aedifi- 
cioruni j agrorum latifiindia^ vcl mo- 
ks corporum. 

Poffailabac ab induflria nientis ipfa 
necdficas, uc inquirerec in racioncm 

B ifta 



ifta dcfiniendi. Voliric igitur follici- 
taca mens fiiccurrerc iiidigendx rei, & 
intelkfto negotio, quacunq-, ad infti- 
tutum facerent, eKaminare. 

Ideoq^ iion dcdign^tur Geomema 
ortum fuum, nec invidet nomen ardt 
^uxfifls ■ata^Mi» ]MnR^iieni& Quiniinb 

inventis fuis libere uti jubet ; dummo- 
do luminibus fiiis acceptum , feratur» 
quicquid illa drca maficri^es exten- 
<fiones occupata floadiinatrix .ufquam 
pollet. 

I>ehinc o{!$)omiinim ^amv^ 



-qiMmffi^cim, quam nos^jeometri^ 
«oauae indigitamus» Ne £m long^s» 

Gemetria eft fcientia circa magnim- 
GiHuseH fcieHla^ mim&^ 

& Iblus «ft 6»re. 

Suh]e6im inhafionis eft mens , cujus 

'&cultates iDouKs ia «nieMto^ ^eifiQ^ 
^cupantur. 

' Mencis famkAkts JamydmAh 

QbjiMm eft magnitudoy non illa qm- 
/46m«fltai(e ^idNwens» fednb QffiQi 

materia abftrafta. Quid fit abftraOTio 

^lath^ii^ka» 4o(m ^hiloiopliit Noi 

bis fufficit ^ quod polTumus conciperc. 
lineam» ¥£l eKie»nonem in laouB» aut 
'ibUdum i quaoivis illa miUi materi« 

adl»- 
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adhsBreat. Atq-,in hoc ducetdifcriitien 
inter Geometriam puram, & Prafticam, 
Prhiclpiay qua? magnitudineracon^ 
ftituunt, funt Infinitum, Punftum, & 
Motus. 

infjnittm efl, quod omni termino & 
pofitione caret, nec proinde augeri vel 
minui poteft. 

Ab Infinito differt Mdjpimm^ quod 
i^augeri quidem neqidt, at minui potefl: 
'omnino. 

Pun6lu/n nec augeri poceft, nec mi- 
nui, neqi aliud in fe quicquam habet 
prxter pofitionem» 

A Punfto diflfert Minimum , quod 
minui quidem nequit, at augeri poteft 
omnino. 

Cxterum Infinitum abfolute confi- 
deratum non eft principium magnitu- 
dinisi fed cum in Infinito ponicur 
Punftum, tum deflmm evadit ipfum 
Infinitum Campus maKimus , qui eft 
veluti matrix vel rccepcaculum mag- 
nitudinum gignendarum. 

Sed nec Punftum abfolute confide- 
ratum, principium eft magnitudinis ; 
fcd accedente motu fit terminuslineae, 
& quafi femen omnium magnitudinum 
gignendarum. 

Eft autem Ttrminiis magnitudinis cu- 
jufq-, e-Ktremum^nullam uriq-, partem ip- 
fius conftltuens , fed limites tantum 
ponens. B 2 Icst 



In Geometriaf» 

Ita punftum terminat lineam, licci: 
innumera punfta ne minimam quidem 
conftituanf lineam. Et linea terminac 
fuperticiem , licet innum.erje linea? ne 
minimam quidem partem conftituant 
fuperficiei. Deniq-, fuperficics termi- 
nat corpus, licet innumeKe fuperficics 
ne minimam quidem partem conftitu- 
. arit corporis. 

Sic igitur Punftum terminus eft>* 
terminorum, atq; hoc nomine purum 
putum eft princii>ium magnitudinis. 
Reliqui terinini, nimirum Imea & fu- 
perficies , . certo refpeftu funt quoq; 
inagnitudines, atqj tum principii no- 
mine haudquaquam veniunt. Ita linea 
abfolute confiderata, magnitudo eft, 
conftans partibus fuis ; at (i moveatur 
linea in tranfverfum, )am confideratur 
ut termimis & principium fuperficiei, 
quam generat , fed cujus tamen par- 
tera nullam conftituit. Ita fuperficies 
abfolutd confiderata , magnitudo eft, 
partibus fuis conftans i at fi moveatur 
fupcrficies in tranfverfum , jam confi* 
deratur ut terminus& principium cor- 
poris, quod motu fuo generat, cujus 
tamen partem nullani conftimit. Quare 
principium magnitudinis fecundum, 
proprie loquendo, eft tnminusy quifqi 
{ fcilicet magnitudinis fua?. Ciiim vero k 
r^m^o rcJiqui termini trahant indivi- 

• fibi- 
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ffi)ilitatem iTlam, cujus ratione vocan-" 
tur cermini, ita ut iinea fit indivifjhi- 
lis in latuni, fuperficies indivifibilis iii 

^ profnndum \ idco punfto, ut termi- 
no terminorum, fecundi principii lo- 
cum haud inepte tribui exiftimamus* ^ 
TertiufR principium efl Motus ^ qui 
efl exfpatiatio termini in campolibero. 

Motus autem termini cujufq^ talis fit* 
oportet 5 uc fi quas habet partes, fin- 
gul^^e fuccedanc novisveliigiis, nuQ- 
quam antea preffis. > '"^ 

Pundum quidem , cum nullas lia-. 
beat partes, quoamq; motu cieatur, ne- 
ceirario lineam defcribit j at linea nori 
quovis motu fuperficiem : etenim fieri^ 
potefl, vx linea: rcft;3B , vel circularis" 
fingulif partes priftino quidem exce- 
dant veftigio, at non ita tamen, ut 
non aliquae vel omnes fuccedant in ve-w 
ftigia jam antca preiTa 5 quo moru 
nulla producicur fuperficies , fcd tan- 
tum !inea reda continuaair, vel circu-^ 
laris in fcipfum revolvicur. Idcoq-, dixi, 

- oporterc, ut fingute termini partes no- 
vis veftigiisj nmcfum antca '^r^fjis^ in- 
fiftant. Ubi animaavcrtendum , licet 
omncs & finguW pai les ven;5.^io fuo 
excedere dcbeanr-, non impedi-c hoc 

. tamen , qu5 minus linex xc^ unus 
terminus, vcl curvx linea? ambo ter- 
.inini maneanc fixi, ut gencretur Pipcr-» 

B 3 ficies: 
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ficies : nam termini, uti diKimus, hoti 
funt partcs ejus magnitudinis , cujus ' 
funt tcrmini. • ^ ^ \ 

. . Llt vero mota fuperficie generetur 
cofpus, omnes quo^i fuperficiei par- " 
tes nova vefligia occupare debent,jr 
nunquam antca prefTa ; nec tamcn im- 
pedit hoc , quo miniis unicus faltem- • ^ 
fuperficiei terminus, nempequi fitli- ^ 
nea refta, fixus maneat fuo loco : quia 
Unea non eft pars fuperficiei. ^ ^ 
Corpus autetn , licet moveri pofTic 
ka, ut fingulj& ejus partes novis vefti- . 
giisinfiftanf, fieri tamen non potcft^ 
quin aliqua vefligia, quse a fuccedenti^ 
bus partibus occupantuf, ;am ante 
prefla fuerint ab aliis partibus, qua? in- 
de excefferunt : ideoq^ motus corporis 
uon producit novam fpecicm magni- 
uidinis* 

Hinc liquet, non efle plures, cjuanr 
tres magnitudinis fpecies , '*"nimirum 
lincam, fupcrficiem, corpusv 

Jam vero, Gem{is^ magnitudinis eft 
produftio ey tenfionis ex termino mo* 
vente in campo libero. 

Magnitudo autem eft moles Atxtt^ 
ininata & continua. 

Afefilones magnitudinis primfy qu3B 
iUi femper infunt per fua principia,- • 
(iint moles, determinatio, & conrinui- 
98t Nani ab Infinito habet molem ; a 

Xermino 
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Tcrmino circumfcriptionem vcl figa* 
lam s & a Moui coimiiuitaccm» cx- 
teniionem , & fwtiiim exara partes 
pofitioDem# 

Affe&iims fecmd^ otnmtiir^ ctlm 
vd una aliqua magnitudo comparatur 
ciim fiiia pardbus, refpedtt molk ^ ete^ 
nim tota «pjalis eft: omnibus fuis par- 
tiUiS» eademq; ma^or quaUbet fui par^^ 
te : velciim dux plurcfve magnini- 
dines ejufdem fpeciei comparancur 
invicem 5 nam « termini unius con-» 
SmtyL terminis alterius^ xquales funt i 
na CKcmnpaiit termsnt uniiis "jtkra Itmi-* 
tes alterius, insquales. luij^compa- 
tim> tti€ik fiick fqMaUtatem vel /m^ 
quaUtatm^^x quidem nihil aliud eft^ 
ifxhsk ipfa m^nitudmnm . ratio. Er 
ratio quidem aqualitatis non nifi uni- 
ca efle poteft : at in^uaiitatis mi$ 
innumeris modis variat , dum magni** 
tudinum cdmparandarum altera qui« 
dcm conftuitem molis menfiinms o&« 
tinet» aker^ vero a minioia contiiiuo 
eaccrefeic inmaximatif} vbi tot orni»* 
tu^ rationes diverfa^ y quot funt in ae« 
fieme momenta incranemi^ creibens: 
ad conftantem acquirit rationem con* 
tiBuo majprem atqjtmajorein } atco»> 
ftans ad crefcentem, rationem conti^ 
mio minorem atq^ minorem. Cootra^ 
rimxi acxidit^ ciHm altera qjia^cm n»- 

£.4 gjoitudioc. 



gnitudine molem obtinente conftan» 
tetn^altfira a maxima continuo decrcrcic 
ufq*:, ad minimam ; ubi dccrefcens ad 
conihntem acquiritrationemcontinua 
minorem atq^ minorem 5 at conftans 
ad decrefccntem, rationem-«>ntinu6 
majorem awp majorem. lea magnicu'' 
do crefcens vel dccrefcens ad con- 
Aantdn rationes onmes obit, quot* 
cunqi funt ^ minima ufq; ad maxi- 
mam, & condans itidem ad aefeen- 
tem vel decrefcentem.* 

Sed cum dm vel plures funt con- 
ftantes, ad quas totidem crefcentes vcl 
decrefcentes obeunt rationes contimio 
tnajores vel minores ytxim oritur 
tionum aqualltas vel JM^ualltas^ quae 
quidem meli^s explicari non poteft, 
quam per ipfam inagnitudinum gene- 
fm , dum fcilicet procreantor motu 
ftcceflTivo.- 

Hic autem w^f/^ieft vel ^qaablUsr 
chm tenninus moyens «qualibus tem-* 
porum momentis aiqualia fpatia confi- 
ck ; vel inaqualis^ chm velochas io- . 
tenditur fubinde vel remittitur. 

Et c&m fieri poflTit, ut terminus ali- 
quis ad certum tempusincedatquidem 
mom «qiKibili 5 at mox velut ex ab- 
ruptomutet tenorem velocitatis in ci-- 
tatiorem vel tardiorem i ubi rurfus 
ficii :>poteft5 ut noyus iUe velodtatis 

tenor 
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tenor fit quidem in fe apquabills, at 
refpeftu prioris omnino citatior vel 
tardior : ideoq; ad expliamdam rai- ^ 
tionum aecfualitatem , convenit ubiqj 
intelligere mocum non modo sequabi- 
lem, fed eyufdm quoq-, tenoris^ hoc eft,- 
eadem^ qu^ coepit, velocitate pcrpe- 
tuo incedentem. Hic ifa fuppofitis 

Katioms ccqiiales^mx. crefcentium ad 
fuam cujufqi conftantem; chmeodem' 
,inftanti ecarceribus fuis erumpuntjat^js 
eodem lempore in fuas conftantes ex- 
:crefcunt, & prasterea quovis ififtanri 
|fimul fiftunt. Nam a^qualia tempora 
producunt a?quales rationes crefcenti- 
um ad fuam cujufq^ confranrem. 
. ^ Ubi non eft opus^ ut crefcentes fint- 
I ejufdem fpeciei , neq-, ut fmt" aquc 
veloces *, fed fufficit crefcentem quam- 
libet cjufdem effe fpeciei cum fua con- 
flante-, & motum uniufcujufq-, cre-' 
(centis in fe ejlTe sequabilem, ejufdem ' 
tenoris. - ^ ; • " ' 

Hinc jam perfacile eft demonftrare 
fex illos argumcntandi modos Geo- 
metris ufitatos , tjui' forit rationis al- 
terna^ invcrfa?, dtvifa?, compofiD**^ 
converfa^, &exaequali.. ^ / *^ , ^ 

■ 

- • • 
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Kkponamur enuii dme con/laiKes 

2; A. 8c ^ B, quas duo punda d 2;.- 
crtnnpentM Terius A & B wroducant^ 
codem tempore , ita ut, OTtn. iinum'- 
ttarvenit^l 2: ad alterum pervene- 
rk a 2: ad bj ciim iHiid penweniia<b 
«, "hoc pervenerit ad /8 v deniqi cilm.^ 
illQdadAy hocadR. Dico, perde-. 
teioneni fuperiorem j cum crefcen- 
tis^; a, ^ b codem' «empore pro- 
duftaEfmtj & conftantes 5 A, 2: B - 
I6dem codem tempore j rationera 2; a- 
ad^^^ A a^qualem effe rationi 2:4>- 
acl 2: Bi- At<Kob hocetiarai altmM^ 
terminos duosmedios, efrerati42^ 

iMin^aadvSLbiiqualanraaom^A^ • 

aa:v 
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lia ^afc ^ rdboK «qu^ 

pora a A & b B. Maneant jam veloci- 
iipfimMB ^ ^ B eat<kf% qux 
(ueranc j ac ipfis ^^Sc^h gignendis 
prxcer ea^ qufie habebaac cenapora^ 
concedancur infuper ipfarutn a A & b B 
tcfnporai ica fi^ uc vdockas ipbi^- 
mtn ^^8c^b rcyfdopy » fentpro» 
ducaotttr nonc quidem eodein tem^ 
fOKj quo ^ A & ^ Bi» Qiiodii igU^ 
tur confiderentur ^hSc^B^ ut cottr 
ffatnies^ ac^a&^A, ut ape(cetice& . 
Jam crefcentcs 8c ^ A eodem ' 
ttmporc prodttcunairy&conftaates^b 
Si ^B itidem eodem tcmporei. Er- 
go ratia creicncis ^ a ad conftancena - 
2: bjXqualis eft rationi crefccntis 2; A 
adcoirflantem ^ B* q.c«d» ^ 

Rurfus, fiippoiiendo uc priiis, lati- 
onera 2: a ad 2; A as^iakm efle ratio- 
m ^ b ad ^ B: dico, ifivertendo eer^ 
minosscnc <pK)qi rationem ^ A ad ^ a 
aequalem radoni % Bad ^ bu Sioc 
enim ^ a & ^ conftantes, Sc^ A 
ft ^ B aefccnGes. Cilun^afe^b 
gignantur eodem tempore j & ^ A, 
^ B itidemcodem ccmpore : eric ^ 
dcfinitiohem, ratio ^ A ad 2: ^ «qw- 
lis racioni 2; B ad ^ b. 

rm/n , ft fit RW» 2; a ad^ 2: 
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xqualisraQoiu ^ bad ^ B *, eric etiatn 

'dividendo terminos ratio ^ a ad a A 
aqualisradoni^badbB. Sintenim 
conftantcs a A & 1>B j harum tempora 
funt xqualia, quippe qux reAant, com 
abaequalibus ipfanim 5: A & 2: B tem-* 
poribus auferuntur xqualia-tenaporai- 
p&him ^ a 8e ^ b : fed 8e crefoentiinii 
^ A & 2t B tempora funt aequalia 
£r^o feqincor per definitionem, quod 
ratio crefcentis ^ a,ad conftantem a A 
aeqnalis (ic ratiom acfcentis ^ b ad 
conAantem b B. 
• Qua.nr-, ii iit ratio ^ -a ad a A 
qualis radoni 2:' b ad b B j erit edam 
compontndo terminos, rario 2; A ad 
a A aqualis radoni ^ B>ad b B itcm 
rati® 5^ A nd 2; a aqualis radani 
ad^b; 



qnam radoni ^ B ad ^ b*, eric etiam 

con vertendo ratio a A ad 2; * *qualis' 
ladonibBadBb. 

Stxto ; fi fit rario ad a « «qua- 
]is radoni ad b jS j & porro-rado 
a« ad * A xqualjs ratiohi b jS ad /3 B 
crit etiam tx aquali ratio ^ a ad «t A" 
zqualis fationi ^ b ad $ Bir 

Qux qui^em omnia- demonftrancur 
<X-ip& tempomm xqudi^ite, nec nlr 
teriorem exjjdicadonem poAulanc. 




ratio 9; A ad 9: a a?- 

mi ^^^^ « 
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Diciairautemiib, de qua haAetiiis * 
egimus, rationum asiqualitas^ proportio-y 
tc iMgAitudines ip& radonum squali- 
tate affefta?, vocantur proportlonales.^ 
Verikm ad inteltigendam r^tiontm di^ 
flicatam^ vel triplicatam^ qujeqv hanc 
^uitur, figUKirum fmiUtiidimm 5 dcf 
fccndendum nunc efl: ad fihgularum 
magqitudinum gencfm) quo pado ni< 
mrutn Hnea reUa procreetur, angfh 
lu6 ri^ilinius^ nec non fuperficies pla*" 
atque in hac </rri^/i^, Sclineafer^ 
pendicularls , item figur^ trilater^ & 
quadrilatir^^ ttUidemq; /iW paraUeU^ 
%ifigmje fmilts xzmjflan^^ quam folidie. 
Itaqj^m ' 

Linea re5ia generamr^ chm pun- 
^um movetur ita, ut iingulorum vefti- 
giorum a fingulls elongationes cum ip-*' 
fi& linex incrementis park &ciant. 
' -d^ Vero magmtudines exiifdem^ 
principiiS) at^eeodem modo genita?, 
congruant inter fe ^ reda^ autemomnes 
generentur ex punfto, eodem illo, quo 
diximus^ modo : ide6q> omnes redae: * 
fibi mutuo congruunt. 
' C(w^riim autcmdicunturmagnitudi- 
nes, ciim, appHcatione fafta, fmgula 
fiunda uniusincidunt in totidem punifta 
alterius. Congruentia z\&emtum ^quaU-^ 
tate conpngimr, cum fmgula punfta 
UBtaBincidunt infingula pundaalterius.. 
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Prscterea, chm qusevis pars reftaj e- 
Q^em geDeretur axxks ^ & coui; 
ideoque, fi qa«vis duo punfta partis 
incidant in duo pun^codusiooiigrnenr 
& fin^la reliq^ia punfta partis totidem 
pundis totius» nec uUum jpards pun^* 
^um esdftet extra tota»« Quia, dum 
generatur reda, noa niii uno modo^ 
procedioir a puKto ad pimdiww 

Unde^tetj fi du^ redas diverik 
fibifflutiio oocurrant, easnonrfidfeiii^ 
fi in unico jDunfto convenire. (^x 
enim re^ in ploritns» i^ikamc^ 



ed eademreda* . 
Patetieem; ia parsrefta^ moveatur 



im ipiius veftigia legat^ non nifi ca»^ 
dem redain continuari* 

£t Q refia oonvertttur, iddeM ne 
axis fphsera?, atq-, inter convertendum 
duo quarais iUius pimda hxreaiit laa* 
vefiigio: nullum omnino reliquorum 
punaoramveidgioliioeKcede& Quia, 
nt diximus, per duo punAa non niii 
unica refta continuari potefL 
^ £t vidifim^ ii dicujus linea?, dimi 
eirca duo punda fixa convertitur» fin- 
^ih punda hamaiiu itto veC^^ iUsi 
Imea erit re^a. Nam fi aliquod ejus 
puodum diftaret ^ reda drca eadem 
pun^ converia^ fierc^ ut converfis 





ambabus^) 
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anriaabitt, revolutioidliiis x^^itibiMr 
& rynchronis» ipfum ptmdain diibias 
eatMcin fttnper fenrvet diftfladmir^ 
Gbm amba? lineae fitum inter fe eundem 
ferveac a idco^^ piui^umdiftiB^ quod 
initio revdutionis erat infra reftam,. 
pofl dimidiam revolut^emi^^viu^^^ 
pi^ Ec €kxxi peda rbcum non n%itet y 
oporteret^ ucpuu^m diflans Iooub 
niiica£fet^ qiiodiimeBr90T€fU£iohae^ 
rerc fupporueratiius^ 

l>^acKy jfi k liiiea r^a fiiniatur^ 
pun^m allquod^ ^uod ab ipfa di^re^ 
dkodo ddcribac amni redam k pribri^ 
diver(am ; tum generatur angulm re^li-' 
linfuiy qui mlui eft altiid^ quam dua-* 
nim reiftarum dhferfarum ad fe iavi^ 
oem itidiMde» 

Fado au«em oi^I^ reAtlaieo, (§ 
tertia quacdam ' reda moveauir fu|>er 
ambabiisangukimifiiwcipiei^ ioi^ 
ut tercia iila nunquam non £lringatam* 

ubicunqi tandem Mat tertia iHa linca, 
iki^ triangulum terminat re^ilineumi 
qua? eft ngqra plana tribus iftis leftir- 
iaclufa. . ..i 
Qpod ft^ ponro ia fiiperficie plana/ 
potiatiur^^ linea, alcero fuo 
extrenio ^atur, dumipfa^circamgY*^ 
rando in orbem, redeat ad fitum pri-^ 
&mmi figjan fic genenua in plancr* 



vocatur cinulus •, & linea, quam ejttre-»- 
ituim mobile defcribic, eft penpherU *, 
& punftum fixum eft «iafriM». . Catc- 
rom ex ipfa genefi innocefcit difFcren- • 
tia circuli fpedfic», «juae coiififtit m 
SEqualitace oinnium re^arum,a ^entro 
ad perifiiteriam edaftarum. 

Eft vero & alia circuli genefis, tjuam 
«ondpies, f\ kpidem fingas naturali 
defcenfu incidere in fta^num quietum. 
Etenim a pundof . ubi incidit lapis, 
tanquam centro, enucabitinfuperndc 
. fi^^ni circuluft quidam iaitio minimus, 
qui paulatim excurrcntibus undi^tfa- 
diis exaefcet in maximum. Ubi mc- 
mineris, mc in hac delineatk>ne uti 
hpide pro punfto, & fuperficie ftagni 
pro plana (licdt rcvera iit fphaerica) &- 
motu radiorum, quafi cffet asquabilis, 
bcet fortaffc incicatior fitinitioy & tar-' 
dior in fine. Neque aliicrfeciimtGco- 
wetrae, ciraa pcr figuras in cliarta vcl 
pulverc citaratas fubjidunt ocalis, qux 
meptc cpncipi volunc» 
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' Qubdfivcroduo lapides eodcmin- 
fhnti & inipetu incidant in duo diverfa 
ftagni punaa-,generabuntur duocirculi, 
c[uos xqualitcr crefccrc putemus. Hi 
fjbi mutuo occurrent primilm in punfto 
quod ab utriufq:; centro a & b acqua- 
liter diftat y cum radios a?qualiter cre- 
fcere ftatuamus. Poftquam vero fe 
mutuo attigerint ifli duo circuli, jam 
quoq-, incipient fe invicem fccare in • 
aliis fubinde atque aliis punftis, qux 
fediones tam fupraquam infraprimum 
contaftum excurrent in iineara, cujus 
fjngula punfta a centris circulorum x- 
cjualiter abfunt. Et dum pergunt cre- 
lcere circuli, tandem illorum periphe- 
nx (imul appellunt utraquc ad alteiius 

cen-- 
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cenartttni atque . tum ladii» con- 
tinuati a centris ad utramque fe- 
dionena, faciunt cum ea, qua^ cen* 
traconneftit, duo triangula «qirilatc- 
ra abd&abe, <}uofum^bafts com- 
nfninU cft a.b : lift^ irer5 ci3i ce^ \ 
primo coatadu c ad utriufqv trianguli 
apkesd 8t e «Ktei^, funtiticecrear- 
qualesi quippe arqualibus motibu^ at* 
^ue^odem ien^e genitx. / 

Sed &anguli quatuor circa c e- 
odem modo gaiiti, nimirum acdf. 
b c d, a c e, b c e, funt mtcr fe a-quales, 
£rgo inclinatio linea^ac ad lineam 
c A oqualis eft mcUnationi ipiius b c» 
ad c e > et porro linesj^ c 4 ad lincam 
«4ihiMiaatt^ >a?c^^ eft mdinatKitii 
H>fiusceadca. Qua igitur ex aequa**^ 
mm. incinadonibus <^ componuncur 
vergenti^^ nimirum linese a c ad c b 
per indinationes a c d & dcb, &li«* 
neaebc adca per inclinationes bc e 
& e c a iunc asqmales. £rgo radii 
contingentium a c & b c funt in dire*- 
Smdtii ic tc&a antra canniSiens ab 
cranik percontaAwn c 

Smt vero & c d & ce linea? jpro- 
pter esmdem nKbneiD iit dinSmntM 
ea^demque deprehendentur quoque ef- 
fe Yi^n^ ii tnan^iila bcd, bcc, fym 
pun Ais c fc item c & e, conver- 

taotur^ 4Qiicc iocidaBC in plaia oi^ 

angu- 
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angulorum acd, ac e* Nam angu- 
lus b c d congruet angulo a c d, item 
angulus b c e angulo a ce, & refta cb 
red:* c a. Ubi non folum punda d 
& e manent fuo loco, ut eratfuppo- 
(itum^ fed & qua^cunq-, alia in Imea 
de punfta a circulorum feftionibus 
genita fncrant, veluti K & 1, fmgula 
(uis veftigiis hxrcnt, dum triangula 
b c b cl, & reliqua fimul genita, 
convertuntur. Ergo, inquam, d c e 
eft linea refta, quae cum ad re^tam 
a c b xquales habeac inclinationes fi- 
ve angulos dca & dcb^ dicitur ob 
hoc perpmdiculariSj & anguli ipfi 
quales dca, dcb vocantur rf^J?/. 

Catcrum reda d c non tangit pc- 
ripherias cbntingentium circulorum 
nifi in unico punfto c. Nam quae- 
cunque magnitudines non polTunt ck 
iifdem principiis eodem modo pro- 
duci, ea? nec poirunt fibi mutuo con- 
gruere. Non polTunt autem circuli 
occurrentes in c, fe reftade eodem 
modo produci: quia rcfta cumacqua- 
libus inacmentis pares facit elongati- 
ones a punfto cj circuli vero con- 
tingcntes in fe redeunt. Ergo, rc- 
fta d e, & circuli contingentes noni 
poflunt fibi mutuo congruere. E- 
nimvero, fi vel in duobus pundis con^ 
gruerent, etiam tota longitudine con* 
gruerent. Ex 
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- Ex eadem porro fcaturigine manat^ 
ommum omnino triangnlorum ifofce-- 
lium pariter ac r^HanguhrHm genefis,'. 
omnium icem rhomhorum & parallelo-' 
grammorum re£langulorum , nec non- 
(ingulorum a fe^iones infeparabiles. 

Nam in ifofcelibus quidem una^ 
cum aequalihus lateribus generantur a?-^ 
quales anguli. In rhombis vero op-? 
pofita latera fe anguli fiunt a'quaIes.L 
In ref: angulis autem triangulis, qua-i-- 
le eft b c d, duo anguli acuti c b d). . 
& c d b fcmper aquipollent: uni refto.>^ 
Applicetur cnim trianguli ace hy-r 
potcnufa a e hypotenufa? d b triangu^* 
li^ dcbj componetur ex ambobus^' 
triangulis figura reftilinea b c d hJ . 
Et codemmodo cx triangulis acd 
&: bce componetur figura bcci.' 
Ciim vero d c^c e^hb, bi finta^qualesv/^ . 
kem d h^c b,e i xquales i& refta? d c^c ci 
in direftumfitxrpoteruntd & hpunc^a> 
xquaii motu defcendere5& fimul appel- ; - 
lere d quidem ad c, h vero ad b tumi 
linea d c congruet linea? c e, fe h b ipfi ; 
bi, & figura bcdh figura^bcci, &: 
angidus h d c angido b c e: & chm b c e • . 
fit reftusj erit & hd c reftus Sedi 
h d b xqualis efl ipfi cb d. Ergo c b di 
cum c db acquipoUet uni redo. q.f 
Ci d. Sunt ergo etiam figurarum re- 
.ftangularum, qualis eft bcdh, &Ia- 

tera 

- X • i • • " , 
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IntrodnUio bretfif. 

teira & anguli oppofiri iquales-, & di- 
ameter d b illas dividit in duas par- 
tes^quales. . .. 

Jam vero, chm i c faciat cum d c 
<luos angulos ice, icd duobus re- 

» ftis acquales j idem valebic in triangu* 
iis a ci & b c K eodem modo compo- 

. firis, & pcr defcenfuin aptatis ; idem 
quoque m omnibus aliis triangulis i 

' circulorum crefcentium feftionibus fi- 
mul produftis. Quapropter refta re- 

, fta^ infrftens femper facit duos angulos 
duobus redis sequales. 

RurfuSjcJkm aiterni d a b & a b e finc 
a^quales, & eorum complementa abf 
& bag itidem xqualia ; fequitur, quod 
inclinatio linea^ da ad ab, & hujus 
a bporro adb f, sequales fint inclinati- 
onibus ipfius cb ad ba, & hujus ba 
porro ad ag : quare a d non magis an- 
nuit ad b quam b e ad a g, nec a d 
produfta citios occurret b f produdse, 
quam be occurrat ipfi ag. Cum re- 
ro e b f & d a fint refta?, non pof- 
funt fibi mutuo bis occurrere : ergo 
ebf &dag nunquam concurrent, i- 
deoque vocantur Paraf/eU^ quarum af- 
feftio infcparabilis eflj quod habcant 
angulos alternos d a b & a b e xqua- 

' les." 

\s Figura? autem a d b e, &bcdh,pa- 
rallelis lincis contentz vocantur paral- 
klogramma. Poirunc 
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cunq*, affediones. £c pnoio (^doBf^ 
quod cuhirqvtYianguU tres ari^ «^ua- 

aqguU reiftai^uU tres anguU «quipol^ 
ioiic iusim «e&is, ^iniliimJiQQCiir 
«ngulum dividi pojrit in duo reftaiif- ^ 

guk* «qiHpfdlebunrttixii)^, 



«qu^leani; duorum reftanguloruni 
acutis} patec cuju^ frianguU us&mt 
gulM «quatiQ8cfllediiobus«^K, • v 

Patet quoquej ii trianguU aUcujus 
fingufo kiona xquafia Aigulis ito 

rius trianguU lateribus eciam angulos 
«OBgniere, ft efle «quales. Ndoi fi 
bafls unius applicetur bafi alteriut, Sc 
iatsrvallo unius lacais tnauguU»^ 
^uod Ut applicatio, defcribatur unus 

fwrcujus, ^ iAtervallo aimifi& aI* 
xar curQiIus; oportet, ut appUc^ti crtf 
anguU iacera iibi mutuo occuinmt 411 
^wBtiiHiit ciriailenim fa^Mw i i e. •<^uoi> 

niam omnes redx, qux ^quales func 
firiangidi api^ieaa-lueRibufi, mcMxmh 
tur in penpheria fui quasque circulij 
^uare noa pgiKtfit fibiiiuMuiatQPCurjie- 
re,nifi in commimicirculorum fedione, 
CQngcueocilxis auiie» kfieribus» uoa 
'^fioiiu^ «00 congruere.gQguU. 
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Sattt dovque) ci^ulque trianguli 

refta conneftens centra circulorum 
«Mdaginttbm&macw f]co liquet^ 
qupd fuper iila bafi conilicui pollit 
yiingpfcim cniiiiciiiiq} figuec Atquji 
iHa latera nunquam concurrere poniint 

ia 4iUo 4Nwdo, ^pud fit «itriq, 
pherix communC) cum non tangant le 
injplun^l^ndiS) c^muno. £r^o 
YCi io UUI16 oriKilim cireuli peri^ima 
ccHicunyiit, vei in neusrius* Si iii 












asquale ^eil dimidia^ baii, ac akerum 
«Mvus h ftip 4ifiibo fiiiittl smfora tsoci 
bafi. Sin in ncutrius peripheria con« 
ffirfanQvd ent pua^auxMMnirASis mi^ 
tra utrumq; ciroilum, & jam utmm- 
qye Jams ma)iis diiMdi& biUiv vel iiet 
occurfiis intra alterutrum a?qualium cir- 
xaikuuai, •& cumfoteruoc defaibi alii 
dflo -eifculi, ita uc imus tnMfint por 
puodum coQcurfias, aker veco eum 
tangat in aliquo pnndo bafeos $ atque 
lic erit illud ptmftum rurfus extra 
himc aitttum cuoihuii, cto nonm^ 
gant fe nifi in uno pundo. 

Quod ii Problemau fc<!}iari lubeat, 
habemus hic linex & anguli bifefti-. 
Qoem, ereftionem & demii^onem per« 
pendicularis, aiiguldnim aequalkim 8e 
lioearum paraUdafum ^kfcripcionein, 

qu« 



In Ceomtria» 

' qOi in Geomctria ueratnq*i p^iiiam \ 
- ciunt« '«Sed properaiidnin eftnobisad i 
finenu 

Interiffl tacendumiXMi eft, pofle 8e 

paraiielogramma & trianguia cu)u(cun- 
que generb oiam alio nmdo produd# 
Nam fi reda infiftat re^ perpendi- ! 
culariter, indpiatq^ moveri in tranfver^ 
fum, ita ut fingula e)us punfta a^uaU-^ 
terrecedanti priftinis veftigiisi de^ I 
fcribetur iftomotu parallelo^rammum 
redaiigulum. Nam apeK lineae in/R* 
ilenns, iliaeafubieAafemperaqnaIi«<' 
ter di(lat, ideoqi momfuoiineamde« . 
feribic pwrailelani. £c ad quemcunq: 
fitum pervenerit linea mota, femper ■ 
tota a^qualiter abeft aquovis relidorum 
veftigiorum , hoc eft, femper parallela 
manet primoterminoi unde exceflerac# ; 
- Quod fi jam tamundem promoveat in 
tanfverfum, i^^tum ipik longinidine 
poUet; fic quadratum: • fin plnS) vel 
minus ^ fit reiiangHlum alUm fam lon^ 
gius. 

Sin rcfta reda: infiftens non &dat 
quidem ac^ulum redum, anamenmo- 
tu fuo fingula punfta acqualicer prove-, 
liat, & untundem eKcurrat in latum, 
quantum ipfa longitudine pollet i fit 
Rhomb^: fin plus, vcl minusy jRhom* 
boidiu 

.Eodem modo, fi plana fuperficies, 

infi- 
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infiilens phnse, mav^tur ita, ut iin« 
gula ejus punfta xquafitcr procedantV- 
fit frifma. Ec fi figura infiilcns fic 
parallelogrammum i corpus, quodge- 
neratur, eft paralhUfi^edon^ hoc eft, 
parailelis fuperficiebus mclufum. 

Coni •& Cylindri genefin habetis -a- 
piid Eudidem, ubi mocu crianguli vd 
parallelogrammi, gyrante circa latus 
perpend^are, producuncur : neforce 
folivideamur motum ad generandas- 
magmcudines aocerfere. 

Poffunc vero & Conus & Cylinder 
alicer quoque produci ^ hic quidem, ii 
circulus mcrgamr in profundum; illc 
vero, fi incer mergendum a minimo 
concinub augeacurin maximum# 

Pe parallelogrammis, prifinatibus» 
.parallelepipedis^Cylindris unufflidem- 
que eft Theorema, quod fmt in eadem • 
ratione cum iineis, quas iingula punda^ 
dum generanmr ipfa^ magnitudines, 
mocu fuo defcribunc Id quod ex de« 
finitione sequalium latiomun manifc- 
ftum 

/Redeundo vero ad FiguramPrimatr!, 
{] pundum quoddam incipjiac moveri 
abAverfiis & fimulex movente 
excrefcac linea furfum, qua^ femper ad 
A ^ obcineat eiindem ai^lum, atq; 
incerea dum peryenic ad ipfa cre- 
icat ad aldmainem ^ B , ;am defcri- 

C betur 
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becur duplici iUo motu Apttficitfs 
.A^B, qu2C vocetur conftans, &cre- 
rcences iinc A ^ .A.a c ; Dico, cre- 
fcentcm kdLyzA. conftantem A 5; B 
habere dupUcatam rationm c)uSs quaair 
habet crcfcens A a ^ cotiftantcm 
A 9^ 5 ideo, quia eodem tempore bis 
crdat in radone A «^id A ^ y ewnim^ 
duaicrefcit in lojig^in in rationeAA 
4d A iinml e^ani crefcit in latum 
in ratione * ad B (qua^ eadera eft 
cum radone A«i ad A £o4em 
modo rdtio A a c ad A B duplicata 
«ft rauonis A aad 

Quod fi vero a fingulis linea^ cre- 
fcentis in altitudiocro 2: B veftigiis 
defcendant inter movendura toridem 
-paiallelogramma^ crcfcentia fimui in 
lamm & profundum j jam defcribemr 
meoi tramverro iflorum parallelograno- 
momm corpus fcHidum^ qiK)d voomir 
p^YomUw Oportec autem non modo 
']m<»m , qux creidt in altitudinem 
^ B, iaterea dura . movetMr, eundem 
femper ad A ^ angulnm obtinefe; 
fed & parallelogramma aefcenua eo- 
dem femper modo inclinari ad fiaper» 
ficiem A ^ B. Et quocunq; articufo 
>f)(latur mom&' pyramidis crefi^tisy 
femper habebit pyrarais fiflens ad con- 
ilaotem triplicatam rationm cjus^ 
^Suam bahet I^tu; fiftentis ad latus con* 

ilanos* 
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ftanris. Dico; pyramidem, cuius 
fummitas eft A * ad eam, cujus 
fummitas eft A ^ B effe in ratione li- 
nese A it ad A 2; ter reperita, Dum 
enim latus, movente punfto, crefcic 
in ratione A ct ad A 2: i ip^^ pyramis 
A it/y crefcit ter in eadem ratione, 
nimirum in longum in ratione A a ad 
A in latum in ratione^t >• ad 2: 
deniqi in profimdum in rationequa 
demerguntur parallelogramma. 

Figura^ autem, quse fic crelcunt in 
ratione duplicata, vel triplicata, vo- 
cantur (imiUs. 

Haftenus igitur derivavimus ortum 
magnitudiflum ex genuinis principiis, 
& ortarum affeftiones ex ipfa genefi 
demonftravimus. Quam methodum, fi, 
quibus vacat, perfequi fibuerit i habe- 
bimus aliquando Geometriara fcienti- 
am fuo momine dignam. 
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€ap. IV. De proporH' 

ofjibifs^ ^Hos EucUdes tri- 
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effe demotjftrut, 
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ta , contra ac fieri folet^ 
hifce non adjungo ^ fedk 
PrabkmaU^ r e ferva 
quod ilia^ ficuti frntprin" 
cipia praiiicay tantum i» 
Problematibm locum ba' 
bere ptttem: In Theorema' 
tibus enim non opus eft ea 
feienti^y qu£ lineas du^ 
cat 5 angulos^ circulos^ aut 
alias figuras efformets fed 
fatis eft, etiam Euclide 
approbante^ ea poffe effor^ 
mari^ eaque per intel/eSum 
efformata fuppponere. 

Atque h^c de ordine^ 
quoad demonftrandi mO' 
aum^ hunc in multis w 
num eundemque fervo^ C' 
"Hmque perbrevem : ne qu4& 
ex fe adeo difftcilia non 
fnnt^ multitudine < verbo' 

Q 4 rum- 



. /4 

« 

rnm Utcrarum^ intrh 
centHr^ idiioque nt multii 
opus fit in citandis defi- 
nitionihus aut pntpofiiio^f 
nihui jam a,nte demonfira- 
tij^ earufn numcrum^ ipfis 
capiiihm non ifiterrHmpo* 
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inter duo punAa poiita eft onmium' 
breviffima. ' 
4« Superficies eft longitudo & lan- 

tudo profundiratis expers. 

5. Snperficie^ plaba eflr; qua? inter 
dttas lineas reftds fefe fecantes pofi;a' 
dl otnnium brevifTima. 

Angulus efl, duarum linearum 
fe mutuo tangentium, alcerius ad alce<« 
ram inclinatio : lineam autem ad aliam 
iiiclinari dicimus, cujus pars una prae* 
altdrd ad aliam lineam accedit. 

7# Angulus reftilineus eft, quem 
condnent tinex red^v. curvi-liheus , 
quem curva^> nnxtus, qucm reda Sc' 

§• Angulus redus efl, quando liriea 
reda infiftens iineas tt^Ji:^ facitutrim*-' 
qye angulos squaks. 

C^5 \^ Obiu^ 
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2. Linea, eft longitu- 
do latitudinii cKpers. 



laeft. 




De Uudi te^Js* 



9. Obtufiis eft, qui tnaior efl redo. 

10. AcutusverO) c|uitninoj*«ft re^to» 

11. Parallelx luiex fuBC» qux ooa 
iodinaiitur ad fe tnuciid. 
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i^TpN Uabus lineis non eft fegtnen- - 
I ■ tunat iive par& aUqua utrique< 
communis. Inter duo punfta non con- 
iiftunt plures lineae re^x^ nec inter du- 



i, nifi coincidant. 



3. !Dux linex non inclinantur ad fe' 
ijnituo: quando earum una non ma^ 
qu^m altera veHus estdem psccem in- 
cUnatur ad aliquam tertiam. SicHti- 
dm bomines, tiHnqum afequentnr fefe 
mntuoi quando eorum unus, non magU 
Cfleriter quam elttr, per tdndm tfiam 
tjirrit ad mdem terminum- 

4. Qttae iibi nmtuo fuperimpcfiur' 
€9t]^ruunt, funt aequalia. Et vice versa, 
linese, &ex lu&e compoiiti anguli^. 
<sjii aequales funt, congruent, fi hajc ita . 
fibi mutuo imponantur, ut eorutD^ex- 
tremum unum, alcerius extremo jHp».- 

deaL^ 

Totom cft aajus fua partt, te: 





XVT XVXL XVUl 





Digitized by Google 



I 



r 



.1 



« « 



9 * 



4 » 



i • 



* 



Uneis retflf. ^ ^ 

SBfiile onnibiis fiiis ' pordbiis fyoA 

6. (^ eidemfuntzcpiali^ intiarfe 
funt a^qualia. 
7p fimt e^itHeni, air asq^ 

diitiidiaauc dupla , Tunt fibi invicem se« - 
9ua&u 

8. Si sequalibus addantur aut aufe-* 
fauttBT a^ua&ii nanem; aecjpBiij^ 

9. Si iniqualibusaddanturautaufc- • 
mitur Wf3jjxi3My maiient inas^nsdiatf 

% 

DE LINEIS 

» 

SESE SEGANTIBUS. 

THEOREMA L 

Sft0j MguUSf m uBoSi aut dmbtu Pfopofido ' 

Ye6lU a^u^USf fitri i ^»^^/» linsji Rndidis 
r«^Ar ^MrxAT Mii alMi injtjiit» 1 

SI reda A B confticerh fupier te- 
ftamCD. D/coanguIosCBA,ac 
A B D,x(fixik& eilfe duobus re&is : 
nim lii anguli non funt refti ; fint re^ti 
£BC, 8e £B fe4 his xquaiesfunt 
anguli bi tres EB C, ScEB A, &- 
ABD*;&histribus.aecpialesruncati^li ^Ax» 5»>. 
A<BC, & A3Dy utfote partes tod- 

itt* . .. 
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4 De Uneis re^fs* 

Jx. os } ergp & hi «qusdes fuBt duobu» 
' Ax» 6» redis *: qtpd erat demonftrandum. 

THEOREMA II. 
£• 14» fJnea» rt^am illam tffti qu/e cm alte- 

' ra. infffientey facit angulos^dm aut 
re&os, Mt dnobiis rt&is aqualeu- 



s 



I in lineam A B indderit altera 
C D, feceritque duos angulos 
C D A,&C D B, xquales duobus redist 
P/Volineam AD Befle re^bun : fi enim 
iUa redanon fit, fit refta A D F, erunt 
ergo anguU A D C, & C D E xquales 
^2J>. I. duobus-reftis fed & anguKrA D C, 

& C D B funt aequaies doobos redis, 
CK' hypothefi ergo hi duo anguli 
A D C, & C D B iimul fiimpti funt x- 
quales duobus angulis (imul fumptis 
.| Ax» d., AD C, & C D : ergo ablato commu- 

niADC, remanetCDB, aEqualisipfi 
C D £ atque iic erit pars xqualis to- 
^•Jxt a, quod eft impoffibile «, ergo linea 

A,D£ non t(k reda, ei^o A D.B^qyod 
erat demonltfandtta^ 



THEO«EMA III. 

£»£.15. Ang^los Jibi mutuo -ad imicem Qpfcftios 

aqH/des((fe, 



s 



li-eAae duxA B, CD, f^^tniitu6 
fecueriik in £. Dico Ai\gui6s 

4 J&C,, 
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Hmis re&ifi^ " 5 

AEC,&DEB, qui-fibi ad vcrticem 
Of^nimcur, incer fe clfezcpiales : quia 
anguli A E C, & C E B funt sequales 
duobusredis' '^; iimilicer anguli redi ^lh, r*. 
ixsat sequaks intpr fe % ergb hi duo * Ax» 2. 
anguli.iimulfumpti AEC, & CEB, 
(um; aequ^des angulis CEB, & BED 
fimul fiunptis abkco er^o communi ^ Ax* 6, 
, B £ C, remanem ai^b C EA, & 
6 E D mter fe aequales, quod aaciie- 
iftrandnmi 

§. II.' 



D E 

LINEIS PARALLELIS. 

THEOREMA IV. 

Parnllelas- eas iffelmas^ qna cum Imci ?• E. 28#» 

iuidmte faclnnt angulum 8xUrnm% 
' inttrno & oppofito aquaUm^ 

SI fuerinc ai^Ii, A BJC intenius, & 
. D C E^^externus & oppofitus, inter 
ie aequales. Vko Paralielas eilelineas 
A G, & DF: quia enim, ex hypo- 
thefianguli ABC^ & DC£ funt 
qualcs, non inclinabitur AB magis, 
quam iinea D C ad Hneam B C er- i Defi 
go per Axioma 3. lifica?'A B 8? D C 
flon inciinabuntur adicmutuo^ ^rgo 

per 



6 limh reSis. 

per DefiindoiMffl ii. enuic pturaUdae 
hx lineae, <gaod erat demonurandum» 



THEOREMA V. 
£. 27. ParalUlat^ tfft Umas^ qua cm liatti 

incidente faciunt duos angulos in» 
'ttmst Mttruatim ofpaJitoSf tequaUs 
inter fe, 

clan^us ABG iibiakemo BCF 
^ fuerit xqualis. Dko paralielas efle 
lineas AG, DF: quia ai^jidiis B C F 
utpote ad verticem aqualis efl: angulo 
fZlb.^. DCE % ergo angu&is DCEexter- 

nus , sequalis eft interno & oppofito 
^ Ax»6, ABC ergo parallelx fiinc lines 
t ^fe. 4» A G, D F • 5 quod erat demonfban-^ - 

dum. 

THEOREMA VL 
PtE. 28. Parallelas eas tfje lineasy qua cum linei - 

incidmtt facimt dms aagulos iater' 
nos ad eandem parttm oppofitos, aqiM* 
Its dmbus a^uUs rtiUs, 

cTduo anguli interni ABC » & DCB 
^ fiierinc dnobns redis xcfafiles. Bie$ 
parallelas efle lineaS A G, & D F : 
^iua anguli DCE, DCB fimtx- 
* ifc. I. quales duobus reftis'' , fed & anguli 
^ DCB, & ABC fiint aecpiales dup- 

^ busredisexbYPOthefi) 8comDesduo 
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De limis uSis» - f 



reAi fimt akpnles kiterfe % ergo hi * Ax* 2» 
duo anguU £ C D, D C B funt aequa» 
lesduoEnttangulis DCB, CBA^,ab- \Ax» 6* 
latoergo communi DCB, remanec 
ai^idus DCE extemiis «qualis in* 
terno & oppofico ABC, ideoque * • 7J>. 4. 

paraUds erunc haex A C, DF 9 
qiiod erac 4^mon(lrandunu 

THEOREMA VH. 
ParjUUlas inttr fe tas «ffe ■ iineaSt-qtkt P. £• go*^ 
paralUlte fant ad mam tertiamm 

cBfc AB, CD pandlelae ad unam 

^ tertiani £ F. Dico has iineas A B, 

9tCp paraUdas«pi09ieeife ioKrfe: . 

qqpniam enim hx ex hypodieii ^mc 

{Mvallelasad £F, ideoBon inclinan* 

tur ad E F * •, ergo nec ad hanc ma- » Def» i u< 

indinalMtiir AB quam C D^ fed 
quando duarum linearum una non ma- 
gjsindinatMT » quSten aicera ad unam 
tertiam, tum iUx non inclinantur ad 
mutuo'', ergo A B 8e CD non in^ }» jix» 3. 
clinantur ad fe mutuo, ergo Se inter fe 
paraUeke fiintS quod erac deaaoa- '^ugf, ii^ 



■ 1% •• 
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THEOREMA VIIT. 

P. E. i$» AngulUm externmy interM oppofhif 

(equalem ejfetqumdo Unea funt paral- 
' leUf in quas dlia, rt&it linta inciiit»' 

» 

Di^a angulumexteraum*-DCE, & 
inteniufn & oppoiitutn A B C intar fe 
aequales effe : fi enim xquales non fmci 
fitangulus XBC ^qualis cum anguio 
D C erit ergo linea L B parafiela 
ad iineam D C 9 i^d & ex fuppod- 
rioneeft linea A B parallela ad ean- 
dem lineam D C, ergo linea A B, 
^ Tit 7. & L B funt jparallete ad fe mutuo'* ; 

c&m tamen fefe mutuo fecent in B^iive 
quod idem eft inclinentnr ad (e nm- 
tuo i quod eft contra Definitioncm 
parallelaruffl ergo linea A B & DC 
faciunt angulos, externum & internum 
cppoiitum 9 zquales^ quod erat At^ 
monftrandum. 



THEOREMA IX- 
E« 29. Angulos almnos aquales ejfe 9 quundg 

linu funt paralUU^n ^iHas- alia n5la 
lima inciditm 

ci jparallelsB &crint linea? A^G, DF. 
^ Dico angulum A B C aeqi&lem 
angulo alterno B.CF^ quia angulus 

l^C 
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I>e lineis re&is. 9 

BC F eft-aiqualiB angulo B C £ % H^A ' 71!». 
hic eft asqualis ai^lo A B C ergo ^ 21?. 8. 
& hie angub ^temo BCF % quoid ^^x»6» 
erat demonilrandutn. 

THEOREMA X. 
Miulos dms intirnes ^eqmlts tjfi dnth Jf. £• 2p« 

bus reSlis^quando Uma funt parallel^y 
m quas aUil niiA linu incldit» 

m ' 

c I parallek fueriRt linex. Dico angu- 
los duos internoS) & oppomns 
A B C, D C B xquales effe duobus 
redis, quia duo angidi -DC £, ft 
D C B fimt acquales duobus reftis * Th, i.- 
fedanguk) DC£ eft asqualis anguliis 
. A B C S ergo anguhis A B C, & DCB « 7^. 8. 
.6x01 aequales duobus ro^ quod iAx»6,^ 
erat demonflrandum. 



CAPUT 

" D E 

TRI ANGULIS. 

• DEFINITIQNES* 



i^Clgura eft fpatium , quod aliquo 
^ ^ ' vd aliquibus tennuus claudi- 
twr. ^ 

ij. Fi- 
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ro De triatfguUs 

1 3. Figura trilatera , five triangu- 
Ittmeii» quod oribiis i«Mn6 comi^ 

14. Triangulum a^quilaterum, five 
ifopleurum eft, qtiod habec vfu latera 

a^qualia. 

! $• KbTceks iive «quicrurum efl 
triangulum , quod duo habet latera 
xcpialia. 

16; Scalenum triangulum ell, quod 
nuUa habet latera aquaiia. 

17* Rcdmgulum triangulum eft» 
^quod redum anguium habet. 

quDd obnifiim 











0 







t^. Oxygookun, qiiod CMBnes «n^ 
golos habet acutos. 

ao» EiralklogisHntiuia» » eft iiguia 
cpiadrilatera, cujus bina 0{^ofita lacerA 

. . f.l. 

DE TR.IANGUL,0 

SINGULARI. 

THEOREMA XI; 

B> E. 3 3. Anffdm %xUhi»m in trianeiih aquahm 

tjfe duobus internls & opfofitis, 

cl in triangulo A B C producatur 
^ lacu&aii^i^. Cj^ in D.. Dieo a» 

gulum 



gHan<BMR»n OAB sqi]alem«fle 

duobus iiuerais & <q)poi}ti& ABC». 
ft ftCA: <ki4Uiic<ciiiin «xA, ipfi 
B£ paralkla, eric angulus EADex-- 
terniMfMaBr{io& oppoiito BC A «qua- 
lis *, fiinilitcr erit angulus E A B, an- ' 71). 8i 
gulo alceroo A B C xqualis ^ , ergo 22>. 9«. 
totus DAB, eritangulo B&Caqua- 
lis V quod orac deoMXiiijnndun). 

TH£Oa£MA XIL 
(r« angnlos tfiangidiy aquaks P. E. 32*. 
ditobus tiiiis» 



1N flriaogulo qiiocsinque A B C. Vii» 
omiws tres «n^os •fiunptt»» 
dTe j&t^uaks duobus angulis redis. Snot 
enn aqguli B&C cqmla angul&. 

externo BAD% & angulus BAC<2^. ii. 



anguli, in jioc triangulo, xquales duo- 
\m aagulis D AB, & B A C, fed hi 
fint aqHales duobus rcdis \ ergo tres <» 2l». i» 
aaguli io crianguio aBqui^ <^iob|S 
reois % quod erat demomfaranduni. e ^x, 6» 



THEOREMA XIII. 
Duo latera ftmfir i» trita&Uo mjwd P* E* 20. ■ 
tft rtliqu», 

IN oniiatrianguioABC.. 0iti» dtto 
; latem A B> BC oiaiQra dle ter- 

tio' 
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12 l>e triaftgulh 

tio AC; qaia AC eft linca reddk 
ex hypothdi, ideoque ommum bre' 
l Vef, viffitna % qux cx punfto A iad C ducr 

pofTunc : ergo brevior lineis A B, & 
B C, quae ex pinjto A 9d pun^m C 
perveniunc, quod-era& demondian- 

THEOREMA XIY. 

f . £• 6» . jn trlangulo duo latiYj. (equalia tjjC'^ qu£ 

ieqMlis Mgidos fubtmdmt. 

4 1 intriwgulo angulus A B G/fic 
^ qualis angulo A C B. Dico & op- 
ponta lateca A A C intcr fe eUe 
aqualia : juppomtur etntfi totam tri- 
an^Ium inverti^ |ta ut angulus qui 
prritt «dftebatin X y jam^' angulo B 
refpondeat : congruet itaque angiilusi' 

\Ax.^. ACB, angulo ABC^ item^lineir 

BC fibi ij)fi, item latus BA laterr 
A C^ fi emm' poffibile iit, noo coi»- 
s gruat hoc , fed hu jus extremum cadaft 
iqlxa A> vel fijpra A, fctiket in er« 
go & reliquum trianguli latus cadet in 
DC, ergoangulus DCB erit niajor 

> Ax. $. quam A C B % crgo non sequalis, 

quemadmodum fupponebatur , non 
cadet ergo linea in Dj fed fimilicer de- 
monftrari potefl verticem trianguli iic 
ittverii non cafuroffl*infira A in pu» 
dam ergo nufquam cada niii in A^ 

crgo 
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ergo cric aeqoalis * A B, &AC^ quod ^^:^. $. 
crac deffloiiflnuidiun. 

THEQREMA XV. 
Uhos angdos tequales ejfe , qui ab ttqm" P* £• $• 

libus lateribits CubtenduntHr, 

in uno triangulo duo latera fuerinc 
^ xqualia A^ AC Diei angulos 
hifce oppofitos A B C, & A C B efle 
«quales : ii enim poilMe iic» fican- 
gulus aliquis A B C * tnajor angulo 
A C B| ^^e demictaoir B A in D, ita, 
uc.angulus DBC iic aequaUs angulo 
£ C B : eric ergo in criangulo B E C, 
latus B £ aequale laiieri £ CS fed ft^* 7^. ja, 
militer ex hypothefi B D, five B A ' 
cft xqualis jpii A C,ablatts ergo xqua- 
libus, reftat E D acqualis ipfi LAK^.Ax» 8. 
Sed rucfiisiiitriangulo AEB, duoja- 
tera A E, E B funt majora tertio B A 
fire D B ' : (hzc enim ex. hypochefi ' T&^ 13. 
funt xqualia) ablato ergo communi 
B.£ reftanc £A, ED inxqualia «^, ''^jif.^* 
cum tamen )amantehxc oftenfafint 
aequalia, quod eft abfurdum , unum 
refpedu ejufdem a^uale & inaequale 
cife.* ergo ai^uli- laceribus stpiaiibus 
oppofiti fuDC xcpiales, quod crac de- 
iDoiii|randum. - 

THEO- 



Dl 



r 



14 $9^ftg^Jps 

» * 

THEOREMA XVI. 
J?» Et iB. Majwm angulum in trUngiilo femper a 

majoulatm fubkndk 

N otnm triangulo^A]&G Dmtia.- 
. jus htus A B fubKndere inajorem 
angulum; fi enim ficri poffit;^ primo 
anguiu» € qtu zttMefaa, \mett fttbeen- 
ditur ajqaalis angulo A BC> erit ei|<& 
l Th* 14. &latu8 AB aequrieiilKM A*C*jqtt(l(t 

eft contra hypoihefiff ; fic ergp fi^- 
cundo «ngulus- € amot ip0» angultf^ 
ABC: quare inflexa fie B A in 
ita ttt angulus C B D xqui^fir mfff 
lo E C B i erit e;^o B E asquaris ipfi 
f 72;. 14. £C'r ablatis ergp B £ ex BD, it 

EC ex AC, remantc ED majus, 
* Ax, p. quam £ A \ fedcontra A£ & £ B 

funtfliajora, quam BA fiveBD }aly- 
lato ergo commtmi B £ remanet A £; 
^ Ax, majus quJlm E D % quod antea mimjs 

e0e oiienfum eft, qiR>d eft ab(ttrdum 
^argc» ma^ns latus' maiorefn angulnm' 
fiibtendit , quod ecat demonilratl^ 
"diiin* 

THEOH:BM^A' XVIK 
P. E» ip. ^ajus Ucus majorl aagido o^foni» 

» „ « 

I^N-triangulo A B C. Dito maiorem 
' angQltim B C A k nuijcfiri btere 

' BA 
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RiMifhfeh. 15 

B A fubtetidi : fi cnim pofllibile fit, fit 
latus AC, quod fubtendit angulum 
iniiiorem CBA, sequale : ergo erit 
angulus AEC.je<)uaIisan^o ACB'', <ix^. 
quodeft contia hypothtm. 

Sit ergo fecundo, fi ficri poffit, la- 
tus A C quod &beetidirangulum A B C 
niajus .* inflexum fit igitur hoc latus ia 
I>, quoHfi]ue D C B angolus fic «qua- 
lis ipfi C B E, erit ob xqualiratem an- 
gMiorum £ C aqualis ^fi « 7h. 14. 

go reliquum D E erit majus quam 
E A *, & nirOis quia A E, £ C fiuit ^ . o, 
tnS^ra quam A C, id eft, C D : ab- 
kto communi £ Q erit A £ niajus 
qn^ ED, quod tamenante minus 
effe oftenfum fuit j ergo major at^u- 
]us B C A non ab asquali, aut minori , 
fed a majori latere' B A rubcenditur» 
quoddsrdemonnraQjiuffl. 
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i£ De triangHlis 



II. 

D£ DUOBUS 
"TRIANGULIS COMPARATiS 

INTER SE. 

THEOREMA XVIU. 

iP.E* 8* AngHlos onmts ^equalis effe ia duobus 

triangulisy quando in his omnia la- 
^tvtOi faigula finguUs fiint*qMlia» 

cl fuerint duo triangub A B-C & 
^ D E F, qux habeant omnia latera, 
fingula iingulis aequalia. Vico & hasc 
lu^Fe angulos aequales, qui xqualilws 
lineis continentur : imponatur drim 

-* Ax*A» ^ ^ ^ congruant % ca- 

det vertex trianguU ' E in punSum B, 
ii enim fccus fieri poflit, cadat ille pri- 
fn6 in hmis B C in G ; eric ei^o latus 
GC a:<;^uale lateri CB ex hypoth. 

* Ax» S» P*^ ^***» ^ ahfiffdum ergo 

non cadet vertex trianguli in latus 
BC. . 

■Cidat 2. fi fieri poflit vertex alteri- 
ns trianguU in H i eruncergoAB,BG 

• jrf?. I g. majora quam A G % ergo addito com- 
^ ^ Ax* 8. «nuni GC, erunc"* A B , B C majora 

quim AG,GC,fed fimiliter AQ,GC funt 

tnajora 



majora qu^m A H, H C j ergo edam 
AB, J^Q f(HKiiiajon.qu^AH,NG» 
id eft E D, E F, quod eft .contra hy- 
podierui. i ■ " ' 

Cadat 9. fi fieri poflic .vereex aiee- 
rius tria^ili in L, erunt linex G B, 
GA n^^oiefi qu^A-B, id dtAL, 
^hto eigoconimuni AG, remanec 
BG major, qi:^ G.L %.inrfi]&G L < /ix, 4, 
& GC func majores.LC, ideil BCt . 
ablato ergp GoinniiiBi^G C xeamxt 
G L major qu^m G B j qua; tafflcn' 
nunor jam ante ofienfii eil : ergo pun- 
^m £ alcerius trianguli neceflario 
cadec in B, ideoque linea E D, & £ F 
cofig?t]Beccimi A- B 8c B C% omnefi{; a jx,±^ 
aoguli: erjgo & enint xquaies, qui' 
aeqiialibus tinds oomiiiditiir, quod«iac 
demonilraadum. 

THEOREMA XIX. 
J» duobiu triangulisj omnU tffe sqiuL» £• 4* 

lia^ quando in hifce ^eqitalia fmt du9 
lateroy & miu anguliUy qmm btee loi' 
tm eontinent. 



elt ai^ulus A xquafis angolo B, ft 
latera ipfos angulos concinentia ae- 
qnalia : Dic» & befin DC, 8e £F 
xquales efle : icemque at^os, qui ad 
unamquebafin fiint : fupponanir enim 
iraponi angulus A, angnlo B, ille cum 

D \ioc 



« 
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hoC) quia aqualisell:, 4jiri(|iie congriH 
^ Ax. 4. ctJi Jteftifcandem ob cdftfam^c^gru-^ 

etliiiea cum BE, &JibMAC,: 
^ Ax. 4. cum B F ^ i ergo & bafis D C dum 

bafi: E F congruet, iiiter duo cmm 
punfta iionconfiftuiKdiusBlineae re^te, 
^ ^AT. I. nifi coincidant ^ ; ergo^ & oongruents 
f ^^. 4. & cmit 2t<iuales % quod epat ^itm- 
. loco demonOiaftdiim. i2>dn(te fi linear^ 
omi«s: tcMcidant^ &congruant^ uti- 
que & ai^uli coincident quo hx linea? 
cpnci wnt : fciliccx af^t^ D cm\ an^ 
galo:% & angwhas C cch¥) ^flgulo V j 
^ qu'ia latcr QaiKicm lineas <Joo an^uli 

^ ^x. I . plafti non confiftunt, i^ifi ooincidant ^ v 
^j^^ 4. ^ ergo & congrneht, & crunt a^quales * ^ 
' quod erat fecundo loco ^emonftra»^ 
dum. 

THEOREMA XX. 

^P. £• 2$. Angulum. hmm tff-e mafai^m-in uno tYi- 

anguh^ quanda in hoc mMi* lioM 

Cl latera A B, A C fberilit aeqtolia 
ipfis ED, D F, fueritque latus 
B C ma^iiSi opiim £f . Di^i^^tiguhim 
A efTe majorens^ angido : ii 

eniiti poffibile fit^ tion fit hic ^ngQlus 
ffjijor j fcd fit uterque xqualii^ 
* lo* '^wit l^ws BC;, aEquafe laicri E F^r 

.angi^us 
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angulus E D F non erit sequalis anguio 
A,quod erat primo demonftrandum.Sn: 
er^o 2. fi ficri poflic, angulus E D K, 
qui ^ minori latere fubtenditur , ma^ 
jor : proindeque fi angulus B A C fu- 
perimponatur angulo E D F, ita ut 
linea A C linea? D F refpondeat, ca- 
^det latus A B in lineam D G 5 quia 
ergo latera D H, H E funt majora, 
quam D E, id eft, D G ^ ablato ergo b jj^^ 
communi D H rcmanet E H , majus 
qu^m H G, rurfus G H, H F fiint 
nrajora quam G F, ergo multo ma- 
jora qu^m E F fquia G F, fiveBC 
fupponitur major quam E F) ablato 
ergo communi A F, remanet H C ma- 
jas quam H E "^, quod ante refpeftu c ^ 
ejufdem minus oflenfum efl: elTe, quod 
c(l abfurdum, ergo angulus E D F ne- 
que major, neque xqualis : fed minor 
eft, quam ai^ulus A, quod erat de- 
monftrandum. 

■ 

THEOREMA XXL 

LatHs mum^ fjj-e majus in trianiuh^ 
' quairdi^ m hoc unns anguUs majoY efi 
quam in attew* 

QTtanguius A raajor angulo D, & lai 
^ tera B A, A C, fe G D. D F an- 
gnlufn utrumque contincntia a^qudia : 
Dico imxs BC eflfe majus, qiKkm G F : 

D a fin 
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ao DetrianguUs 

lin mkius; fic G.F inaiu& ijpfo 
ergo & aiigulus D major erit angulo 
\Th»io* A% quod dl contra hypotheiio. Sk 

crgo, fi iicn poflfit, latus G F aeqnak 
lated £ C : emat ergo an^ D, St 
.^TiiwiS* . A 2fiules^ quod cft fiiniliKr ooocni 

hypothefin; ergo latus BC ma^ 
cft, <]dkm GF, quod crat dMQMh 
ilrandum. 

THEOREMA XXII. 
£t i5« Omu anguUs^ & Utera duobus ttU 

dngulis aqualia efjcy quando in his 
' mum latus^ & duo anguli buic latiri 
adjacentes aquales funt^ 

9 

cl dub triai^nla mmm iatiis A C,DF 

& duos angulos noto lateri ad)a- 
ccotcs.A,jSe D, iimiliterqj C, 8e GF D 
«quales habuerinc: Dko haberc & re- 
liqua latera, & angulbs x^es. Im- 
poni enim fupponatur A C, ipfi D F, 

* Ax» 4. nxc congruenr, quia sequalia' ; fimili- 

ter & angulus A congruet an^o D, 

'^Jx^Am & angulus C angulo G FD''.* igitur St 

|3unaumB punAoG; finmitttts; ca* 
dat hoc, fi neri poiTit, fupra vel infra 
in pun{tum'£, ergo cadct & rcliqniini 
lams B C, quod hoc pun^to termina--- 
tur in lineam £ F, crgo extralineam 
G F, ergo angulus E F D, id eft, C, 

t Ax, $« sMjfx cnc aniMlo G# D % quod cH 

contra 
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contra hypothefin. Simiiiter oflende^ 
tnr tliinor^ ii caderc dicatur vertex B 
infra pun^im G in punftum H. CJuare 
nufijjiiam cadere poMl vertcx hic 
nifi m pundum G, ergo omnia latera 
coincidenc, itemque aoguli^, crgo & ^Ax* 
congruent, & erunt sequales^, quod ^Ax^^ 
crat demonftrandum* 

THEOREMA XXIII. 
Omnn angtdos^ & latera in dmbus tfi' £, 26^ 

anguUs iequalia cffe^ qnando in his 
unm latks^ & duo angnli huic la^ 
teri ambo non adjacenUSy ^qnalia- 

cr in triangulis AB C, & D E F fue- 
^ riclanis A B xquale latcri D £, &: 
angulus A &D, item C 8c DF£ 
quales: D/rd & reliqaa lacera anjualia ' 
cfle i fuperimporitum fit enim A B 
ip(i D & angulus A angulo D, Iisec 
quia aqualia funt, congruunt % ergo & » Ax* 4* 
latus reliquum B C cum ipfo latere 
E F ; (in miniis, cadet citra vel ultra 
lineam E F : cadat ergo, fi fieri pof- 
iit, in G, erit angulus D G E sequalis 
angulo DFE^, externus intcrno^ ^Exhyp^: 
q^wd eft comra Th. 1 1* idenK)ue ac* 
cidet, fi cadere perhibeantur inH,er-^ . 
go nuiqpam cadet niii in F, ergo ori- . 
angulum ABC totum coincidet cum 

D 3 triangulo 
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23r De trmu^kht 

& jtfi M» onwAws axy ia k mt*', vpoik 
erat demooiUaQidttiiu 



THEOREMA XXIV. 
Omts angidaSi & Liim *» Mm trU 
aniMlis iffe ^equdia, qunio in his 
duo alialatera , & boiem tmi 
tus angtduSf &- alii im^i tjufdtm' 
fpecieifimt» 

cl duo triangula A B C, F D £ ha^ 
bnennc £o Jateni BA> AC & 
D F, F £ xqualia & angukm B an- 
gulo D: infuper ii angulus C, & 9£JF 
fiierinc ejufdem fpeciei, ideft, ambo' 
funtobtii£, .vel redi, vd dcmi^ iPM», 
8e reiiqit cqn^ia 4^ x fuppoMinr 
enitn impooi iatiis A B iatori D F, & 
anguhtt B, angul» D s htc^sa «p^ 
* Ax* 4» lia ex hypothen , mqne ooogrueBt % 

cwiddetei^o laQis BC laiaiys D£». 
ie pim^um C cadet in punAum £ ^ iin . 
nanuscadatiHddinG) ergp relicpiuai 
latus AC cadecinFGj quiaveroex 
hypothefi A C, & F E funt xquaiia* 
orunc quoque zqualia F G, & F £, er- • 

Itb» i$» £P & G & FEG<'; fed ex 

nyDori^ angulus Q ^ obti^ vd 
reeius, ec^ & alter : ergp in trian- 
gulo iCBenencur dno angiili, qui te- 
sU]9bo.obcuiivdf€&ii ei^ tres angttU 

cii^deni.. 
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«jtifdciB triat^^oli erutttrtfljoRSidh©- 

ibittiS SHRilfttr «fdm pofiti&ol^ ! 7&. I3# 

dctnr utcumqiie <aQg^iiHiiXj^ & G £ F 

«c hypothcfi eft aequafe angiilo ei> 
go&angulo G iinea F& ^ Ax.S.' 

iticidens in lineam D G facic utrimque 
duos aBgolos ^mes» id eft^ miaores 
duobiis redis^ quod eft coRtra deoion- 

dectiifi iQ E, }de6qiie ommaccngra- 

ent & erunt <ie(]^alia V 9iod' erat de- f Ax* ^ 

T«EOR£ifA XXT. 

vMipuHU tffBtriaaguiay qua Jiutt ptfer ^•K^yj, 

■ mimwi^ mm^tfitim far$Mtkt» 

cl inter paraUdas A fi» CD lu«nK 
^ dtto tyiangula CAE, & CBEfu. 
fnr cadoia bali C E t Diso dua h«c. 
triai^tda zqualia eiTe : dii^a Ht ctam 
Ei¥, ScBD paraUeia ad C aic 
triangnliiui C A anpiak- triangnb 
A F £ 6, quia linea A £ eft coam»t' s 22« 
Bb, &aiigu]i CAE, &X>EA fimt 
scquales angulis F£ A & E A F : «> Tjj, g, 
iimiliterobeandemradoneni triangu- ' 
hm £ B D efl xquale tnangulo £ F B, 
ergo duo triangula C A £, & £ B D. 
effiduDt dimidium cocius parallelo- 

D 4r V gjcamnu • 
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a4 De triMftgulis 

grammi CABD, crgo triangulura 
CBD, iire qsod idem tft trianguViti 
CBE&EBDeft sequale triangulit 

^Ax.^^ £BD, & CA£% ei^ abbco cooi^ 

tnuni triangulo E B D remanet trian* 

l Ax. 8« guluin C £ £ a^uale triangulo CA£ \ 

quod erat demonilrandum* 

TH£OR£MA XXVL 

f • £• 39* Parallelas effe lineasy inter quas fuper 

eaekm bafi ixifimt tmnguta eeqMi^ 
Ua. 



• 

• 



y duo triangula AEC, & CBE 
fuerinc squaiia, & fuper eadem 
bafi. Vico . & lineam A B line« C E 
, effe paralklam, ii enim non iic, fie 
illa A & producatur C B, doncc 
concurrat cumiliainF, erit triangu- 

• T\i.2$. kim A£C aequide ipfi CF£% fed 

huic a^quale eA etiam criangulum CBE 
(ex hyp.) ergo triati^um C B £ eft 

^Ax^6. ae^Hde E F C pars toti, quod eft 

coBtra Ax. $. ergo non miea A F fed 
linea A B e(l parallela id C E^ quod 
erac dem(»ftrandimw 



THEa 
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THEOREMA XXVIL 
v^quaiia tffe triangula^ qua funt fuptr P. E# jB* 
iequaii bAfiinter eafdem paraUelai. 

INter parallelas A B, C D fint dua 
triangula CAE & DHG, quo« 
rum bafes CE & DG fint xquales* 
Dico etiara trkngula inter fe asqittiia 
efie. Duci enim fupponatur C B pa- 
rallela ad D H, icem lioea B D,; quia 
ergo duo triangula B C D, & js H D 
ha^nt latus unum fcilicec B D com- 
inuoe ft angnlos ad baftn aequsdes, an- ^ 
gulum fcilicet H B D xqualem fibi al* 
temo DBC, itrffl angulnm BDH 
libi alterno D BC % erunt in hifce tri- ^ Tfc. p. 
angulis omnia a^alia ^ ergo & linea 7h. 22^ ^ 
C B ipfi D ergc ttijm triangulum* 
CB £9 cft aquale triangulo H D G S ^ 76. i^^ - 
Sunt enim in hifcc triangulis duo late- * 
ra & angulus hifce contentus» a^qualia : 
latus nempe D G 8c C E ex hypo- 
thcfi i latus yero C B & D H ut jam 
probatmn eft ; & angulus . B C E^ & 
HDG, ex coiirtruftione i ergotrian- 
golum D H G, ut )am dixi; tu a?quale 
triangulo E B C, & hoc efl: aeqwale 
triangulo EAC^^, ergo trianguium '^Th. zf^ 
DHG eidem EAC a^quale eft%«^;^.d^ 
mK>d erat demonftranduou 

» 5 THEO^ 
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26 tr ias^uUi 

P» ^ 40*. T H E O R E M A XXV TII. 

PuralUlas effe ImaSf inur qmjitftr 
aquali bajt txi^unt trlaniula aquor ~ 
lia» 

* 

clflt duo triaogula C A £, D H G > 
*^ «qu^a, hsibeattt(]ue in eadem TSf 
iwl CGbafes CE, DG zquales:. 
Dicolmima A H quae eonm verac» . 

conocftic ad lineam C G parallelatn 
efik) enim illa paraUeto Qoa fic» fiC'^ 
parallela, fi fieri poflit, AL i criter- 
gp triaogulum D L G x<|uale tmogft- - 

^ib, 2$^ jo CAE^ fcd eidem^ex hypodteiV 

aa^uale eil triangulum D H G ergo ^ 
trialigulam D H G aeqoale eft triango- 

6 W^^«r D L C s pars tpci» quod eft abfur- 

cbim t noaergo linea A L, fed AH ^ 
efi parallela ad. C G,, qyod tnt j^ 

nie Bfl TiBdBBh- • 
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III. 

APPENDIX. 

]>£ 

THEQflEMA XXIX* 
di kijanmy & tfio^A Utm hA- 

glt parailelogranum dknwiv A^ 
D/fotrian^um ABC aequale efle 
mangnlo ADC: quia emm oppofita 
latera funt parallela ' , erit angulus » Dff. iQi- - 
A C D xquaiis angulo alteFno O A B'', b jji, 
hemangnlns C AD sqoalisfibialter' " 
no AC B, Selatus AC eftcommune^ 
cnb trianguhim nnnm atoi xqiiale<. 
e^ & latus AB lat^ri D C, & laQje^ 
B C lateri A D% qupd erar demgii- * tb^ 7^ 
(Iraodum.' ' 



4 "■ 
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28 De circulo* 

« 

THEOREMA XXX. 
P. E. 35, tj£quaUA tjjt paraUtlogramma fi^tr ta- 
g5* atm aut aqnali ba^ & i^tex eajdm 

paralklas» 

clnc duo parallel(^rafntna. A B.C D, 
ft B£ F C iiipcr aequali, auc ca- 

dem \aCi9 & inter eafdem paralklas» 

Dic$ hsc 2qua&i effe: qua coniin di- 
^'ib, 19. niidia funt triangula ABC & EBC' 
' ih, 95. ^ iuec fiintxqualia*, erg6& sequalia 

funt parandogramma ,„ qux funt eo- 
' Ax» n, dupiiaa (yod erar demon- 

^ ftnmdum. 



GAPU.X ffl. 

CIRCULOi 



PSPINITIONES. 



2t. Irculus cft figura pkna fuB 
una tinea comprdioifa^ ^pue 
feriphcria appcUatur, ad quam ab vmor 
punao earum) <pix intra figiiram.runc 
fofi»> adentes se&e linae ottne» 
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De circulo. 

fimt inter fe xquales ; atqae hoc pun« 
ftum centrum dicitur. 

aa. Diamecer drcuii eft ttStz qua;* 
dam Knea per centrum duda ex uara- 
t]ue parce in circuli peripheria termi^ 
nata, qua? circulum bifanam dividit. 
- aj« Semicirculus eft figura, qua:^ 
contiiietwr fiib diametro^ &femi*peri- 
pheria# 

2\. Segmemum circuli eft figunr 
fub re^a linea, & parce aiiqua ped^ 
pheria? contenta. 

2$. /Equales circuli funt, quorum 
diametri, feu femidiametri inter fe 
funt a^uales. 

26. Circuli leie mutuo tangere di« 
cimtur, qui, cum fefe tangant tantiimv 
non fecant. 

a?. Refta linea tangere circulum 
dicitur,qux, ciim circulumtang^t, pro» 
duAa tamcf^^ciraiium non (ecat# 

28. Angulus in peri^ria circuli 
terminatus, infiftere dicitur iHi pard 
peripheria?, qua^ illum angulum (vb^ 
tencUb 

• 29. Angulus fegmenti eft is, qui ex^ 
peripheria^ parte , & linea reda eant- 
defti fecante componitur. 

^o. In fegmenco didtur eire angu-' 
fus, qin fit i Ikieis, qui cx angulis feg-; 
mcnci in ali^j^uo pun&o ejufdem feg- 
nenBcoaveuiint» 

.3,1. An- 



91. Angulus condi^^ <ft iHc; 
qiu fic ^ linea rc^ livc oini» aa? 
geoce, & drculi cwcinnfeNWn* 

92. Se^tor circuli eft fignra, qa» fib 

* a duabus ck>oiib ioiiMbmieiri^ 

<m peripherix poftie» ^ungukun eun< 

detn rubtnMkpe* 

3^ la circulo ae^ialitcr diftare 1 

centro re£tat lineaedicuntur, cinm per* . 
pendiculares, quae ^ cenoro in ipfa$ d«* • 
' cumur,. fiiBt wHdef» 

DE 

CENTRO CIRCULt:. 

THEOREMA XXXI. 
E, t,Uz^jUmiil»sri&9s ficarilmam tk alla. - 

bffariam dividit» 

SI in drailo ABC qpaedam linea - 
BD per oentrufli £ exten&» al»un \ 
A C non per centrum cxtenfem bife- 
riamin D fecet; D#w«igulos ADK 
8^ C D £ eHe teftos ; conjunftum w ' 
caim puna»» A ceatro £, fmiiliter 
& punftum C: crunt trianguli AD^S- - 
laterai xqualia laterjbus triangub CD^ < 
cuda D £. cft.o)mfflM > A D eft^ 
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De circuU* 

xquatisipfi C D, ex hypocbb flc AE 
ififi C £ per defin. circidi } erg9 fle 
omnes «^uU Tunt xquales ' » eigo * 72'* 18?. 
inarqHe aDgulw M 0* ei|6iiterque 

THEOREMA XXXIL 
Biftria» fimi U^w»* fi Imeak sUa P« £, ^ 

p»" ctntrm trAnftwUi ad anguki- rt" - 
fecetur» 

c I Uneii B U xaaHait per cenmitv- 



D/V0 A P ipA C D xqualem efTe* 

Quia cnn^. AD.£ & CD£ h»> 

bent duoktera, & unutn angulum ad- • 
XKXoictii seqHpliii ; fi^imguhuoad D» 
^latera A£ & D£ lateribus C£ 
fti D £, crgo reliqua futt «qt^ % ! Zl^* a4*i 
ergo & A D ipfi CD scpiale erift 

TH£OR£MA XXXIIL 
JlUm liMtm ttsnjrrt pa^tMmmt qiut- 

alim KQH per centrum extenfam bifa^ - 

Clfe^ ali»n CD:0QB per 
^ ccntrum cxtenlam ad angulos re« > 

£tQt, Si hifiriam fecft^ D^tf« WiMlfitll'^ 

mn peronMnmw 8i«oii,tnn^ 

icac. aUit^ £.peiL cetuxuin» Oift aa* 

grfu».« 
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Z>e circulo» 

guIusDBE cftreftas*, & ABD 



eft vedtts ex hyp. ergo D B £ & 
• Ax* 2, A B D funt «quales % pars tod, quod 
t Ax» 5* eft ablurdutn'', ergp cranfibit A B per 

centrum, quod erat demonftrffldum* • 



P. & Ctntrum occupari ab lUo pun5lo ^ dquo 

in cimlo fittfu linne re&€ , qu^ 
dua, ducmtur aqualts* 

Cl ^ pundo A du^ fint ad periphe- 
riamreda; AB, AC, AD, inter 
fe xquaAes. D/Vo punftum A effe ccn- 
trum circuli : junaa enim (intlineis re- 
dis punda B, C, D, & divi&e fimt li. 
neae iBC,C D bi&riam in £& F, ha- 
bebam msnff^ AB £ Bc A C £ 
omnia latera xqualia : A B quidem 
ipii A C, cx hyp. B£ Ipfi C£ ex 
conftruft. A E eft communis utri- 
que, ergo & omnes angulos habebunt 
* atquales %ergo angulus uterque ad £ 



eft redus, ergo in linea A E conft- 
ftit «entmm dradi *> < led 6milite& 
probabinir uterquie an^his ad F re- 
Aus,& in linea AF oonfiftere ttntmm>. . 
cum crgo linea» A E , A F habeant 
(mram, habd>uQt iUud in A, quod 
Utrique commune eft , eiqgo puhftum' 

. A.eft.centrum cireidi 9 ^iodeRurde-; 
monftrandunk. . 



TH£aR£MA XXXm 
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THEOREMA XXXV. 
Duas Uneas non ficare fefe mutuo Hfa^- P.E. 4^ 
riam y qute per ciuki centmm nm 
tranfeunt. 

elm drcnlo ABCD fe mutuo 

^ cent in E dua? re<a« A C & B D 
Bon per centrum exteniae* Dico illas 
' (cfe non fecare bifariam : a punfto e- 
nim interfedionis E ad centrum F 
dn^ iit linca £ F ; ii itaque fefe hv- 
fariam fecare dicantur in E, erit angu- 
]i» C £ F TtSto&^ i fiflitliiter & angu- ^ T!\o. ^l^ 
Iks D E F per idem theor. ergo an- 
guli' C£ F & D £ F enint inter fe 
aquales**, pars toti, quod eft abfur- ^Jx. 2. 
4xxmS ergo linex AC & BD non lAx.^ 
fecant fe bifariam, quod erat dembn- ^ 
ifacandanu 

tHEORE.M^A XXXVI; ^ 
Limarum^ qua i pun6lo aliquo in circu^ ?•£# Ip* 

lo ad perif^hpriam ducuntur j maxi* 
mam effe illam qu£ per centrum tran* 
& huic viciniorem remotiore ma^ 
jorem effe. 

cIJpundoA percencnimB duda 
^^^tlinea ABC ad peripheriam; 
deinde duda? iint alix non per cen- 
trum^ fi& A D & A £• Dico u line-- 

am 
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^4 ^im^ 

am A B C omnium efie maximam ; 

quia A B, B D 4i9t tryiiares quam 
" ig. AD*i fed ipfi B D eft SB^ialisRC^ 
^ £)(/. 21. ergo A S, C Auk soi^res ^nr 

A D. 

£>i<:0 2. lineam A D viciniorem 
comiMtjiMieine^, quiM A£,>qH0» 
cil f emQtior* Si emm fifiri poific, fit 
AD aitniter, «ttCoqMiiis: quia«r*> 
*2t».i3v goAF, FE majores funcquam AE % 

QrnHC «atm \m «m^cnks A.Di 

ergo ablato commiini- A F, remanet 

BF, FD foot majcMres, qu^m BD» 
ci|o8cflaa^QVttqiitok (quia BO 
*Pf/^3i. B£ funcxqu^es £ erg& ablato 

E F, quo ante minor efle o(kn- 
ddgitiir, quod eft ib&rdum. Eii^ 
linea A B C eft maxinu, A D twr6 
vidnior cencro ma)or,qtiam A £» quod 
ccttikiBOQlbrandttv 



J^. II. 
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^ H. 

DE 

PUNCTIS 
EXTRA CIRCULUM. 

THEOREMA XXXYIL 

lint4f»m , qike ^ pun^o aliqM extra P. E. 81 
cmadm 4i. ftrjtiilttriam tavam dih 
xmm, maximm </^, quf ftr «w- 
tfMm tTMfit, & biuc vieinimmTi' 
mttiw majitmtffiu 

^ culufn pofito per cenmini dudbi iK» 
jMm I. .ilHm ocaatiMi tS6t mmBma, 
qna A C & CD, ii?£ BC, fattCSM- 

Sictf 2. Hncatn A D , qu2c vidiHor " 
tSt oqiao» na^orem efiie qiimi A £» 
^ enini non fit, iit A D xqualis, auc 
ininor/juito A £ ; erunc AF & £ F 
nn^ores, qu^n A £ ^ ergo 8c qu<tni * jl^, 1 2« 
A D9 ablata ergo comnumi A F, re- 
iWMict £ F inapr, qu^ DF. M 
rurfus C F, D F fiiot maicMPes, ^u^ 
C D % dvc C £, ergo tbhm com-* 7t>. 19», 
nuini C F, remanec D F major quam . 
£ F« quo aoK ainor cfie oAeodelMi- • 

tur^. 
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^6 De circul^ 

tur, quod eft aUiirdum v crgo refta 
AB eft tnasdma, 8e A D nn^M' qu^ 
A £ } quod erac demonflrandum. 

THEOREMA XXXVIII. 
P. Linearum^ qua a punSo aliquo txtra cif' 

■ culim, adpertpherlam convexam du»- 
cuntKfy minimam efe^ qute per ctn' 
trum tran/iti & hulc viciniorem re- 
motiore minorem effe* 

m 

• 

c I rc&^ A B ^ pundo A ad convex- 

• am peripheriam per centram tras- 
fiens du^a Hc Dico i. illam efle om- 
niuffl breviflimam. Dn^tei eiuffl (it sdia 
A D non per centrum tranfiens, jun- 
daque fint punda D &C, erunt iil- • 
que line^ A D, C D itiajores, quim 

* "ih, !$• AC* : ablatkergo xqualibus BC 
lAx,^, CD,remanet AB minor,quam A D . 

& fic de cxteris. 

• Dico 2. lineam A D, utpote vid- 
niorem ipfi AB» nunorem efle, quaffl > 
A£. Si emm non iit , iit AD nia-- 
jor, aut xqualis, ^i^m A E. Produda 
ergo C D in F, erunt C £, £ ¥ ma- 

• rt. ij. jores, qu2im C F % ablatis ergo scqua- 

libus C D & C £ remanet D F- mi' 

* Ax,-9» nus, quam E F fed rurfiis A F, 

D F funt nKQores, qdkm AD^ exhy- 
poth. ablato ergo communi A F, re- 
tnsnet DF major quskai >£-]^ 9m>, 

ante 



Digitized by Google 



Decircuh. 

«ite minor effe oftendebatnr, quod 
eft abfurdiiiii. Ergb reda A B eft 
omnium breviffima, A D vero minor, 
A£j ^uod ent dQBioaftian- 

dum. 

♦ 

§.III. 

CIRCULIS 

SESE TANGENTIBUS, 

J£T SECANTIBUS. 

THEO^EMA XXXIX. 
Litttam eentra mm&ntm dmum eit- P. £• 1 1« 

culorum fefeinurius tanilf^tim^ ca* 
dm in cmtaUum, 

cl duo circuli iefe uicenus tan^t ia 
A. D/co, lineam, qua» per utriufque 
oentrum dudtur, cadere in co&tadum. - 
Si enim fieri poflit aliter, fit centrum 
imjoris circuli By fninoris C, itautli» 
nea per centra B & C duda, cadat 
inJO. <^oniamergo AC & BCma- 
iores funt, qdkm A B % five quibn ' 7{>. i 
B Di» *, fed C£ eft xqualis i^fi A C, ■> d^, iu 
eico cdam B C 8e C £ m^ eft, 
gum B D« par& toto, quod eft abfur- 

dum% 
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[ Ax. $• i1mii% WBijb^JkmsL^ ^2 per otriufipe 

ixninim duiair^ 



lat 

« 









THEOREMA XL. 

ip. E. 1 2* Linem centra conne^entm duornm chr- 

adorum ftfe txfefius tangtutiumttraif 
fire fet ctntaSm» 

# 

cl dub drculi fefe exterius tangant in 
. A. Dico liasam J^Ct quxperuad- 
ufque centrum dudmr , tranHre per 
contiidum. Si enim fieri poflSt, noa 
iit conta^te m> A> £, erant er- 
go linex BE, C£ majores, qu<tm 

^ . fcCE ipfi CF, ergo BD, & CF 

iiint ma)ores, qukn BC, totstotcr, 

* Ax. $• abfinrduni \ ergo miea B C 

traniibit per concsiftum, quod CRRtle- 
monflrandum. 

THEOREMA XLI. 
PtE» ij. sCircddfs fifi exterins vtl miim$ tm^ 

tkm in uno $mUo tungere. 

Clduo cirmli A BC & ABB fcfe 

%J -v ^ _. •« 





ll 




•Jl 


1 



ifto A. Si aam ficri pa9it» tanp*^ 
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Itt^iHsilliim A % ita^e ex conta^u * th» zq 
B' du^ fim liaae B E & B F,cniiir 

A E eft ajqjjalis ipfis B F, F E (qaia 
AF B F*, 8k F E cft-« Dt[, z\ 

communis) ergo A E eft etiam nsi- ' 
jor quitm BE, (]Qod .eft abfurdum, 
c&m fint femidiaqaeBii ejufdem circti- 
fi, ergo hici^a^LiiotLtatigeQt Tde in 
pluribus pundivquftm inpgndo A» 

* Aique fimlliter demonftratur de 
duobu%-ciraiIisX((re-«»«^ iw^en- 
tibus. <5uia AF F E funt aequaTia 
A iC, C E ex defim aKMli, 8c taneir 
A^P -fc F^K fant nKi^oni U0em pcr 
theor..i3. . 

T^EOREMA 




gl^HO circuli fefe leccnt.. Pwo ifioi 
> ' tiett(ee9PCJt(k m pit»tbiisi qu^ 
Awfeus pBpftis : ^ centro enini unius 
a^eul% ^ tlQcantiii: Hoeae ad ft^ 
^iwie^ ^sx, fi fieri poffit, fmt tres, 

fc. A,B>4^^erii«: hsr lifiesracquatcs % 
M hs trcs-eciam pcrtingunt ad pcri^ 
pheriamatKrinscirculi; &>luiKseqaa. 
m i ergapi>n9tom (kriam erit cenr 
itaius dtcuii vdnftl %^Tcdar 
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4a De cifcnh. 

GF, crunt GH ,GF agqnleft ipfi^ 

G C ex defin. circuli* jpors & totum, . 
quod eft abfiirdum, erg5 dioiU non' 
fecaoc fefe in pluribus qujlm duobus 
.pm^tis, quod «OK deiDonibaodMin* 

* DE 

L I N E I S 

« 

TANG£NTI^S CU^qOLUM. 

THEOREMA XUII. 

Perpendicularm ad extremitatm diA' 
mttrit totam eadert txtrs eiraUm» 

c I ad e x urei mta tein &ffletn A B 

perpendicularis fit B C. Dico to- 
tam BC cadcrc extra circulum. £x 
quovis enim punfto C dufta fit ad 
centrum D, linea C D : quia ergoan* 
gulus C B D, ex hyp. eft rcAus, crit 
majorangulo BCD-, quia onones tres 
^tb, 12» angufi in «rianguk» D B C fnnt aequ^ 

duobus redis " i fed ahgulus D B C 
eftredusex hyp. ergo retiqm duo 
sequaies uni reao , crgo eorum unus 
BCD eft nnnor ce^» ergo la- 
tus C D, quod majorem angulum fub- 
* 77;. 1 7* tendit, eft majus latere B D % & fic 
" de onuibus pun^ probari poteft} er- 



V 
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aircHlo* 41 

punftuni C cadec extra circulum 
& toca tinca £ C, quod crac demoa< 
ffaranduflii. 

tHEOREMiA XUV. 

Miulm indeteminatum femidrcuUt P.E. ltf% 
quovis acut» re^lim dittmittao 
mojorm i{fi» 

cltangulus femicirculi BA C. Bic$ 
^ hunc quovis aGUto reftilineo dc- 
terminato majorem elTc. Sit enim an- 
^idus acutus D A £> cadet linea A £ 
mtra cirCulum. Dufta cnim fit D F 
ad A £ perpendicularis, erit an^us 
A F D major anguio D A F quia in 
triangulo ADF omnes tres anguli 
iiint a^uales duobuS rel9:is% fed angu* ^ Th^tik 
lus A F D eft reftus ex conftr. ergo 
rdiiqui duo ascpiales uni redo , ergo 
eorum unus DAF eft minor redo, 
iddl, rninoripfo AFD^ ergolatus 
five femidiatneter DA fubtendetma- 
jorem angulum^ & erit tAajus latere 
DF^5 adeoque pundum F cadetin- ^ 21?. 15* 
tra circulum j ergo angulus DAF 
pars erit anguli femicirculi B A C, er- 
§6 angulus ^ A Q quovis acuto redi* 
Imeo determkiaeo major eft^ quod 
crat demonftrandum* 

;' . . E TH]^.0- 
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4* 



Be HrcuU» 



THEOREMA XLV. 
E* 6» iMUm i cireitU emre 4d mtMSbm l«* 

Hamfacert angulm rtSm cm tan' 
genit skaUMIfh 

cl carciilaffl e^gat A B* . Dico aofiu* 
^ lum C A B efle reftttlh Si cttm 
noQ fic ) ab aliqua parte ecit anguluft 
aetois, trgb ilk linea pa* plra;c.cadet 
inaa drcuhifli, 8c aoa cai^ec»quod eft 
coKfi hyp. €rg5 tt^goto CAB dft 
K^as, qfind «rac detBooftrandiUB. 

■ 

DE LlNEli 

SI^CANTtBUS ClRCULUM. 

tH£OR£MA XLYL 

14* /i9 7jr^«/» dlue Ihtie reBie teqmlStfr 
' ^mtr4 d$fimj HLu t{fe iater fe ^e- 
. ^uales. 

ct k drcuK^ A fioe» A 
^ BC 2qualker I cemro £ diilenc* 
lilas ifltar lietffe x^aaks : dnab 
^im ad utramque perpendicularib^ 
£ F ft £ G, junairque A E, B 
iiN;an CiiyDJLS eruncI«en A£ Se BE 
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*qualist fimiliter E O 8« E F, & " Z>«/. jj» 

fltiguttft AG£ ae<{i!iafi!»juigul6 BF£, 

^uia uterque eft reftus , erg6 fe latus 

Ad a^^^kteH BF^ EadeM < 21^. 34. - 

autem ratione probaWtUif aequalitis 14- ' 

temtfi B G ft C F, ergo toca lineal 

A D eft sequafis ijpfi BC, qudd itHt 

detnonftraiiditfii* 

THEGKEMA «LVII. 

5; in ciratld i{%itiiM littM rtBx dlt^ P.E. 25. 
Mr«m maximam ejfe diametrmi 
idtirM eitM mptr e]fe jh0- 
jortjltt qu mm efl profStt, 

Cl ifl drculo ducatttuf qtt*daiii fine« 
^ netx, iHU liatuti A D, qus pef 
centniin E tranfit dfe omnium maxi- 
imtn: eft etditi A D «qtkdis ^ 
AEC ex definitione circuli-, fed 
A£, EC fimt mxjtati quittn AC^, ^ 2lt. i%* 
ttgb fe AD major eft quim AC, "* « 
erac primoloco dcflMMftranduni^ 
I)/Vo 2« Liiteam AC quazviciniot 
centro ttt. , remotiore A B majarenl 
*flc : quia latera A E, E C funt 2- 
qnalia lateribus A £, £ B ex defint. 
ftotie drculi, & sit^tdtis AEC eft 
Atajor, tpAtA AEB, ergo linea A C 
i^iBK majorettv ttnguhiM fiirtitefldk, eff 
ild^ot quatn A&V ^uod crat dlk' 
nooilnHichifn» 

E 2 a 



« 

44 circulv. 

, Si verodicaturlineam remotiorein 
nonin AB, fed in F G confifterei 
du^a fupponanr A B, qux xquaUcec 
diftet 2k centro ac F G j ha» erunt x- 
^7b*^6, .quales'', & AB eft minor, ut jam 

oilendi, ipf^ A C, ergo & F G mi- 
noreii^ ^iodecatdemonilrandunu 

THEOREMA XLVIII. ' 
K £• « I* Anguks cppefiM qitadrilattri eircido m* 

fcripti ^equdtstfftduobus rtQis* ■ • 

clc ^uadrilacerum circulo infcriptum 
^ ABCD^FGH,<)iu)di.ioanife 
contineat centrum L. Dico oppofitos 
anguk» A H, 8e J> £ fimul fufflpto& 
e(Te aequales duobus reftis: totum 
cnm qoadrilaterum continet quacuor 
angulos redos (quia femper hoc per 
di^etrum ali^em BG dividi po- 
• teil in duo triangula, quonMB fmgula 

*tb*i%, irontinent duos angulos redos '),fed 
* qiiaiKMr anguli A, H, D, E, fimt aequa- 
les quatuor angulis B, C, G, F : quia 
cum omnesiemiduffletri iint aequales^ 

f 31?. 1 5. erit angulus A xqualis ipfi B ^ •, & H 

ipHG} 8eI>ip(iC^ &£ ipfiF} er- 
go hi anguli oppoiiti A H, D E, effi- 
ciunt dimidium omnium anguiorum 
quadrilateri, five quatuor reftorum, 
> crgoduos ceifcos, ^od crat deqMtlir 
ikandUin. 

Sic 
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De circulo. 45 

Sic2. centmm L tYStz quadriljK^? ^ ^ . 
rum. Dico nihilominus oppofitos an-' ^ 
gulos B & £ F, «quatef .cfTe duobus . 
reftis: quia, ut prius, "^^dirilaterum 
coptinec quacuor angulos red:os, & an<^ 
guli AB, E F funt a?quales C^<} H 
(A. B nempe ipfi C * } & E ij)fi D ; fe ,f 1b. 
F ipfi G^H) fed nufus anguu A & 
funt 2:quales demptis crgo angulis ^ 2&p i 5p*. 

quales angulis C D G j fcd hi omnes, e 
tit jan di^mcil ^ faduncquatuor re« :l 

ftos, ergo horum dimidium B E F fa- 

ctc dttos re^os ^ <]uod crat desaioii» 
ilrandum. ^^ v'^'* * 

THEOREMA XLIX. 
jtngalos in eodm fegmato txifiauts ejfe P* £• 

m 

CI in coJem (egtnento C A B D cx- 
iAant anguli A & B. D/V^ illos in- 
tcr fe sequales efle : du^ eiuni iinr 
C £ & E D, erunt anguli E & A x- 
quales dttdbu»f«6lis .^, iimilicor anguli * 7)^. ^g; 
B & E, fed omnes 4uo redi funt a?- 
quaks inter fe *, ergo angult A & £ 
iunt xquales angulis B & £ ablato 1 ^x. Si- 
crgo comnmni angulo £, remanent 
anguli A & 6 xquales, quod erat de- 
jBGyiftnuidani. 

E THEO* 
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' THEQREMA t* 

exijlentem duplm (Jfe ilU/tf» ^ni 4» 

C I in eodeni regmepto ejuilat angn- 
lus C F D aa centrufli. 2^159 ilhiiii 
duplom efle angili Q P Q, 911 ad pe- 
ripiieriam eicultt : quU angiiii & 89 
s T^. I F D ^ Auic 9:«ual^s fed hllce arqqa- 

^irtMf. liscftextemws CFDfr, crgo Cl^^ 

?rol>i^tur autem & 9n$ulys CF9 

duplusanguli CAD, quia hic eft a?^ 

* Xl^. 48. qualis angulo B% crgo angulus ad cen** 

trum di)p4us eil i^ius, qui eft ad pe-- 

dum. 

THEQREMA LI. 

P. E. 3 1. . 4»i^m i»fmicM9 if^ uUm» 

c l fij; angijufi A B C in r<^fnici(^l^ 
^ D/Vo illum e(fe re^lum. EjiCcntrQ 
txm. D duaa r^a» ^4 ^> 
in hiice duobu&triiingttlis^guli omB^ 
^ Tib. i 2.. 4 r^fti^ **, fed aqguli ad D funt 

* ab. zquales duobus reitis % ergo & rcliq»! 

fujjt seqiwlcs 4u<to jfi^^s, quorum 
ditnidium eil angulus A]9Ca qui» 
• A.]6 I? «ft i?qj»iis ipfi A, & C B D 
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spfi G'*, er^ A£C eft «kionim ^ 71!;. i 
redorum dimidius, ergQ te^us, quod 

■ 

^iniulum in fiim$HtO) ftmcircido minori P, E. 3» 
^tujtm tffey in ftgmtnto wf$-'fitU» 
UHhU mjm efft mtm* 

Clfit angulus ABC in fegmeflto 

r A £ C fenucifcuk). vBimX» i>i(9 

iUHHi efle obcufum» Cfm lle tmjor 
eft ai^igo C l^ p V eil !4r* 

$itiu)jter aai^ura CS £» qui ia 
legmeDtD feiokirciiio fte^n ei^efle 
acututn, patei : qwa hic nooor eft an« 
gulo DBC, quieft redus : -rergo an^ 
gulus A B C eft obnifus , & angulus 

C&£ eftaciiEi»! qaod CRK doiiQiiff 
ftraadiun* . . 

« 

THEOREMA LIII. 
Si4tiMUkitA ik^ii 4<ti^4is jingMks <e- p. £. 

tpulikus pmpkYiis infijim, five ad 

fiitktU 

cTnt in doobia etrcidisarquaSbus duo' 
*^ anguli ad Qeocmiii xquales A B C 
« 4Eki& F. AfV» ai^ AG C & DH F, 
^mibiji tuaPiuli wfiftnnb ggiiaies e0ie » 

£^4. , fiiper*»- 
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48 



fuperimponatur enim angulus A BC 
^ 4x. 4* ipfi angulo D E F, cum hoc congruet % 

candeni ob caufam ft circuius A K C 
cum circulo D L F congruet, ergo fe ' 
arcus AGC ciimaraiDHF,ergQ& 
huic squalis cil^ ^od erat demon- 
firandumu 

Similiter demonftrabitur in circulis 
a^qualibus angulos xquales ad ]>eriphe- 
fiam AKC & DLF xqualibus ^jr- * 
vjkm infiftere : quia hi arcus funt x« 
quales tvm iis arcubus quibus infiftunt ' 
^ Jlt 50^ angiili dupli aAcentrum^ fed hi ar-^ 

cus, ut jam oftenfum eft, funt xqua- 
ies inter fe , ergo & arcus quibus infi^^ 
« ^x. 5# anguli ad peripheriam aaqqales % 

^d erat demonftraadum* 

THEOREMA LIV. 
E. 32t Angulum^ qnl fit a tmgintt dYculum^&' 

iundem ficantij ejfe aq^udem ilU^ qui 
i* alum cimli Jiimento fit. - 

Cl liiiea C D feeec m punde oonta-^ 

&US lineam A B. Dico angulutn 
A C D dTe xqualem angulo C£D,qui 
' in altcrno fit fegmento. Dufta fic 
enim per cencrum linea C F, & )un« 
aa fit D & F 5 erunt anguli CFD & 
D C F aequales uni re^o, quia omnes 
tres anguli m triangulo iunt aequaks 
lA»- 4uQbus ^-fMiguIuSL C D F eft^ 
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De circHra* 49 

refhisS fimiliter angulus ACF t{\.^Th,^u 

ttdm % ablato ergoootnfnuni DCF ' 2t7* 45« 

reflat angulus DFC a?qualis angulo 

A C D ^ fed angulo C F D xqnalis ^ Ax* 8i 

eft angulus CED% o-go & ACD *7h.49< 

^ xqualisipfi C £ D^y quod eracde- l'Ax» ^« 

tnonurandutii. 



CAPUT LV. 
DE 

PROPORTIONK 

i 

DEFlNlTlOmSir 

m 

ly /k Ultiplex edmagniaido^quae 
IvJL aliam* tmnorefn tnulcoties 
preciiccQiKmet, Sicut dnjfkxy qu^ bis v 
triflix^ quM tir aliam magnitudinm: 
contimt. 

3$. Sitnplex,iive pars afiquota.eft^s 

quge aliquoties repetita multipUcetn 
praedft efllicib Sicuti magnitudo fim^ 
flex bis fumpta^ facit duplicem. 

Ratio eftiquasdam habkudo^five 
relatio, qua^ inter (juantitatem duarumi' 
tnagnitudinum exifthu j4tc[ue penes 
banc aliquid ^qualeh aiit majusrefpeilu 
dlttrius dicitur ^ ideoqui ratio h^c non 
nifi inter dm teperituf y quorum illud 

£ 5. quodt 
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qufid fiqu^ti^: vactiti^ty CQtifeqpens. 

37. PationeiTi mct le babeiit iljsf^ 

|>^are. 

38. r^tionftn h^\^ 

ad alia , qux xquali tniUtipl^ticii^ 
au^ iimyl nunora vel nujora lUis siiitt 
cvadwK. Sic A ad B,& e adB MHdem- 
rationm hakejtf i ^'4 4 & C dupli>' 
ma fimul m» excetbmt B&Vy tri' 
Piieata vero fimul, ^fgdunt* idem erit 
tHamfi B&^ c IX a^mdti^liei^un 

39. Quae yretb ka anda linml noa 
cradunt v^j^ ^ HVOOi^ non ha- 
bent ean^ein ratkmdn; ifedillud qnod 

excedic, akerp. ex(f^eii^te, 4i<^ 
tnr habere tnajpi^ rsjitipnenf . 
^ G quia tripUcf^ta fif^4 ^rf; (xctdjif^ 
f&^) dicmtut ht^Xtt eiffldinf- r^-t 
iionem : qui-a vero E excedii ipfutft. 
Wd(i G nn^ (^(C^ii^ IJ^ dififur 

t & T^ habcrc majoreffirajtim^it ^Hom,' 
Mftff «4^;. 

^eS^ H. ^ - 

Undie liqj^eii fjpid fi^ |i^re tBiiyte 

\ 40. Magnii^4|R^s,qj«l^v4^j^lF- 
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ftTQprie eft fimilifuciQ, quse reperjtuc 

ttitmiMi 9 liqntt 4d pr9^ortim»t > qute 
d,m ratlqm §ifniki ^:ii^t.^r(q^mi qiMr 

tm ttxmim» vtlmmmm tsfs^pif^ 

mus ttrminus bis fmitjff: hX inter 4 

^ 9 ^iem titt!^ (ffi X4t*o » ikift^kh - 

ter B &C, fed tm B l^is fmitiff-i ntque . 

^iM5 tribus non coniiftif, 

VX q^^ibus omnes eertiuDi medii bis 

VtiUim* ^i^Mfi JBCPf. mtinuo 
^((^ffctionalis tritnt-, (i (it , j^cuti A ad. 

ita RadC: & ficitti P ad C, it.0. 
QtiVy & titrfns licuti € 4d p^ta p a4 
Miiit qkikm amubii^ e^^fP, bfs fmknm* ■ 

. 42. Quaa4Q fijnc Qesnqnuo propor-^ 
.taonales» prim* icrrianp dicetgr ha- 

ia^ ifxfi^imm ratiopem imw tmh 

niS) c|uani habet prima ad fecnnd.atX'» 
4^ balfit 4 ^fiiatam raUmm 
^lUm rntionis^ q.;i4m hbet 4(i4B;^' 

ni^icntaiif^& 4^ B qm^ 

dyHplicAtA^ 'tatimmilliasx^Ji.Qnii^^ '■ 

iatir A& B, rg^^ijnff* . 
4}. Qjjando 4wtetn espo^M f'^. 



Wfe froportiom'. 

netn compoficatn ex radone prunx ad 

fecundam, & fecundas ad tertiatn : ut 
ratio ipfiis V ai H componitwr ex ra.' 
tione quam haht F ad & ex rationt 
q^m babtt idem G ad H^fic dii»ceps. 

44. Secundftm cxtrematn & medii 
am rationetn leda linea didoir, quan* 
do tota & utraque pars (imt continuo 
proponionalesr %H fi fit LM ad 
^iMadl^ tm trit lihtttL M fe^ 
uctrema & media ratioxe, 

4$. Intar propwtionales inagmni& 
dines, antecedentes antecedcndbii^ 
& cot^eqaemes confequennbus dicuiip 
tDr elfe Homologje, iive (imilesratione. 

45. Akema five permncata^nido 
efl^ qua comparatur antecedens cum 
an^edenK, & confequens cum con- 
l^qyente:. Vt fi futrit NadO, ficuti 
FadR', eonfertur per altimam ratio»- 
mm N cum P,&0 cum R, 

47. Ihverla ratio eft, 9» amipanE> 
tur utrumque confequens cum (uo an^ 
tecedente, Vt 0 cm N v & R cum P, 

48. Cbmpdfitia ratbins eft , qua 
utrumque compoiitum ex atKecedente 
ft confequentc^ cofflparatur cum iiio 
Gonfequente. Sic N&O conftrtwr cm 
Oi&P&KemR. 

49. Diviiioradonise(l,'quautrum-^ 
qnt anteccdens diviiiim per fimiir 
«Doifeqtfens» five qiiod idem efl, ex- 

«eflii&. 
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I>e proporHone. 

^^eiliis utriulqiie anteccdentis compa* 
^tur cum fuo confetiuente. Sic Ycoji^ 
Jtrtitt cmTs&z cum X, 

50. Ccnverfio rationis efl,qua com* 
paraturtttnimqueancecedenscuffl fiio 
exceflu quo fnperat fuum confequcn& 
Sic S Yconftrtttr cmY', &Z Vcum 

51. Ek a^qrafitate ratio eft, qua 
fnbdudis mediis, comparantur extre* 
llia : Sic A cnm C', & D cum F CQth 
ferturjubdii^is B &Ei 

52. Ordinata proportio efl, cum 
rationes, quas fibi mutuo re(ponden^ 
fcfc quoque ordine confequuntur ; Sic 
wdinaU erit proportioy fi fit eadem fro^ 
pftio i»ttr^A&B, qike eftinter D&- 
E: fmiliter inttrB & qitdlis efi in*^ 
ttrE&F» 

$5. Perturbata proportio eft, quan^ 
«b hic ordo nirbatnr, ttt quandb ratio, 
qualis exiftit inttr G H, tdis ponitur 
interja& N'j &qutUis tft inter B& 
talis ponitur inter L& AL' 
$4. Simiies iigurae ledilineac runc,- 
qux & angulos habent xquales & la» 
tera, circumanguiosaBquales, propor* 

ttOinfia. Sicut AB C & DEF,quia 

aniulas A tft ^equaiis angulo Di& ficuf- 
M A ad E V, ita eft AC adDF, 

$ Redprocae 6^ttx Sm, ^ux Ia« 
teia habenc prapCHrQonalia redproc^ 
pofita .* Vt fint, ficut GM ad NM,ita . 
mifmt MO ad UG* $$* Aldr- 



136 fi^09t$m^ 

nea i^rp^ii4icuUr<s k v^riicc 

deduaa, ut tMH^iiU QHi^ HitMc^' 

AXIQM ATA. 

candem radonenii h^e^t, Ztvke vetr 

»1, Ps^jpfwoti msEqualium Ulv!cl><Wo4 
«!?«s ^ iWWfim rawpem b»Uet a4 
alhquod t^rtiunii, <|p^m hab^sit lUw 
qiiod minus eft ad.idem teftimcp, M 

12. t^na ad M <«»)c>«^ 

^mijai^iiiwerinailcsint^r 

nes, qwi 4iMks uni, (m ^f^ 

dieWi^ 8Ji» ft»^^ 

rattanco 
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fi Q]ft^f f0Us jmt fingnltfrwn 

aliarif^ p^i^tiiffiH inflifi eut <k Wl^Vk 
tx hifce partibus etmpptm dterius f «• 
tius dnj/lnHS»; 

$. I. . 

TU£OA£MA L>r. 

%MtlnmultifHces in eaiem ra^ione tffe^ p, £. ac 
** ^vtts fvt fimpi^* 1.5, 



Tc ABC 2cquetnulcipjl^?:.y)fius E, 
i^B C ad F G H ilcuti eft E 5^ L ; * 
E ^uti fupponimus) 8c H ipfi L, ergo 

a4 L % i^i?&s eandet!;i ol*. ^ufam • lo» 

fefehabcbM;B.^4afc St.A.^¥*4cMtt ' 
\^3^ £ ad 1.9 ergo oo^oes parte^ 

lia)3ebu»t fefe ad part^s F,Cyy(, 
iefc habei ^ ad L S fcd fiwit ^ ^Ax*i 3. 
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56 Z>e prifportione. 

ad 1» ita (dk hibec ejus inuldpkx 

A B C ad alterius aquemultiplicem 
F G tf, qaod erac dfifixiiiftnmdiim* 

THEOREMALVI. 

I.E. i^. Vropnionalesy yidilini quoqui pro^or- 
i $• tionaUs e£e» 



S 



IcMadN, (laiti OadP. Dic» 
quoque viciifitn, (ive ^ternandbr 
c(fe M ad O» fumd N ad P : fi emm' 
non iinc $ iit flo^^ propordo imer 
M & O, quam incer Nv&: P : ergo fii- 
imfnur zquemuididioes ipiius M & N»^ 
& ae^emuldplices ipiius O&l!: fiet 
aliquando juicci dmnitbnem 99 «t. 
N S evadac majcr qu^m P V, quando 
R M remancc nunor quam T O et» 
go RM ?.d PV minorein radonem 
habec, <]uamhabeac T O ad eandem 
^AXtlu PV* 5 quoniam vero major eft NS, 

quam P V ^ habebic R M ad N S ,mi- 
norem radonem, qu^m habeac RM 
* Ax»l3* ad pV^i ergo adhuc minoremra-. 

donem habet R M ad N S, qu^ ha- 
beac T O ad P V. Sed qualis rado 
cft inter xquenHi]nphda,tsdis eft inter 
^7b* $5* corum iimpla ' i ergo etiam M ad N 

finnoitffl radcmem habec , qu^ ha- 
beac O ad'P, quod eft contra h^ypo- 
, tfiefin ; quia baeccranc propCfrcfCMtl^ 

lia; ergp MadO noB minorem vet 

ma^oretDik 
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tna)orem raaoiiein habebit qu^m ha- 
beat N ad P, quod erac demoQAran- 

THEOREMA LVIT. 

^o» proportlohaUs i »« vidflSm frfl^tfy- p, £, a^;, 
li0M/«i ejfe» t $. 

clt najor ratio A ad B, qwkm C ad 
J), Dico qaoque akernatim fum- 
ptam A ad C in majoFi ratione eiTe, 
qu^m iit B ad D : quia iit, iicuti C ad 
D, ita £ ad B: erit ergo Eminus 
quiin A, ("qaia ex hypothdi ma)6rem 
radonem habet A ad B quam habeat 
£ ad candfem B**^ ergo A ad Cnajo- * Ax» iu 
rem rationem habet , qu^m habeat £ ' 
adeandemC, ied ficiitl eft £adC, 
ira efl B ad D % ergo A ad C ma}o- < 
rem. rationem habet, quskm Bad^ 
quod ejrat demonfbrandum. 

THEOREMA LVIII. 
PtoportmaleSf e eoiiverro quoqm pro- ^.£4» 
fortionales e(fe, 

Slt F ad G ficuti H ad L. Dtco 
qnoque econverfo dTe Gadf,' 
ficut L.ad H :■ enim licri poiiit non 
iic ica , fed iit G refpedu F major 
tpdm L rdjpe^ H , quare fomaiitur 
iffius G & L xqiuemuidplicesjfimiliter 
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5 8 S^e froportionf^ 

ipfius F&H, fiec«e0»aliqi»ndftjii]c«* 
ta definiuoneni 39. ut mulQfilex 
£t tnajor, qu^ F N, quaodo «(jMC* 
• multijjlex L M erit minor , quitsr 
H O, \iU9qp& tum habebic N F mino- 
rem rationem ad l. M qu^ G P «4 

f 4;r.i3« candem LM*, fed H,0 «ft «wojr 

qu^m L Mj ut iam probatumdl^ eiy 
^ N F habebk adbuc mir^oreoik rat^icK 
oemad O H amc hsbuerii ad 

^Ax,i2. LM'', id eft quim hab«jB GP a4 

L $ed ikut fefehilwei: aeqiicniiiA^ . 
tiplices iot«r fe, fic fe hab^m eoruni 

^ 77;. 55. WBpUS «rg» FadH tUfOKm m 

tioaem habet, quam hajbeat G ad L $ 
* cr^ «tiam «UeifMiidA Fi4<i habet 
** Ji. f 7. tninorem rationem , quim H ad L *» 

«rgo bsEc pQii te prgyortienali» 

quod eft eonara hypodienn , ergo Q 

iAy twn habec m^orem mtoorfnn 
rationem, qtdm habeat L ad H» 9^ 
exat demooftranduoi. 

THSO&EdlA UX. 
P. £. 26* Non pr6porii»nales, ne&^ COflRMtfilJVV- 
L 5. foriionalis ejfe» 

c Ic A refpe^ B n»)Qr» qu^ G f cr 
fpea«IX OMfd CQnreKbBie* 

fpe^u A minoron efle, quim fit P re- 

9; qiiQiiiua A r^^d^ £ maio{r 
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«rit A refpeftu B major quam fit E 

rffpcitu ejufclefl» ergo erit A taft» 

jor quim E % ergo B refpeftu A mi- » Ax. 1 1* 

nor eft, (^piB fic eadem refpeftu E, " ' 

fed ficuti eft B refpeftu E, ita eft D 

refpeftu C, ergo B refpedu A vsmm 

cft, qu2lm fit O rtfpedw C, ({iiod erag 

Hfmftnfl ranHum. 

clt P a4 Q (Km H 94 i. i>/co F 

cuti H compo(itacumL,eft ^4 L ! <)uo* 
nian eniai eft F ad G, ficud HadL^ 
ergo ei5»m altermndo F ad H, ficuti 

Q 4d $ fcd ficuc (^fe hnkm m- 76. $5. 

n^partes, fic fehabenc tota*} ergo " Ax» 
fic (e habe( F Q «4 H t ficud i^ i»' 
bet G od L ; ergo rurfus alternaBdo 
{im FC a4Q, ik^Ui^l^^^m^.^lb. $6, 

cfai 4f0^»iftr^dHtn. ' - 

*^ ^tt ]^^V4 ^ckttn A oim£ €»ino 

pofitan^ 
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6q De propoHicne. 

poiitam, refpeftu ipfins B, fnajbrefir 
cfTc, quam fitC cum D compofita,' 
rcfpcAu ipiius D»Sit cnim E ad B iicud 
C ad D, q^oniam ergo A ad B majo- 
rem radoncm habct quam C ad D,ergp 
& majorem qu^m E ad B : ergo A eft 
major quam E % crgo A B ctiam cft 
f ^x. major quim E B ergo A B ad B ma- ' 

jorcm lationcm habct^ qu^ £ B ad 
B j fed qualem rationem habet B ad 
! 7b^6o^ B^talemhabctCDadDS crgo AB 

ad B majorem rationem habet, quam^ 
C D ad D> quodcrat dcmoaftrandumt 

THEGREMA LXII. 

P. E. 1 7. VrofortionaliSy diviias quoqut froJioYti^ 



cTt F G ad H ficut L M ad N. Dlc9^ 
^ divkkndo partem G^dfe ad -H, ii« 
cnt pars M ad N. Suppoiiitar autem- 
Hipfi Fxtps£st im& LipdNi Si 
enitn poiBbile iit, non iit ita, fed ad- 
jicittnr porsquaed^, &iu:CrOadH, 
iicut M ad N ; ergo ^temando ut 
GOad M, ica HadN, iiye quod 
* 5& idem eft, F ad L fed ficut fe habent 
tAxi l a. piurtes, ica fefe habent tota ' i crgo- 

fefe habet F G O ad L M,' ficut F ad 
L ; fed ex hypothefi eil F G ad H 
five F» ficut L M ad N five L, ergoSc 
alternando F G ad L M ficuc F ad 

L) 
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De froporttQnu 6l 

L,ergo FG & FGO ad L eandem 

jraciooem habenc, qualis eft F ad 

L, ergo funt aquales % pars toti,quod * Ax. lo» 

eft abfurdum ^ ago non GO fed ^Ax, $• 

iblam G ad F eandem racionem habet, 

qnam habec M ad L, quoderac denion> 

ihandiini. 

THEOR£MA LXm. 

Non proportionalu» m dirilas propwtifh P. £. sp» ' 
. naleseffe* 1. 5. 

clc AB rcfpedu Ctna)or,qu^mDE 
refpeftu F. Dico dividendo majo- 
rem quoque d&^excefliiffl ^ refpc^ 
C,quim fit exceuus E refpeftu F (fup- 
ponicur autem A xqualis ij^ & D 
ipfi F, uti & H ipfi C) fit autem H G 
adC) iicutiD.E ad F< quoniamer* 
go A B' majorem rationem habet ad 
qu^ habeat D£ adF^ habebic 
9ioque A B ad C majorem rationem, 
quam habeat H G ad eandem C^ }ergo ^ Ax. i^. 
AB major cft, quJhn HG^j ^^^^ Ax.iik 
demptis a^u^bus H & A, remanet B 
imjor, quim G « ; crgo B ad C ma- ^ ax. 
jorem rationem habet, qu^lmhabeac 
Gad eandemCj fed qualem radonem 
habet G ad C, talem habet E ad F f Jb. 62. 
ergo BadC ma)orem habec^ qittm 
habeat EadF^ quod erat demonftran* 
dttni# - 

4 
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6x De fffffmhn^ 

tHEOREMA IiXIV* 

P. £• i^. Fropdtthndts, per (x>iiterfiotterti ratb* j 

Clt AB ad Cficud 9E ad Pie^ 
^ ficut fchabet AB ad B,«a fe ha- 
bere D £ ad £ (fiipponitur autem B 
cfleiCMd^ffii qdb AB ^pettc C i 
8e E e(fe eiteeflun), qud D E fuperac 
. F, ideoque CftA, item FftDefie 
aequalesj erco (icut B ad C iive A, ita 
*th,62. <ft&adFweD^er&o ulirtum i li 6 
^ 2]b. $8« A ad B 5 fkut D ad E ■* j ergo etiam 

mmpoaeHA» A B ^ B^. ficuti 

adEj qudd erat demonftrandum. 

Notfthific &qQeK, fi ex tods A B 0t 
t> E au&rantur partes A & D, fitqutft 
tt&Hn A B ad tocnm D£»iiCad|Mrs 
A ad I), partcs qudque reliquas B & £ 
ia eadem mione dte,. ifi <^ iiiiict»» 
tk : quia. ut )ath demonftratum efl,e(l 
A B ad B, ficoc D £ ad £ ; ergo aip 
ITh^S^^ temantfoAB dd D£j ficitcBfldB') 

crgo* 

Pk E. 30» Non proportionales, ntc per edfwcriid» 
4« 5« nem laddnis frofsnhMlts fieri» 

clc AS flflaidr refpeftu qoibit 0E 
rcfpcda F. Vico per <ionf erfiofieMi 

radoms 
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De froporthne. 6^ 

farioftis mmoretn nr^iiem habcre 
AB idB, ^ijkmfakbeat BB adF 
("fupponacur autem A X(]ualis ipii 
& D ipifl F, ha ut B & £ iint exce^ 
fiis^ cum itaque major fit ratio ipfius 
ABadC, qnshnD£ ad F j eritdi- 
videndo etiam ma)or rado ipfius 6 ad 
G l^tAjpijMi £ ad F rire D \ ergo 4 
CBHveiiieudo ittinor erit rado A ad B ' 
ifAm D ad £ % propteresi compo- e 
nendo tmnor erit rado ipfids A B ad 
B, fuam D£ ad £^ ciaodeiat de« 
inoiuiiincRiiii* 
Nota hinc liqaere, fi ex totis A B 
D£ « iftra niw ^Mm AftD, iu 
tit A B ad D £ majorem rationem 
liabeat,(iu3bnA'adD, tuncA B adB 
ininorem radonem h^ere, quiim ha'* 
heat DEadEt tjuia, ttt jamdeniDn* 
ftramm eft, habet AB adB minorem 
laciottefiS qiiamDE ad £, ergo aker- 
mndo A B ad D £ mincirem rado- 
nem habdat^ ^ijunhalieat Bad ^ ^ Ti». 57. 



tflEOREMA LXVt. 
frofmimliumt mdlis intitmiifs in £, ^ 
(Atjportione drcKnata, ixffeMpo- L 5. 



:tAadB(icut C ad D, & rttfltis B 
fld £ fidtt D ad F. J>ico t% x<fah 

fitaas 
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^4 DefrofioHione* 

litate rationis ordinatx, fiait fe habet 
A «ad E, ita fcfe habere C ad F ; Quo* 
niam enim eft Aad B, ficiitC ad D, 
ergo etiam akernando A ad C, ficut B 

* Ttf. s^. ad D j fed eodem modo probabitur 

effe B ad D, ficuti eft E ad F •, ergo, 
quia AadC&£ ad F eft ineadem 
ratione in qua eft B ad D, erit A ad 

* Ax, 13. C, ficuti E ad F S ergo alternando 
J 2&. 5^. A ad E, ficuti C ad F J 5 quod crat 

demonftxandttnk 

THEOREMA LXyil.' 

F.E.JI* Non poprtiondium, midiis inttrmips 

in progordone ordinata^ mc txtw 
md p oportionalia tffe» ' 

C^t A refpeftu B maior, qulm C re* 
^ fpeduD , &viciflrim B major re- 
fpcOTi E, quim fit D refpedu F. Dic§ 
ex acqualitate rationis ordinati: A re- 
^edu E efle inaKMrem, quJttnijt Cre- 
fpedu F : fupponanir cnim efte H ad 
£, ficut DadFj & Q ad H, ficuti C 
ad D, quoniam ergo ex hypothefi B 
ad £ maiorem rafiioneai hid^ 9ulm 
D ad F, five qu^m H ad caiidem E : 
* Ax* it. ergo eric B tna^r cpiam H^ j & rurfus 

A ad B majorem rationem habet,qu<im 
h^seat Gad H : fedH )am oftenfa eft 
ininor, qu^ fi : ergo G ad B adfaoe 
l^jmgie ottaodretKUi^Gnem liabe^ <|i^ 

A 
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De proportiom* ^5 

A^dB.* ergoA dbfflajor, quamG^ 
ergo A ad £ majorem rationem habet, 
qinm G ad eandem £} fed iicut: ha- 
bec G ad £, ita ex a^cpiaiitate rationis 
ordinatae fefe habec C ad F ^ ergo Pi.^ Th* 66% 
«d E majorem rationem habet, quam 
C ad F ) quod erat demonftFaii- 
dum. 

THEOREMA LXViir. 
Pf^wtienalium^ mediis intermijis in p. £. 2^ 
Proporaone ^c^mtbxBL^xtrema ^jo- 1, 5, 
.fortionalia t£e» 

Stc A ad B (icuti C ad D, k ficuti 
BadE itaiicFadC Dico, ex 
xqualitate radonis perturbatx, flaict 
ed A ad £, ita^ FadD:iin mlnuS) 
erga juxta definitionem 39« aiiquando 
6a, mdtijd^fcilioectplrtis A,exce- 
det multiplicem ipfius E fcilicec iplam 
£ M, quando F N xquemulciplex tp- 
fius F non excedec ipiam D l, xque-» 
mulciplicera Idlicet ipfius D : quoni* 
am er^o A G major eft quam E M, 
habebic AG majorem racionem ad 
B L, quam E M ad BL *^ j fed ficuc « Ax» ll. 
fe habec A ad B^ ita iefe habec C ad ' 
D5 crgo gf eorum af^^multiplices 
AG ad B L, ficat C H ad D I» 5 » 2fe. $5. 
ergo GA ad ^L^majoitmrationem ' 
^ ' quam H C ad D-^i||kfoc 

F fe 



£6 t^e froportioue* 

{e, h^bet B ad £, ita fe habet F C ^ 
9c CQmrenendo £ ad B iicui: C 

* 2t>. $8. F ergo & eorum aEtjieaiuUipjices 
« 21;. funt in eadem rapone^^^ wgo M E 

ad B L ficuc H C ad F N j fcd M E 
^ 3&L nunorem rationem h^tot 
■qyam G A ad BL, five CH ad Dli 
^^o H C ad F N enam imnoreoi 
raaonem habebit , quani eadem C H 
^Ax*\$. «4 P i orgQ * N eritmajor qijaq» 

* •! trf B I * i cujus contrarium jam fupjKfl»- 

batur : ergo non habebit iV mgjiorem, 
fed candem rationem ad E , quam 

habet F a4 leiod. Cjnv 4^i#9U)^ 
^um. 

» 

THE0REMA LXiX. 

C. £« 34* Nt» propQrtionallum, mediis inmmi^s 
I. $• in fanone pertuiixica» .acmma ^ 

prtioniilii^ npn tjfe» 

Clt A major refpe^u B qukm ^ rc- 
^ ipe&a P, 8t fic rurfiis B rp(j)ean 
• B major, qu?m F refpeftu C. Dtcoeg. 
«qualitate rationis perturb^ta? majof 
fem effe A refpedu E quJkm Ht F 
fpcdai D : fupponatur enim efie H ad 
E ficuti F ad C i item O adli ^ ficui^ 
C ad D : qijoiiiam e^o B ^4 ?^ ^9" 
^oKtn rarionem ha^jci; qu2lm F ad C 
five H ad eapdem $ (quia cx coa- 
" luK propoftionalia) 

ergo 
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De "prffparthne, %J 

«rgo B dl nujor quittn H & finalker ^ Ax» l u 
{>i^lMtur A fiia)or «piSlni 6» qvia ex 
iiypothefi major eft A refpe^lu B, 
^ioatn C ffttfpefta i> , ifive Gidpe^ 
H, & H eft imoor ^fom B, ergo G re- 
iftStxk H adhnc tcaiiov^ tm ^pidin A 
refpeAu B, ergo G e(l niinor quam A, 
«rgo A ad £ nu^oreni radoncm bi- 
ber, qiaiii G ad eandera E, fed ficut 
ieiiirt)ctexaK|uoQa<i £, naiiehabtt 
3F ad D • ; ergo A ad E majorem ra- a 
idoaeni habet qu«n 4i? ad q i aod git 
^emonflrandao)» 

J. II. 

TRIANQUI.0RUM. * 

THEQREMA LXX. 
%4tt^^ ttPa»i»li in eUem ratim fif^fi P,E. 2. "15. 

t^tt trkngi4iiuik A B C & ad baiia 
^ dm^^fic paimUab D £. tSk 

AC ad DC, fjci»t B Cad E C; aceir . 

fdain» «niniifrfnts I>c&£.c mim^ 

multipUces, cii}us partes fint D F, f ^ 
& EG, GB» linese FG, Al^ quiB ^ 

F 2 ^has 
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-68 Be proporihne* 

has partes conne^hint, leraper erunc 
■paraUdx ad baiin , neque ido> xque- • 
multiplices ha» fimul deficient, vel fi- 
:inul excedenc ipfani B A ; quia^^fi fie- 
ri poffit, non iint parallela» ; fed fit 
parallela FO qus cadat in&a G ja 
O i fimiliter fit D H parallela ad C O : 
quoniam ergo D H eft parallela ad 
C B, erit angulus F D H, utpote ex- 

1* 8. ternusyzqualis aiu;ulo intemo D C £ ^ 

• 8e e»ideffl 6b cauum eft angulus D H F 
<«qualis angulo H O £ ; fed ex con- 
IniiQiofie finea FO cft edampar^ 
lelaod D£, ergoangulns HO£efl: 
8* seqiKtlisanflilo ]^£G^ } ergo angulus 

^Ax. 6, D £ C eft zqualis angulo F H D ) 

ergo in triangulo F H D, 8e D C £, 
fimt sequalia duo anguli & latus unum 
FJ> ipfi DC ; ergo rdiqua onuia 
2?». 23. funt xqualia % crgo &: latus D H ipfi 
C£, fed D £ O H cft parallelogram- 

*^ tb» mum, ergo latus E O aequale ipfi D H 

iive C £, cui edam fiipponitur ae- 
^e £G, ergo EG&EO funtaf- 

tdx* 5* qualia , pan tod, qvod cft aUiirdum % 

ergo linea? quaj has portes a^emuln- 
phdum connedunt, femper funt pa* 
rallela» ad bafin, ideoqne fcmper iimul 
excedent vel defidenc, U juScta defini- 
lionem 38. propordoiales ofnnt C 6, 
€ £, & C A, C D, quoderat demon- 
;ftcan(bifli« ■ 

THEO- 
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De propwrHane* 



THEOREMALXXL 

Farallelam eam effe Uneam qute latera^ P J£.2. 1.5, 
trianittli in eadrn rationt fecat, 

cEcet triangiiluin Jinea F G, ica uc 

A C fit ad FC, ficnt B C ad G C. 
Dico hanc eife parallelam : iia minus, 
fit paralleb F 0,ergo crit B C ad C O 
ficut A C ad F C fed ficuc A C ad ^ Ib. 'ja, 
- F C, ita eft ex hypothefi B C ad G C : 
ergo £ C ad O C & CC eandemni- 
tbnemhabet, crgo fiintaequalia«,pars i ^x, lo* 
toti, quod eft abfurdum ergo non k, 
linea FO fed F G cft parallela, (juod 
crac dcmonftrandum. 

T H E O R E M A LXXII. 

rarallelam ad trianguli haftn lineam- 



parallelaad C A. D/r^^ triaDguIuny 
H B G toti C B A efle (imile. Quist 
I. omnes anguli fQOta^uaies, quia an- 
gulus B.eft Gommums & anguli drca 
pr& G , utpote externi lunt a^ua* ' 
les interoi C&A^» dein lateni drr a^^g^ 
€um xquales angulos fmt proportio* 




nalia^-. 
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20 I>e froforihnek 

mlia, quia, ficut CB ad B ita AB. 
^tb. 70« adB&^-itfffeafi ffLfitpuailflaad 

B A, erit eandem ob caufam B C ad> 
CH, iicut iWC C L,ergo per coiK 
* 21?. "4. verfionem rationjs ^ G Bad B H ficut 

C A ad A L iive H G, quia hxc imt 
5 T/a 29* »qua]ia \ crgo oainia latera utriufque 

trianguli iunc proponiofialia & anguli* 
jam etiam oflenn funt «quaks, erga^ 
^jl^ij^-^i^ iwt triangula iunilia % qiaod erat^- 

lArandum. 



THEOREMA LXXIIL 

cl fuerii: triangubHB AEC aeqiatt»^ 

gulum cum trian^ulo D £ F. Dico 
haec cdam cffe fitmba,iire) qaodidem . 
eft, liabere latera proportionalia circa 
( «cjudes angulos i fi impooatur txkm 

ai^lus D £F ipfi ABC,cuni hoc- 
^Ax» 4* congruet^, fed an^us £ D£, .fMre 

BG H sequalis eft ipfi angulo A, ergo 
linea H G eft paraUeia ad ipTam bann 
* 4. C A Scrgo triangula tec funt finfiilia ^ 5 



De proporthfit. Ji 

« 

THEOREMA LXXIV. 

'JSkingdA ejje (imUia, qiue bahut omttia ^.£.5. 
iaim fropgrtionaUj:» 

Cfitt dno triangula A B C & £ D F, 
cujus omnia latera firit proportio- 
mlia : B*€« 8f i&i x(|kHanguia^ e0e, ac- 
que acteo efTe fimilia : duda fit enini 
4 U ad hafin ^arailela, ita ut G C lic 
atqualis ipfi £ F *, erunt & reliqua la- 
tiira C H & G H aequalia lateribus f D 
Sc £D; quia uc ACad GC, iiveact 
£ F, ita etiam eft B C ad C H% (ed «ijb. 5^1* 
iic etiam dl cx hypodiefi, eadem B C " 
ad D F, ergo C B adCH& D F ean- 
Mi- habec radoaem, ergo hxc func 
• aqualia^, fimiliter probabitur latus f ^jr. 10. 
Q H «qoile latori £ D, ergo trian- ^ 
giliim E D F ell: aequale triangulo 
&H C % fed hoc eit fttnik triaBguIo « 72». 28.' 
ABC ergo & aliud, qiiod erat de- [2t?. 72. 
nooikaBduoi. ' 

THEOREMA LXXV^ ' 
'j^iangula effe fimilia , q.u^t' hdbent duo P,E.6. Ldb- 
latifo, ciua> ^^uales aaguLos poj/ortio^ 

■ 

cUt duo triai^la & iintanguli C 8e F 

xquales , item ficut A C ad C B ita . 
&F adF D. P/£o hsc .triangula dfe 

F. 4^ iknilia: ■ 
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Be frofortionc. 



iitnilia : imponi emm cenleatur angu- 

* Ax* 4* lus F anguloCjcnm hoc congruet ',ftiiy; 

autemcx hypodidi AC ad E F five 
G C, ficut BC ad DF five H C, ergo 
*2&. 7t. linea GH cft paranda*;. ergo & fi- 
^ 3^* 7 2. ni^e ''j ^uod crac demonflrandum. 



P.E.7. 1,6, Trian^ula tffe fimUa, qux habtnt du$ 

latera proportionalia & angulm hip^ 
ce oppe^tum tequalemi & oUm» ejup- 



B fint aequales, & E & A ejufdem 
fpedei, item iit A C ad C Bita £ F ad 
F D. pico hxc triangula efle fimilia : 
imponi emm cenfeatur tmngulum u- 
num, alceri, ica uc lacus F D. cadac ia 
CH, eritiinca £ D, id cft, H G pa- 
rallela ad A B, quia angulus H ex ny- 
pochdi cil xqualis anguloB% quia ve- 
ro H G eft parallela, erit B C ad H C, 
live f ficut A C ad G C, fed fic 
etiamex hypochefi eft AC ad F E,err 



m>' ^ * #1 

fAx»^ 10. ga G C & E F funtsequalia : ergo trx* 



angulum EDF eft sequale triangiilo 
GHC, fed lioc eft fimile triangulo 



•71?. 72. ACBS ergo & aliud £FD^q)V>d 

erat dcmon^randuau 

■ 



THEOREMA LXXVL 




THEO- 
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THEOREMA LXXVII. 
'Riangulum YtHangulm effe./tmilt fuis P.£.8»l*^'- 

fegmentis^ qua finnt a linea. ab angulo 
rtSo ad bafi» itmiffa PerPeadiaUari» 

clc triangulum redangulum A B C, 

cujus angulo refto B demifla, fic 
lioea B ti^ qua^ faciac ucrumque angu- ^ 
lum ad D reftum. Dico fegmenta, five 
triangula ADB&BDC ede fimilia 
toti triangulo A B C, quia angulus A 
eft tam parci, quam toti triangulo 
communis & angulus A D B eft re- 
^us, ided^ue a^qualis gngulo A B C \ ^ 2» - 
ergo jBc rdB^us angulus reliqoo a?qua- 
liseft^ ergo triangulum ADB» toti b^b. la,. 
triangulo A B C a^qmangulum eft ; 
crgo & fimile' : Atque ita probabi- c jj^^j*, 
tur de altera parte ftve tdangulo 
D B C : ergo partes funt {imil^ toti^ . 
9iod crac demonftrandum» 

THEOREMA LXXVIIL 

7rlanguU Utera ejjtproprtionalia^ fig- P^E.3*.L^»^ 
mintis bafios qu^ fiwit iUnea angth. 
Im oplojitm biJHicann. 

c It triangulum cpiocunqae A B C, dl- ' 

vidatque angulum A B C bifariam 
fihea FD. Dico ikun eft CDad 
D A> ita die latera CB ac B A ^ pro- 
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dufta fit enim A B in E, fitque E C". 

paralleU,]^^ P £^ ericangulus D B C 
i(2>< 9* xtyjatis angulo ^lcerno £ C £ ^ & - 

angulus A B D angulo interno & op« 
t^.. Bt. pofito B £ C ' : fed ei^ hypodiefi aiK. 

guli ad B funt sequaleS) er^o & angu- 

IdsEaogiilo B C& aBqaabscft» ergo^ 
^lbs i^^. & latera BC & BE funt a^qualia"*, 

ergo CB eft ad B A, iicut £B adv 
'-y^x* 10. eandem B A % fed hxc E B eft ad.: 
*>fJh. 70. B A, ficuc C.D ad D A '^, ergo C D . 
l^^ttjL^*. ad D A, ficuti CBadBAV SRodi 

ec«K demoQdrandumi. 

THEOREMA LXXIX. 
ftSlilx l*3^r Htiangultt atqui- alta ejfg 4d Je mutm ut.' 

^nt duo triangula AB C, DE^ x.. 
que alta five imer eafdcm paralle- • 

I^ h,^CQ^ iicut e(l b^iis AC ad balin.. 
lOtV^ lu eflie trisw^iluffl A B C acL 
. tpiangulum D E F. Accipiantnr eninr-'. 
tBiaii^ A£>Ci» ftv baik» A C xque» 
raulni)lices, vel un^ erunt majores vel;» 
uoa nunore» qu^ triangnlum Il£F^ 
'fl^.baHs D.F;: ii enim baiis AH iit' 
aB^Mlis. bafi. D.E erit & triangulum- 
5^27*^ ABH aequale triangulo DEF*': &: 

ifl^. % majoi; ^ vmot fit hafis» erit 
9; .triangiUum imjte vel minus, ergoi^ 

^KiftJb»^^ ifttriaiK- 
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galum ad triangulutn ' xque altum * 27. 
quod efac deoionilrandum. 

THEOREMA LXXX. 
THangitU tequalia, qua habent utnUff an^ P* i 
gulum tequalm habete circa hunc an- *• 
&tlm kttra rteiproci pritportionalia» 

cfnt duo triangula aK]ualia A B C & 
*^ F G H, cujus angiili B & F a:qua- • 
Rsfirit. D/Mitaeffe ABadFG,fi-^ 
ctid F H ad B €: produfta cnim fintr 
latera A B, C B, in D & E^ erit an- 
^us D B E (ibi ad vertieeni oppo- • 
fito C B A aqualis ergo & angulo ' tb» g;'- 
F ^ ; ergo artgulus F ipfi Bliiperinipo- •» Ax. 6, " 
fituscx)ngruet*': fit ergo triangulum '^.4^^« 
I>B£ ipfi GF H in ofimibtts aKjuale,* 
quia ergo triangula A B C, £ B D fiinr 
a^ualia, habebunt ad idem, fibilioer 

triangulum C B D , candem ratio- 

ttem " : fed ficut fefe habent haN! tri- ^ Aic* 10»^. 

angula, i ta fefe hahent bafes'«, ergo «2t>. 74r- 

etiam bafis A B ad bafiil B D, & ixSs 

£ B ad Bafin B C eandem rationenr 

Habenc ; fed ex conftruftione ipfi BD' ^ 

«ft «quafls F G , 8s ipfi BR eft 7ti- 

qoalis FH : ergo A B etjam eft ad^< 

» H, flcut F Had RC «jivJd. ejat ^ ax»i^- 

deawaftrasdum»" . " 
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De frofortioft^. 



THEOREMA LXXXI. 

TrUn^dn » qm habm unum an^dum 
4tq»atemy inter fi ratimm babirey qm 
$x lateribu componit«r> 

clht duo triangula A£C, CD £ rur- 
fiisita difpofita, uc ang^ ad vera- 
cem C oppoiiti sequales iint. Vico tri- 
angulum ABC ad criangulum C D £. 
haberc rationem compontam ex ra- 
tione , quam liabet A C ad C D, & 
quam habet B C ad C E .* ficuti enim 
e(l triangulum A B C ad triangulum 
C B D, ita fit F ad G ^ & mrfus ficut 
triaqgtdum C B D ad triangHlum CDE> 
itafk GadH; ci^o, per ae^ialitatem 

ltb»66, rationis',. ^e rabebit triauguium 

ABC adtriiangufom CDE, ficut F 
ad H , fed f ad H habet rationem 
compoiitam ex radoiubiis ktenmi ; 
quia eft F ad G , (icut triangulum 
^ ABC adCDE, id eft, ficuc ba& 
jfibk 7fib A C ad C D & rurfus eandem oh 

" ■ caulameft GadH, ficucbaiisBCad 

CE, ergo FadH habet radonem 
compuntam ex ratione ipHus AQad 

[ Dff 45. C D, & ipfius BC ad C E % fed hanc 

eandem radonem habent, ut jam 
onenfumeftjtriangula ABC&CDE» 
quod ciai; demonftraodttm. 

« • 

THEO- 
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De ^roporiiont. 



THEOREMA LXXXIL 
TriMida fimilia baben ratimm du^ P.E« 19« 

plicatam latmm homologorum* L 6. 

Clnt duo triangula fitnilk A B C, & 
CD£ rurfus ita difpofica ut anguli 
ad verdcem C oppoiiti a^quales iint. 
Dico triangulum A B C efTe ad crian* 
gulutii CD£ in duplicatd radone 
lateris A C ad C D. Sit enim F ad 

ficut ACadCD, &ruri]]s Gad. 

ficut BC ad CE, five AC ad 
C D, quia hxc , utpote in triangulis 
fimilibus funt in eadem ratione, habe- 
bit ergo criangplum A B C ad CD £ 
rationem compofitam ex ratione late- 
rum, id eft, ficut F ad H S fed F ad ^ Th. Zu 
H habet duplicatam rationem ipfius F 
ad Gfivelateris AC adktus CD% iDif.^^z., 
ergo & tri^gula, quod erat dcmon^ 
ilranduos* 



• IIL 
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IVL. . 

©E 

PROPORTIONEl 
Pardlelogrammorum' 

Alianimq^ Figurarutn. 

THEOREMA LXXXTin 
RE. 1. 1,6» FaralUloiramma ejufdm altitudinisr- 

inttr fe e(fi ut bafew, 

m 

^ [Mrallelograintittitfi ABCD 8r 

nlem eft^ter «ifd^ poraUelas. Dico 
haec inter fe efle, ficuti funt eorum ba- 
ics A D, £ quia iicati funt 'met> ' 
fe bafes ha^, ita funt triangula A B D, 
^fh. 7p. EFH'', qux fimt paraUelogranuno- 
< trt, ao» dimidia fed ficut fe habent dfc 

audia, iic fe habent cota five dimidio- ' 
2i. <<• ■ multifilices ergo fioit inter 
* itfx< 12* fimt bafeii, iGk£int parallf Inyamtna *^ 

^od erac demonflranduoi» 



THEjQU' 
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THEORBMA. LXXXIV. 
J^al^iloirajma. oi^MaUa , qu^e habent P* E» 14«^ 
unm angtdm^ aquilm^habm circa^ !• ^»- 
huu an^klm latira ncifrock frofor^- 
ticnaUa»' 

Q^Jnt duoparalldogRuinna A B C F S^- 
B D G E qusE fint asqualia, & ha- 
beant angulos ad venicem £ oppc^ 
tos aEquales. Dko eiTe latus A B ad 
BD, fiott £B ad EC : cum enini pa-^ 
raUd^nfnira fint 2E<jualia , erunt eti- 
ajn< «qualia eo»m dimidiji % red.tiim ^ Ax» ^s- 
fiiot IQ radone reeiproca latera ergo ^ 8o#- 
ft jam paraUeloficamma eorunk <ki- 

<]uodeiacdeiiiaiiftr^^ ! 5$* 

. THEQREMA LXXXV. 

tfiiuianiula paralUleigramma inttr fe P. E. aj^ 
ratknem habm^ q,m ex latmbks 

campnitur, ^ 

Cj^c aaquiangula parallelogramni? 
^ A B C F; & B.D G E, nirfus it« 



1 











pohtoshal 
IdogFSHminim A B C F ad parallelo- - 
grammum B D G £ rationem habere 
compofieam eic ncioiie , quam faabet^ 
ABadBD, & CBadBE, quiatri» 
aogula. A&C, 8cB£t£ iliam latio* 

VHSBOfSS 
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Bo proportione: 

nem ita compofitam ad fe mutno • 
^Th»Bt> bcnt ^ } ergo etiam parallelogtamma 
* 2^. 55. eorum duplicia % qiiDd ciar dcmon— 

flrandum* 

THEOREMA LXXXVI. 
Slmilia paraUeloiramma. habtre ratifi' ' 

nem dit^Licatm lamm homoloiOf 
rumi 

QlM duo ritmtia paraUelognimma *! 
^ ABCF & BDGE, rurfus ita 
difpofita uc anguli ad verticem B op- 
ponti asquales fint. Vic» parsdlcldr 
gpmKnum A B C F & B D G £ efle in - 

• ratione duplicata kiserft A B ad B D. 
Dudis cmm diametris C A & D E; 
quia ergo cx hypothcfi latcra A^B, 
ED, BC, B£, fimt proportionalia, 
ft angultts ad B zqualis s cnint trian» 
»21,-8,. -g»la ABC & BDE fimUia% ideo- 
^ qQecnmtindttplkataratioiielaterum 

homologorum, id eft lateris A B ad 
£D, crgocruntctiamin duplicata rii->-< 
^th»ii* tione triangulorum duplicia\ fcilicet 

paraliclogramma ABCF & BDGE^ 

quod.erat demQndrandum* . 



T:HEO- 
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THEOREMA LXXXVII. 
TwaUtloirammA eirea eandm diamt- P. £. 25; 
trm confijlere , qua funt fimilia & 1,6, 

fimiliter pofitay ^ eommmn babtnt 
aagulm» 

clt paralklogrammum ABCD fimi- 
le, fimilicerque poncum aim ipfo 
A E F G, & lic angulus B AD com- 
tnunis. utnimque paraiielo^m- 
mum confiftere circa eandem diamc- 
trum A C. Si cnim poflibile fit, non. 
iit A F € diameter fed fit illa A H C : . 
quooiam ergo angulus A E H. xqualis 
cft angttl6 A B C», (funt enim ex » ^a^, 
hypocnl figur« fimiles") eric linea E H 
ad lineaA B C poraUela^ ergp eft ^3^.4. 
triangulum CBA fimile triangulo 
£ H A S ergo ficuti B A ad £ ^iic • 7^. 72. 
.EC ad EH"j fed exhypothefr ficuti ^DiUKA» 
BAadEA, icaeftcciam BCadEF, 
ergo E H & E F funt a^uales % pars e gf^ 
toti, quod eft abfurdum , ^go non 
A.HC, fed AFCeft diameter:q»tt>d 
crac demonftrandum. 



THEO. 
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02 De frop0rtio»e» 

THBOREMA LXXXVITL 
P. E. ao. MttltiUtiras figuras fmilts , in aqne' 

midta, triMgulA fmiiiA fojfe diviM, 

» 

C Int figunK multilateraE A B C D E , 
8e F G H I K fnniks, riique angn-^ 
lus B acqualis angulo G, & fit laeiis" 
A B ad G F,ficut BC ad G H, & fic 
decaEteris. Vlco trfangufuni' ABC- 
fimile eirc nciaogplo F G ti a cum 
Bim anguliis t 0t aeqnalis angulo <*• 
cx hypoth. & hunc circumfkm latera. 
propordona&a, enitic triangub ha» 
f2!>. 7$. i^ami^f at<yie ideo habebunt later» 

omida proporaonf&i : jWitecpro- 
Ififeitur trianeulura A £ D fitnile tri* 
angulo Ij & triangulum CAD 
ipfi. H f ty ergo figur* fimiles dividr 
poffiint ia triaBguIa a^tiuemuk» & 
. nuUa, c|,uod erat demondrandum. 

. .THJEO REM A tXXXIX. 
F. E. 20. jpi^as mm fmiles eftJit d^Uaata. 
k 5* tAtim lattrm bomoloimm 

* • 

Slnt figura? fimilcs,ut priSs,A B C D E, 
FGHIK. Dicfl effe ad fefe mutuo 
in duplicatil ratione lateris AB ad F Q 
fMn n^m enim iriangulum A-B C eft 
•a. 88. tnangulo FGft*i.en««tt h«c 

^ * * ia duplicata rationc Uteris A B ad 

FG'», 
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De prop0rtioHii 

FG^ rurfus quia trkngulutn A CD 2t>.82* 
^ile eft triangulo F H I,cnjnc & 1i2ec 
iii dupiicaca ratioae \mm CI> ad H J, 
iwc, quod idem eft , B A ad G F 
Cqaia haec iunc proportionalk} fed iic 
etiam pr(^)anti]r effe triangula A C D 
& FHI in .<ki|rficata radooe ipfms. 
A£ ad F G , ergo offlnet partcs fin^ 
^a»ad fingulas funt in duplicata ra-. 
diMic Jattas- ABad FGH «rgatoaim» 
a4 totunn erit iu daplicata ratione la.- 
K £«l F Gi 9»d entt demoil* 
(liandum. 

Fy»p«rtt9naUs effe figuras fimiUs (tmili' P. E. 20. 
«rfM dtfiriftM ^qpiUm. Ums po^ \»6*. 

, pffrtionalibus. 

gJTt ABadCD^ ficiic £FadGHv 
> & iit figura quxcunque AI Biimi* 
figurx C K D. Sitque %ura £ IVI 
^ita»/fgttr» G (X 2>#Vtf figunun A I B: 
efle ad figuram CILD, iicuci efl 6- 
gMra £M ad %uram GO: quiacnii3 
tfiangula, quam parallek)giramma funo 
19 iwj^Iicaca ratiotie (hmihii hmniiii) 
homologorum, fcilicet lateris A E ad . 
CD, &laieri& £E ad Gtt^ fedi»- 
tioipnus A B ad C D efl eadem,quae 
efi ij^u» £F ad GH exhypo&i^rgcr 
etiam h«c ratio dupIiGita * i ergo fi- a ~ 
9ivae hx fuBiles fimc in eadetn raticMie» 
quod erat demoaflranduiu. 

XH£0.- 
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84 frofortiomi 

» 

THEOREMA XCI. 
9. £* 33. la circulis aqualibus in ladem ratione^ 
\^ 4, e(fi angulos pert^berias, qulbus hi 

anffUi infifiunt» 

clnt duo drcuU xquales A B C 8r 
*^ EFG, &angulFadcaitruinBDC 
8c F H G. Dico i. ficut funt hi anguli 
ad fe miini(Ma efle & arcuffl BCa^ 
arcum F G accipiantur enim anguli 
B D C nmldplices. & aeqnemultiplices 
ipfius bafios BC. Si efgo angulus 
M DC ik aequalis ipfi an^o F H G, 
ofit & arcus MBC asqualis arcui' 
^ Tlb. $8. F G *>, & eandem- ob<»i^ diun an- 
* gulus M D C erit major quJkm angulus. 

F H G, ertc quoque amis MBC ma^ 
jor qujim arcus F G, iimiliter minof 
dumangulus ille fiierit nunor. Erjgo^ 
funt in eadem ratione juiita definyo- 
nem 38. quod erat demonfirandum. 

Dico 2. An^ilos BAC & FEGv, 
jpti funt ad peripheriam fimiliter effe . 
in eadem> radone, in cpn te arcus^ 
. cjuibus infidunt, quoniam enim, ut 
pm ofteniiim eft, anguii ad centrum- 
iimt inter fe, uti bafes ; fed anguli ad 
oentmm ^ui itfdcm arcubus innftunt, 
iknt dupli angulorum ad pcripheri- 
^lh. AQ, am < ied ficut fefe liabent dupla, ica: 

fefe habem fimpla ad iimpla, ergo an- 

guli 
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J>e proportioHe. 

'gttli ad peripheriam fefe habenc fKTuti 
anguti ad.centruni, fed hi ieie habent 
nti arcus , ergo etiam angufi ad peri- 
pheriain, quoderat deaiodfaraiidun]. 



CAPUT V. 

D£ 

POTESTATE 

LINEARUM. 

T)EFIN1TIDNES, - 

^'j.T^ArallelogrammorHm aKa iunt 
X redangula qiias habent ang^^ 
Inm reftum, c}ua?que contineri dicun- 
tur fub duabus illis lineis redis» qu2 
liQiie angulum reftum condHene» ^ 

58. Quadratum eft redangulum 
quo4habetomnhilaceniaK)ua!ia, idetfi^ 
^Hi tantum mm latus cognofcere opus efi^ 
ift totum quadratum cognofcatwr^ feeus ac 
in aliis redangulis^ altera parte lon- 
'gioribus, in quibus duo Utera exiguntut 
ad totiks n6langHli cognitiofiem. Vnde 
per pocemiam linea^ redae iHtelligitur 
qnadratm illud quod ab ifia tinea fieri 



'SS fotefiMH . 

59, Parallelogrammorum alia non 
<luu: redangula» qaonuQillud quod 
habec omnia latera ajqualia , vocator 
mKMnbisf ftlioadxudcfi yero quod 
«lam habet lateraTiMBqualia. Trape- 
'zia dicuntur caeterae figunt ffiad ri ]a(c> 
4»eiion parall^lpgraowxt 

• • • - 

Potentia Linearum 

DiverCmod^ Sedtarum. 

THEOREI^A JCaU ' 



clt reft^ngulum A B quod cou«nea- 
^ tw Oib aa«a («a» AC, &nQn Te. 

A D i & fmt reaangula D£Jp G, 
M Q. im» fiib fcigaMom A E,^ Q)0 Q 
& fubnon feftS A D, five lil»^ E P. 

liRentur, piw redangulynn A B 
aangulis AF, E H, G £ xqwOe 

tttpote 
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utpote parces tQti", ^uod er« ^^-^Ax. 5» 



THEOREMA XCIH, 

Jle^aniulm fub tota. & mo fiimtnto-^V.Z*^»!*^ 

drato, & reSfanj^o (Ofitento /£fr(fc- 
quefesmmto» 

cTt reftangulum A £ compre.bsafiira 
fiib totd A C & tmo l^tijentQrMiii 
D C, five B C, hxc enim fupponuft- 
tur ^<|aalia, quia P Q eft qiudraty.nn, 
ideoque reftangulum A E continebL» 
tur fub utroque f^menco fi^ A D §1; 
D C , five D E. Dlco reftangulmn 
AB elfe xqi^l^ qiiadnitp D^Uf^f 
^angulo A E ; utpote p^rce? tO« \^ Ax*^* 
quod ejH^t detpqnftr^ut|U 

THEOREIiiV 'KaV. 
^adratum totius aquate ejfe quadrntis P. E.4. 1.2. 

fi^mtntorm & 4itokm Xi^9£Uli^ 
tamprehfnfs Jiib fe^m^Sih 

& quadr^W ^ B., qtiod k tot? A C 
defcribityrj rurfus fipt qi)34.r^. 
A f)iD B, quz defpribontMr ^ fe|[tT)ien- 

tis A E & E C five D F "»5 itaaue b ti. 



1 




• • 


1 



1141 1 iMi^ma n. r oc u \jf ijuid iiciii- 

|ieiou A G «ft xqualis itti AC% & e n^r .0 

AE ^ ^ 
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BB Depotefiate 

A £ ipfi D £ & D H. Dico icaque 
quadratum A B dfc xquale quacbrads 
AD, D B, & reaangulis EV & H 
utpote partes tod } quod erat demon- 
Arandum. 

tHEOR£li!A 5tCV. 
^.£.7. l2* Quadratm i & uno fegmtiitwuM 

defcriptum aquale ejfe duobus re^ait' 
gulii eontentis fub .tota & ijio feg» 
mento & infu^er quadrato alterius 
feimentim 

« 

Cit quadratutii A quod I cota linea 
AC defcribitur, & A D quod dc- 
(critdtur k fegmento AE, itaque iit 
^cbwnin DB, defcripnim ab ilcero 

f rt. 2p. . fegmento C£ five D F ^ , iceiti re- • 

mngula A F ft A I coiidnd>uiitur 

** Deft $8. fub tota A C, five A G % & priori 

fi^mento A£iiveAH. D/Vtfquadra^ 
ta A B & A D scqualia efle duobus re- 
^Btangulis A F ^ A I»& quadrato DB> 
'quia ha^ Omhia fimul (umpta, utppte 
partes efiiciunt quadratum A B, & in> 
fuper quadratum A D, fumiror enim, 
ut patec , quadratura A D bb in re^ 
dangulis A F, A I, ergo hxc erunc 
^uwa» quoderacdeoionftranduin. 

f 

tHEO- 
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Unearuoi. 



THEOREMA XCVL 

QjiAtMr re£taniida fub totn & mofeg- P,E.8.-i.-2. 
mentorm cum nltmus fegmenti qua- 
drato aquatia effe quadratot quod i < 

- tota & friori fegmeritOi tanquam ab 
ma linea defiribitur, 

Clnt quatuor reaangula A B, BC, 
£ D, B £ oontema fub tota A F, 
& legmento F G, & lit alterius feg* 
fncnti A G iive D I, quadratum D E. 
Itaque defcriptum erif quadratum A G 
fuper A^' & F L , ^ G F : hsec e- 
nim funt asqualia, quia G B & B L funt 
yadrata ex hypoth. D/Va itaquequa- ' 
aratum AC xquale efTe quatuorre- 
itangulis A B, BC, BE, BD, 
infiiper quadrato D E, quia hxc func 
partes omnes toous •dempa parte 
B L, fed huKis loco fumptum eft bis 
quadratum Bl, qood quadrato BL 
aeqtiale eft, quia utrumque eft xquale 
quadrato B G , ergo h«c omnia tm 
«quaua, quod^fat dcmonftrandum. 
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De f0teftate 

THEOREMA XCVII. 
iF.£t 5*l*2k ^liuidratMm faSlm Ji^ dlmidia aquaU 

t jfi i ^ nSUngnh tpnd fit fi^ feg' 
mmtis iiuequalibus totius, & qua- 
dtatfi quod fit tb ftttmuMa fe- 
iiione» 

« 

clc reAangulum AB contenmtn fub 
^ regfflent§l A &CB fnre CD 
^fupponitur enim BD quadratum^ 
iitqtte D £ qwHlriftuita fii|>ni «Uoodia 
parK ipfius A D, fc. G D, itaque fit 
\Ht.29* B £ quadranim fupra BF^ iive CG% 

fcftione fdlicet intermedia. Dico re- 
^tangufatm AB , & quidinRiim B E 
effe xquale quadrato E D. Sublatis 
eium iis «pUE cominunia funt, qux re- 
ftrtt reSanguki H C, G I intcr le func 
cqualia; qoia fiaee qubus hzti 
reftai^hi eoiuinenftir fuht x^pKiieS) 

♦ Dtf 58. fcilioet D H fivfe D G \ ipfi G A e» 

* Def. $8. « €D ip CBS fivt 
"^thtZ^, G F ' ) erso quadratuni totum G H dl 

z^nfe reasmguh> A B .tfOsSstm 
££« quod em demonftranduffl* 
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THEORfiMA XCVUI. 
HuAdratA figmmmm ituequaUm iir- P.E.9«iL^ 
fliclA efft qaadratorum, qune fiunt i 
dimidia & Snurmtdia ft&iont» 

SIc quadcatum AB&BC qux^dft 
fmc fupra inxqualia fegmenca C D 
ScD^E, i]V£ BF% &^iic &auin qtu- < tb* ftj^* 
draoim A G, fupra dimidia £ H live 
QX, Scita ia&um iic <(ua4kaaKn GB 
iupra incermedia fe&one H D iive 
BL. Dico quadiata AB, BC e(!b 
jduplida quadratorum A G, G B, 
^ua (jpiadracuni AB efl ^eniel x- 
^uaie quodraas A G 8c ^ Bt Seittfii^ 
Ipcr abuodac jre^tangulis G M & G 
td eA, re&u^ 6 D & LO (quia 
lineas, fiib c&abus QdntiiieQcur iixc rcr 
ftiiiHili , nmc «quales, iaSaaet 2 G 
IpTi G N, & G N idl GO, & GJL 

G 0. <3ui ^ addamr quadracmn > Dfj^ $3. 
£ C habebicur xurius quadratum G E 
G C five G A» «fgo quadrata A B» 
4B C func duplida quadracorum A G, 
'GB» qaod a»: ctoinwiftrandttin. 
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^2 Depateftatc 



THEOREMA ^CIX. 
P.-Erio. Qiiadratm quod fit h tota. UntA & ad- 
8« jeSla em qnadrat» faSo ab adjtBa 

fimul duflicia effe quadratorum^ quod 
fit k diuiidia^ & ,quod fit ^ dimidia 
xum adje^a. 



quadratum A B, foper tota linea 
D£ & adjeda £B defcriptum» 
^itque quadratum B C dercriptnm ftt- 
per adje^ linea E B, & rurfus iit^ua» 
Hdratum BF deicriptum fuper dimi» 
-dia G £ & adjeda £ B , & ^uadr»» 
tnm F<: fiiper «btnidia G £ iive 

^Hh» 2p» ^ C \ ^^1^0 quadrata A B, B C iimul 

duplick cffirquadratoruin FB&FC, 
quia quadratum A B continet femel 
quadratam F & FA iive F C (utrah 
que enim excitata funt fupra dimidia 
G£ & O G) & infuper abundac te- 
aangulis F D, F I, id eft, F E & F L 
(quia iinex fi^ quilNiscoQtiiientur haec 
re^ngula iunt xquaks, F G enim & 
F H eaedem perfeverant', & F O eil 
aequalis ipfi F H, & F Mipfi FN)cm 
fi demwn addacurcpiadratum C B,*ha- 
bebitur rurfus quadratum F B & qua- 
dratum F C,er^o q|uadrata A B&CB 
limul funt dupbda -«luadratorum p C 
^ F quod erat demoi^hraoduffl. 

j^. II. 
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POTENTIA LINEARUNf. 



Proportionalium & laterum 
' Triacguli, &s. 

¥ * 

THEOREMA C. 
HnSaniulm fub mtdiis linearm propor- p. E^' 
, tionalium effeaquaU n£ia,ngulOi quoi 

. fit fuk ixmms* 

clnt quatuor lineae proportionales, id 
cfti fic A B ad B D, ficut CB ad 
B£. Dieo K&sa^liim CD, quodfit 
fub mediis, aequale efle redaneulo- 
A £, quod fic fub excremis : quoniam- 
enim redangulum A D & rcftuigu- 
lum C E habcnt circa eundem angu— 
lum B duo latcra propordonalia, fei- 
licet A B ad B D, ficut C B ad B E, . 
erunt haec fimilia % ideoque oonf^ent » jygf 
circa eandem diametrum H B ^ erit . t» n i^- 
ergotriangulum HBA aequale trismr ' 
gilo H B D % & eandem ob caufam.^* Tth 29, 
erit triangulum HG.Miequalc trian- " 
gulo H G L, & triangulum GBC,tri-' 
angulo G 6 abbtis ergp aequ^libu» 

G. j, reilac* 
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^4 Depatefiaie 

reftat reAangulutn A G acquale re* 
^ dx. 8. dangulo G D * , rurfufque addito 

conimuni C erit A £ arquale ipfi 
CP^ quod erac demonArandum. 

T?. £• j|. THEOREMA CI. 

Jn trianiulis uClangidis figuram qua fit 
i Unea nSIm angulum fkbttndente 
aqualem effe figuris fimilibus qjm^ 
Hnt a reliqHis latiribus. 



s 



It triangulum reftangirium AB-C 
^ieo ftguran» A£ quadratam 
five quamcunque quso defcribitur fu* 
pra iacere A anguium redimi fiibH 
tencknte xqualem eiTe figuris F C & 
C D fimilibKis y & fmiiiiter defcriptis 
fepra lateribus A C & C B : dimill* 
iit enim perpendicularis C G , quo* 
niam ergo A B, B C, B G fiint tres 
^Th.'ji. proportionalcs ^ 5 habebit fefe figura 

A E ad figuram C D, iicut linea A & 
^ Ti. 82. ad B G ^ } & fimiliter eandem ob cau- 

&m(efehs^biteademfigQni AE ac| 
jSgpram F C, ficut B A ad A Gj er- 
go fefe habebit figiura A £ bis wmpta 
ad figuram FC&CD; ficut AR 
bkfumpta ad AG& GB^ fedluoi 
A B femel fumpta eft aqualis lineis 
AG8^ GB$ ergq 8c figMra A E femel 
fumpta a^qualis erit figuris F C, C D, 
y od crat d^monilrMKlam. 

THEO- 
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THEOREMA CII. 
J» triangulif aeutai^iUis qitadratim^ P.E. 

• quodfit i Utm angiilum acutiim fub- l. 2. 

• Undtntt Minu tp quaditatis nUquO' 
rm latmm. 

« 

c It trlangnlum acutangulum ACB, & 
^ ab 40gulo B dinuna fit perpendi- 
cularis. Dlco quadratum A £, quod 
fic k lioea £ A angulutn acutum fub- 
tendeme deficere j| quadyatis A F, 
B G penes reaangula D £• & H N>> 
ihre, quod idem dt, penes re^aiigu- 
lum, quod fit fub C D & C A i)is, eft^ 
eniiii angulus ad D re^us, & quadra* 
tum £ C xq^e quadratis £ D Sc. 
D C, ideoque quadraoiffl BA eft 



quale quadratis D A & B D', fed qui- f 3d&, jci 
dracum C A oRcedic quadnKiim D A " ^ 
gnomone D F N, & quadratum C B 
cKcedit quadratum BD qoadratoCD 
fivequadrato FL-, ergo utriufque ex- 
ceiTus efi quadratum F L & gnomon 
DFN, id eft reftangulum ACD- 
bi$» q^od erat deiBonilfandunb 
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96 De potejlate 

T H E O R E M A. Cm. 
1 2. U triangulis obti^angulis, quadratum^ 
\, 2. qkod pt a latere angulum obtufm fub- 

ttndmtey majus effe ^nadratis reU' 
quorm Ifttetum. 

clttriangulum obtalangulum A 
^ & ab angulo B demifla fit perpen- 
«ikularis B I>« Dico quadratum A B 
quod fit a linea A B ang^um obcu^ 
fiim fubcendente exfuperare quadrata 
A C 5 C B, penes reaangulura A 
CF^. id efl A C D bis^ quia quadra* 
tum A B xquale efl quadratis A D, 
B D } fed quadratum C B eil aequale 
quodratis B D & C D i ergo exceffiis 
quadrati A.B fupra quadratum C B 
eft gnomon C H F, ex hoc fi fubtra- 
hatur quadratum A C, id eA HG» 
erit eKcefliis quadniti A fupra qua* 
drarum A C & C B redangulum A 
GF five ACD his, ^iod eiat de* 
qionfbrandum. 
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THEOREM A CIV. 
JHtrUngklo aniulum tjje te£tm^ qutV.E. 4iJ$*^ . 
fuhtmditur a latere^ cujas quadra- l. !• 
tum i^.aquaie quadratis rdiquorum 
Utirum.^ 

Clt triangulum A B C , in ipio qra- 

- dracum A D (it x^iale quadratis>- 

A£ & G^. T>ico angulum A C B efle . 

re Aum. Si enim non fit re^tus , erit 

vcl aciitiis, vcl obtitfus. Si iitacutus, 

cric qiiadratum A D minus quadracis 

A £ & G F \ Si ivc. obtufus, erit iif- * roa^ 

dem majus ^ : eigo angulus A C B efK* 7b, lojr: 

icdus» fttod ccat defflonilrahdiiiiu. 
■ • • 

• • • 

THErOREMA CV/ 

JUS^nguU^ quafiuntfub figmmtis dua- P. E. J^f^- 
: ' Yum nRaxm fefi in circulo ficaMium^ U 3». 
iequalia e[fe. 

ol fefe fccent A B. & G D in E; Dici> 
. P .rc(£taogulum, quod^t fub C £. Se 
£D, aEqHalc eireilH,quoidfic fubB E 
& £ A. Du^ae enim fint lines BU 
&AC, eruntanguli CAB & CDE- 
atquales% fedangMli A£C.& BED aTj,, ^^, . 
fiuit a»qualcs ^ ergo triangulum B£'D. «» •jth. 5, . 
eft fimil6 triaingulo A E C % ergo fi- < Jl), 72.: 
cuc BEad G£, «a ED ad E AV*!)?. 73.^ 
crgo redangMluffl, quod fit fub c^itre- 
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tnk £ £, £ A« eft aequale illi, quod ' 
iQo. fit fi»t> mediis C E, E D % quod erat' 

" ^ detnofliinuiduiQK 

THEORENtA CVf. 

E;,3^t.. ,Ri(iangj4lum fub tota fecante ciYculHm^i^ 
U35> & fub.Parte^ qu4 eidem adjeSla e^ 

kfqui Mt pnkum extna circulum a qu^ 
duciti^j.Mmli.iffetangenHs qm* 

cltae pttiifta A^^iida A*l> qiatat* 
^ cdkaa tangat^ & alia A E qux 
dAcrinm feoett 2>#m tcAimgukim 

ArC> & AE flBqtiale effe quadrato fub^ 
AlD triangiib EAD^* 
Amt (imilia : quia habent angulum ad 
Atc^ninrnaem, ft aiigKita& A D £ dl^^ 
«cl^alK ipii A C I), quia A D tanme- 
diculim, 9c aoeiilus A^CD eft in^ 

l^^^fH ^^^^^ fegmenta^ ergo ficut A C ad.i 

AD^ ifii.eft A D ad AEe». er^ re^ 
dangMlumj quod fit fub extremis AG: 
8t AE^cft/xquale iUi qiiod it ifiib me- * 

i^^igo^ <ii&, five quadrato fob AEt^j qjiiod: 

ccat: demoiiftcaiidiiiik^ 
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CAPUT vr. 

D£ 

SUPEKFICIEBUSl 

DEFINlTSONES, 

^o.T Inea reAa ad phmun eft • 

neas, ^quibusiUaqmgicMr. qui^eiii/ 
propofiico func pliiix)> te^o^. aQgMlo& 
.cffictb 

61. ReAx linex ad plaimm incli- 
attio futotcur, peoes an^uin, qji» fic ' 
ab eadem linea, & ab illa, qwe ab hu" • 

extretoo dttdkur ad pundun) ijilMdr • 
inquod perpendicularis ab illa linea:: 
demt(]b inddic 

62, Plaaum ad planum re^um ef!, . 
qood ducicur per lioeam perpendictt'' • 
Inem ad planunu 

6^, Plani ad {^anum mclinatio iu^ 
nmur penes angulum, qui* fic k lihei» . 
ad communem incerredjonem perpen' - 
dicullaibi& 

64, Plannm ad planani finulicer in^ 
4&Htiini effe didtur, acqiie alttrum ' 
ad alterum, cum di^i feaionum a»- - 
gnii ioter fofiienm xqi;aiies» 

6$,. Pa«- 



foo De fffferficietufi 

6^, Parallda plana (unt, 912 inter 
ieixm cDnreniuiib 

~ 66. Solidus angolus efl , qui conr 
tiaetur fiifidrfid^as ad & mutuo in- 
. dinatis. 

• • THEOREMACVIL ' 

P«E.iil.il% iR<^ lUtetepartm aliquam-Mn ejfe 

fubje{la<flanOi aUain fubUmi exi" 
fieate^, 

^ partem A B non effe in fubje^ 
plaoo, & aliampartem £ C in fubli^ 
mi. Si enim hoc fieri poflit , fit ita, 
podueaturc^e ifi fubjeao plano A B 
*Bi cim^liiiea Mi) -KAa ex- coih 
iiik & A B C ex hypv ^go ha^dus 
' litMae redae h^bunt (egmeiitimfr A« 
l^Ax^ !• teommune, quod eft abfurdum % ergo 

tota linea ABC eft infub)edapIaiK^ 
^od erat demonftrandum» . 

THEOREMA cviii. 

tJ^xlihf^Jiiias-^reiSasjtfemflM fttaktes i» 49dejik 

flano-eJjU ' 

clnt dua? reftae AB, CD, qu» fefe 
^ fteentinEk Dico HUs in-codem 
pl^no efle. Quia ex definitione §. fit- 
' ferficks plana eft , • qus inter duas li- 
fefc fecantes cd ommumbreviili- 
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Be fuperfichbus* tqi 

tna» ergo qux inter C E & E B, e(l 

«miuntn breviflitna, ergo C £ & £ B 

funt in ilb plaho^ergb & A E & £D, 

^ffii EDnon poteft efle in fiiblinu '^, ^lh^ioj, 

ergo CED & BEA funtineodem 

plano, quod erac deaK>nilr»dutn. 

THEOREMA CIX. 

Om?ie triangulm n&ilmum in w- P.E.a.Iar* 
dm plaMm 

* 

clc trim^Ium re^^ilineum C£ B. 

B/co iUud efle in eodem plaho. 
-Quia du2 G £ & £ B funt in eodem 
plano-*.' Si ergo non lit C E B, fit in » ifc. io8. 
eodem pbno a£a linea re^a C 6 B ex ' 
pufiAo' 6 ad :pundiim- B dtifta-^ fed 
C££ ex hypir efVreda, ergointer 
duopuR^ c(mfiftenr>daB>liBeK- re^ 

ffiod eft abfurdum ^ y ergo to- ^ Ax, U- 
tum trtti^faffl C £ B eft in «bdem 
plaao, qu(^ ecat demoni^randum. • 

"raEOREMA CX. 
9uas liiuas faralUlas in sedm fUm P«C«7*I*l 



clnt duse parallela? A B, C D. Dico * 

iUas eik iii^odem planoi Buftas 
enim fint E F & G K, erunt ha^ in 
eiKkm* phao «Ted in eodem fant tri^ ^ Th. lo&r 
aflgula ELK^& G h ¥\ fed inque ^2??# Jop*. 

plaoQ 
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K30 De fttperficithui* 

6^, Parallda plana (imc, qu2 incer 
fe non comreniunCi 

~ 66. Solidus angolus ed , qui conr 

tioenir fii^ji^dews ad fe mucuo ki' 
. clinacis. 

• • THEOREMA CVII. 
P»E*I«1*IK Bl^ linta fartm aliquA» UM tffe 

fubje£ia< plano, alia ia ■ fubUmi txi" 
fieatu, ' 

cTc rubjedum pbunun A B. D/VHineae 
partem A B non efle in fubjefto 
{dano, & aliam partem £ C in fubli- 
mi. Si enim hoc fieri ooflit , fit ita, 
podueatttrc|ue in fubjeao plano A B 
Bi «Rfrlioea A»&i> •wda ex- con- 
^ & A £ C ex hypi ergo hf&duas » 
. Imeae re^ h^bmu: feginentuffl> Afi 
^Ax» u eommune, quod eft ablurdum % ergo 

tota linea A BC eft in fubjedo phoo^ 
9iod erat demondranduffl* 



THEOREMA cviii, 
CyLa.Li I» : Buas-re^lasjefe mitw fdsantes 494e». 

clntdua^ reftae AB, CD, qua» fefc 
^ &eencin£i. D/f » iUas ia-eodem 
plano eiTe. Quia ex definitione §. fiN 
-ferfieies planaeA , qus inter duas li- 
fcfc fecantes eit omnium breviffi. 
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De fHpcrfichhus* xoi 

HH, ergo qnx imer C£ & £B, eft 

otmnhjm breviflTima, crgo C E & E B 

funt in iiJo plaoo^ erg6 & A £ & E D, 

quia E D non poteft efle in fnblimi \ ^ 27;. 107,. 

«rgo CED & B£A runtineodem 

plano, quod erat doconftranduin. 

THEOREMA CIX. 
Omm triangdm fUtiUttium t(fe in to» P*£«a.I.i r. 
dtm pla»o» 

clc trunguluffl re^ilineiiffl CE B. 

Bica illud eHe in eodeni' plano. 
•^lda duse G £& £ B fuflt m eodem 
plano-*. Si er^o non lic C E B, fit in » jj», io8»- 
eodem pkno alttlinea rediUI^G B* ex ' 
pun^o € ad 'piinAuni B du^a^ .fed 
C£B ex hypr efV» re^, .crgo^ifloer 
duopun^a coniiAcnt d»x linex re^ 
&e, quod eft abfiirdum \ ergo to- ^ Ax, 
tum triangulum C £ B efl in eddem 
pIaH(^ 9Kxl ecat detnoaflcandum. 



"TjHEORE-MA CX. 
^as lineas ^aralUlas in todem ptanv P.£.7*I^f. 
" ifft* ...... 

clnt dux parailelae A B, C D. Dico ' 

iU» efllif itkeodeitl pbxm, tki&x 
■efiim iinc E F & GK, enint hxin 
codem- pb»o\ 4ed in eodem te tri>> * Ih, 108^ . 
aggula £(LK-& G LF**, fed in^ue Ta» io$.. 
- j plano 
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102 De foferfieiebm^ 

plano efl pars linex E K, in codem 
fllMo;. eft tot» Unea A B % & Mlicer in 

quo plano eft pars G F in eodem eft 
^ota ED^fiolioez AB&CD fimc 
in eodem plano, quod crat detnon- 
iliandiun. 

THEOREMA CXL 
l^E ^hiu Duorum plattorum fe mutuo fecantim 

cmmmm intaft^mm s^iuuam 

Clduo pboa^ AB & CCt fe fnutuo 
^ receoc. Dicd eorum conununemiaK 
terftdiooeai E V «ife lioeani redMib 
Si enim uon fic reda , in plano A 6^ 
dttdsi & tcdsL EG E: - nnailioer m- 
plano C D , fit linea E H F, er- 
go ifiter duopuoda eonfiflent df» li* 
^*Ax» I* nea? reda», quod eft abfurdum ergo 

«onununis aiKriedio £F eft lisKSif 
re^ quod ecat deoiQnftranduni. 

THBOREMA CXIT. 
P;E.i5. j^m planm» parallelatm - altm 
l^tu plano feStorm interfeSionem tffe pa^ - 

raUtlam» 

cr duo ^jna paraHel^ (ecennir alia- 
-^ano. Dieo eorumiiMeifeAiotiefli ■ 
AB, CS> paiaUetom eil& Si enini 
K» fic paiaileila, «mciinRttiaEjerga 
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9t pkKdn GF9 in quo confiitit tinea: 

A B venit in E, fimilicer & yhmm 
. K L, in cpjoex^c C pertingetui 
E, ergo plana hxc non funt parallela % f Def, 6 5» . 
quod eft contra hyp. ergo interfedio • 
A £ & C D eft paraHek, quod erac 
4(enionilrandunk . 



THEOREm cxm; 

Ijneam perpeHdicularm ad duas Uneas P»E.4U*i> 
fefe fecantesi ad plaitm fMfM ferpea^ 



cIbc dtts $nae CB, qusefefei 

^ fecent in B, & ad has perpendicu- 
khris fic DB. DiM ^aataat D B i 
planum quoque perpendiculareffl elQe. 
Sk enim, ft fien potefi^^D E perpeM 
^cularis, & ad B £ perpendicularis^ 
EF, quxiecet 0£ vel£A i»F,eric 
quadratum F B a»]uale quadratis B E, 

£F% fiouikorqiiadnuiMn D Baequ^e * 2jb. lor*^ 
quadracis D £, £ B-, fed quadratum " 
F. D xquale eft quadiatis FB & DS^ 
ergo & quadratis £ F, & B E, D E, 

ergo quadratun F D nn^ eft qMS-- 
drato £ F & E D,ergQ angulus D E F 
noaeft redus'» , ergo D £ non eft b ^q^^ 
per peo^cularis ad phnum, ud aflere* ' 
botur, crgo perpendicuhcis eft D^^. 
^Hod entdanooftrandiiai» 
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104 De^fHperficieburi 

THEOREMA CXIV, 
F.£.$J*il. Tn$ liiuasy quafunt ad angulos reBof 

uni lintai ejfe i». eodm flano» 



clnt tres linea» A B, A C, A D ad ■ 
^ gulosreftos ipfi A E. Dico illas. 
effe in eodem plano. Sunt cnim A D, 
« 71). 108. A B iu' eodcra plano % &ad has per- 
fBl 1 13. pcndicalaris A E *, fi crgp non fit 

A C, duaiun fit planum per A E & 
A C, cuiiis communb incerfedio. fit 
« Def» 5o. A F, erit ergo angulus F A E reftus % 
. fed &teaus^ cft e^^hyp. C A E, ergo 
pars erit ajqualis toti , quod eft abfur- 
dnm, crgo trcs liaeae, AB, AChAI^ 
funt in eodem plano^ quod erat d©" 
monftrandiBn. 

THE0REJ4A CXV. 
Pi£.8«l*ii* Ziwwww parallelarm, qnando tm^eft 

prpendiculaxis ad flaaum t.tfft &t 
. altetam, ' . . 

'jQlHt ptrallete AB,<G1>, «cperpeii» 
dicularis fit ad pUmim A B. Dico 
ft.C D cfle perpcniditulaiem. Si noa^ 
fitperpendic. D E,.erit ha?c inplana 
fD^f.da. redo AB DC»*, fm minus, fit 

jia, .ci^o planum ABDC non tran- 
iit pernanc Hneam perpcnd. D.E,cn» 
gg planum A 6 D.C oon cft re^um 

ad 



Digitized by Gooj^le 



ad fubjedum planum ^ quod efl con- ^Def, 69». 
tra hyp. erge lioea D £ eft in plano 
ABDC, anguhifque £ D B refttB, 
fed & angulus C D B efl re^s, quU 
hic eft extemo & oppcrtStD- 

A B F, quod eft abfiirdum, ergo etiam 
GD dd perpendicularis ad plUHimi 
cmod erac demonikandam. 

■ 

THEOREMA CXVI. 

plufis ad planm quam unam exci' P. £. tg., 

tarl lineam perpendkiUarem ex eodem L ifv. 
fun^o^ 

cTt planum AB. 2>i£0 ad illud non 
^ plures, qu^ffl unam perpendicubi» 
rem ex eodem pundo exatari polTe. 
Si enim fieri poifit, iinc ex punao C 
excitatae duas CD, CE, perquasde* 
dudum planum <mm fiib)edo plano 
ieftionem faciat A CB, erunt ergo 
A C D & AC £ anguli xtdtii ergo in^ 
ter fe aequales erunt S pars & totum, * 2* 
quod eft abfurdum ^ ergo ex eodem 
pundo folum poteft excitari una per- 
peodicul^iS). cmod. eiat demonftran^ 
4um* . 
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THEOREMA CXYII. 
P. E. 14. lintAM nSdai, qiue p^rpndicidaris 
1. 1 4. ad unum plafiuin , tfft^ ad aUivm 

jmtifittiMUm» ^ 

cIctinfaFE pcrpOKlieiilamadpta- 

^ num A £. idco & liauc perpeiuli« 
cularem efle ad planutn C D priori 
paraUelatn. Diiduo) iic enim planuin 
^uemt^doeuwpie pcr F £ , eniac ior 

* T^. 1 1 a, terfeftiQnes E G & L H parallels \ 

* Dtf, 60, ied anguhis Q E F eil redus % «rgo 
*7b.B» K angulus H L F **, atque fic probari 

poiTuiu (SKteri anguli M L F, N L F 
re^ti, ergo erit & E F rcda ad pla- 

^ P«^6o» Bum CP% 9i!iod erac demoolWiiap 

dutn. 

9 

THEOREMA CXVIIL 
P. E. 1 5. PUaum ptr dms Uneas feje tan^tntts dih^ 
1* 1 !• 0»m,parallelum effe ad illud planum^ 

quod per alias diias fefe tangentts^ ^ 
dd fracedtntes parallelas ducitur. 

• 

cIncduK AB) EC fefe csuigenMs n 
B, per quas dudum fit plamim 
ABC Dic9 iiittd parallduffi cflead 
pUnum D E F^ quod per D£ & £ F 
iMtur* Si enim fieri potfic, ooti iiiK 
hxc plana parallela, fed concurranc, 
eonunque cooianius inteiiedio fir 

DF; 
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DF: quoniam ergo EF, BC (iint 
p^rallelx ex hyp. erunt ha? ifi ecdeni 
plano, itenM|oe linea? has coRne^nces 
E B G, F C J> % fed eandem ob cau- ' Ifef 7. 
Gm in eodOB plane ftitt lincae D 
A B, ergo omnes ejiiatuoF linex D £^ 
£ F, A Bt BC Hi eodem funt pbno, 
quod eft (XMitra hypot. ergo planum 
]>£ F efl panUeittffl ad plannm Afie» 
c|uod erac demofi^andum. 

THEOREMA CXIX. 
tiiuas dMas e$mfr$beHdtrt tundm an- P. £« 10* 
gnhm^ qnem com^nhmdunt ali* dux 1. 11. 
iis parditUi & i» alio ^lan$ txi^ 
ftntes. 

c Iht fihe» A B, B C parallete ad li- 
neas D £, £ F in alio plano cx- 
iflentes. Dico illas eundem cum hiice 
comprehendere anguliun. £xcitan 
fit enim in B linea B G ad planum 
A B C re^a, eri( hxc etiam reda ad 
planuffl D E F^ quia planum A B D ^ 7h.it 7, 
& D E F func paraiiela% ideoque Ijf * Jb» li9» 
oefl; G A, G I, qua» paralielx funt ad 
B A> B C , erunc perpendiculares ad 
lineam B G & ideo penes angulum « dw; ^ 
A B C, vel G A I fiimecur incltnacio 
pkmi G A ad plannm GC% fed eo- « p^r, 
rundem planorum eadem e(l ubique 
indin^ y crgo angulns A B C eft 

«qualis 
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lo8 I>e fufer^ciebus^ 

aequalis angulo H fed. angi|Io< 
f 7i. 8. HGI, jcqualis eft angulus DEF|', 

fiinc enim hx linex parallelx fin ini- 
nus^oncurrant G H & E D in L, quo- 
niam crgo linea G L efl parallela ad • 
*^Conft. BA*, &E L adeandeni BA'>: erk 
^ Hyp. planorum, <^ per has liaeas paralle-r 

Hs ducentmr, communis interTeaio, Ii« 
*2kiix. nea rcda £AL% qux cum lineis 

GA, D£ ooncurric in L , quibufcuoL 
tainen parallcla cfle fupponebatur, 
quod eft abfurdum, ergo lineae D £» 
& GH, icem E F & G I erunc par^ 
feix, & angulus D £ F xqualis aogjEi- 
b H G I, five A BC, quod erat dc« 
monftrandum» 

THJEOREMA CXX,, 

P.E* 17# Vnralltlas limas a planis paPAliilis irt 

iadm ^ratim ficavi. 

Slnt lineJB parallck A E, B F, quas 
fecant pbna paraliela G H, I K,, 
L M. Dico illas ab hi& .planis in ea» 
dem raddne (ecari, id eft, eife uc 
A C ad C E, . ita B D ad D F ; quia 
enim A £ & B F funt paraUdae, ex- 

* 21&. 120. iftunc in eodum plano ^ earumquein- 

cerfediones func parallela^fe. A,B,. 

• 7t). 112. CD, E F «, ergo A C ad C E eft, fi- 
^ rh, 73. cut AN ad N F^,& ficuc A N ad N F, 
t'7t7. 7 2. ita eft B D ad D F h ergo iicut A C 

ad. 
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I DejHperficiehHf* 109 

adCE ita eft BD ad DF*, ^mA.^Ax.iz» 
.<rsit defnonftnmduiiu ^ ^ 

$.11. 

I • • . • . • 

D£ 

ANGULO SOLIDa 

Theorema cxxl 

Tylum-aniuhrim plM&fHm foUdm a)t^ P. E. 20» 

^klum coittponentim > duos qmjlibet 1* 1 
. tertio majoTu tffu 

SIc folidus angulus A, qui condo 
neatur tribus angulis planis 6 A C, 
C A D, D A B. vico quoflibec (faios 
BAD, DAC majores cflc tertio 
B A C. Tn plano enim per B A C du- 
fto 6^ ik ai^tts B A E, angul<» 
I B A D xqualis, & leda A E x^pialis 
ipii A O: deinde in eodem pkDOper 
E, extenfe fit rcfta BC, junftajque 
fm. D B, D C (^(Miiani j^oir tri-- 

angula B A E & B A D habent duo 
^ra B A, A D, ipfis B A, A£ 
qualia, & angiilum contentum sequa- 
lem ex conftr. erunt quoque bafes 
' B D, B E aequales Quia vero latefa » 7&. 1 ^ 
B D, DC fuiit nsHoni qu^ BC^b^l^ i^. 

«bdads 

I 
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X 10 De fi$ferficiebui* 

ablatis equalibtts B D, BE» Tmamit 

* AXt p. I> C rtiajor quiiti E C % rurfus ^uia 

latm D A, A C func squdu ipfis E A, 
A C, & bafis D C major, quam E C, 
erk quoque asgulus DAC iiiajor* 

• 2l>. 20. ^uara E A C j addids ergo aquali- 

bus, BAD quidetn ipii DAC» 8c 
BAE ipii EAC, erunt BAD, 
D AC majoceil» <]UBill &AE,EAC, 
id cft, qulm tonts angulus B A C } 
qaod (Sfac «kmdnfbaQduffl. 

THEOREMA cxxii. 
P. £• ftt. Mdum MgMlum fnlb mimibm , iptim 
i 1 X. quatuor rtSls anguUs pl^tpls conti- 



c tc foUchis aagUus A cameittiitfl^ 

^ busat^ulis BAC, CAD, DAfe. 
9it$ hofi «res aagiidosfniaores ei£: qua» 
tuor re^Hs. Du^ enim redis B C, 
. . C D, D B « crttQC Goafiitua cr^ aa- 
^li folidi B, C, D } ergo aagidi duo 
CBA,ABD fiincnu^oresquatnuaw 
I2X. C B D % fimilicer BJ> A, ADC 

joresquam BDG^ &DCA, ACB» 
OCB) ergolex«ngu& CBa, 
ilBD, BDA,ADC,DBA»ACB^ 
■quoquem ^ a s einat qibus Iws CBD^ 
BDC, DCB^ bi aucem cresiiinc 
2. «iudes «kiobtos re^'*, ergo illi 4ex 
'^bci^us re^au^Ores enmc. Cumigi- 

tttir 
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tur iUi uita ci«D ^i^B M A «qud- 
les fint fex reftis propter tria trianguk 
BAC, CAD, D AB, ririftris leit !!- 
lis duobus reftis majoribus, relinqucn- 
tur angdli ad A, fp. BAC, CAD^ 
D AB quatuor redis minores, ^d 



CAPUt VII. 

DE 

CORPORIBUS. 

67, QOlidum eft^ qiidd longfcudi* 
O nem & cralfeudinem mbec. 

6B. S(^diauttin exdrenuun dl fii* 
perficies. 

69. Similes folrdx figBttit limt, qusft 
fitmfibns phniscohjdi&untur, muldtu- 
^ne xqualibus. 

fo. M(piilits ififnltes f^gtft« l^fidas 
fimt, quxiimilibusplanisymuldtudine 

iw^nittniiiR x^prantjiB csomuientiir* 

71. tytamis eft figiira folida, <Ju« 
l^bnb contmetor thisbo pKaiQi ada- 
ftum punftum conftituta; poteft au- 
tetn iliud utmm plamim 3l quo OfntiU 
fctadunt, effc vel tri^^ulitfn, Vel quJ* 

«dnngulnm, ird pent^ouain. Unde 

pyraft^, 



112 Be corporihtf» 

• 

pyratnis, vel manguk , vd ^uadran* 
gula did fokc : relicjua oouna ad it- 
Bum pun^m conflituta func trian* 
gula nnmero r^poadentia 4ataribM 

plani. • 

72. Pri(ma eft figura foUda» 9« 
planls continetur, quorum adverfa duo 
fimt & zqualia & fimilia, & paraUeto» 
alia vero parallelogramma* 

79. SpWa eft figura folida, una 
• fupdrficie comprehenfa, ad quam ab 
tino pun(fto ecmim, -qux intra fieuram 
ifantponta, cadentes omnesitOK^ 
OfflE intdr fe funtzquales. 

74. Axis autem fphaerse eft qtnef 
cens illa reda linea, ciroim quam fc- 
nBdrcnliis converdtur. 

7$. Cencrum ipluera: eil idem,quod 
cft femidBcuIL 

76. t)iama:er autem fphaerac eft re- 
da quaedam linea, percentrumduda, 
& ucrimque k Iphxrx fuperfide termi» 
nata* 

77. Conus eft, quando re^anguli 
manente latere, eorum, ^ue circa re» 
Aum angulum (Imc, circumdu^huB 
trianguium in fe ipfum rurfus rcvolvi- 

^ tur, tincle lUoveci ceperac , drcnm- 

aiTumpta figUra. ^ AsmiC ft quiefcens ' 
refta linea asquaUs m rdjqaae, qux 
circare^him angulum converdtur, or- 
togoiuus eric OMiiis» Si ver^ minor, 

ambiigoiuusi 
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ambligonius *, (i nia)or,oxigomiis ;l3itn 
•cnitn angulos ad verticem redus Hl^ 
vdacutus, velobciifiis. 

78. Axis autem com, eft quieicens 
«Ua finea, dcca qaani tnan^uni vti^ 
tioir. 

79* Bafis vero coiu, eft drcidus, 

qui i circumdufta re^a delcribitur. 

80. «Cylindrus eft , quando redan- 
^li parailelogrammi manente uno la» 
tere eorum, quae drca leftom angu- 
lum funt, drcumduftum parallelo- 
grammum in ie ipfiim nirfiis revdyi.- 
tur, unde moveri ceperat, circum 
>femptafigura. 

81. Axisautem cylitRlri ed quie^ 
cens iUa reda linea, circum quam par 
j^elogramniimi cDnvtirdtor. 

8 2. Bafis vero cylindri fimt drcuti, 
duobus i^ei^s iaeeribos , qux dD* 
«umaguntur, deiicrijpti. 

^B;. Snules cQfm & 'cyluidn fimt^ 
quorum & axes,& bafios diametrifro- 
pordonaks funt. 

84. Cubus efl figura rolida fiib fex 
q[uaaratis aequalibus comenta. 
* -^, Tetraedron efl figura (bli3ai 
iiib quamor triangulis aequaiibus, & »• 
quilateris comprehenfa. 

86. Odaeckon efl figura fi>lida,ri^ 
oAo triangulis aEqualibus, 8e aequikte» 
Ms concenta. 

H 87. Do- 



T>e corporihus» 

87« Dodecaedcoa eft iigiin fol^ 
fub 1 2 pentagpDis aequalibus xquikter 

ris, & z^iiangufis coownta» 

88. Icolaedroa eft figura folida, fub 

20. tnangiifis xquafibus & sqjuilaseris 
contenta. 

Atque quinque hxc corpora fola vo- 
«cantur regularia. 

89. ParaUelepipedum eft figucsi fo- 
lida, fex figuris quadrilateris, quamtn, 
qux ex aklverib , paralklx iiint ooa- 
tenta. 

90. Solidafig^rainfolidafiguradi-^ 1 
citur infcribi, quando omnes angufi ! 
figurae infcrlptx conftituuptur vel in 
.angulis, vel in lateribus, vd <leift|tie 

' ia j^anis fij^rx, cui infaibioir* 
pi. Sohda fi^um folida? figone vik 
ciflim circuni(criluciir, quando vel an* i 
guU, vel lacera, vel denkpie pbm fi* 
gnrx drcumfcripcx > taoi^unt omnes 
aiinaos figQias dccBm qoam de(cri- 
iMCur. 

i 

• I 

j 
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$: I. 

D£ 

PARALLELEPIPEDIS. 

THEOREMA CXXUL 

Parallelepifedl advtrfa plana e(fe fim- p. £. 34, 
Uay&4eqMlU* i,tU 

ctt paraUdepipedian A B, cap$ ad- 
*^ vcrfa plana AC,& D B fint parallela 
ad k tuutuo \ Vlco & hxc elTe fuid- > gp» 

- lia, &. xquaHa : quoniam enim plana " 
parallela A C, & D £ fecantur altero 

, plano A E, erunt commiines interfe- 
otiones AF&D£^ parallelae \ iimi- * ih, lid» 
Kter qida plana A G & F B funt pa- 
iallela% & (ecanoir illo alcero plaoo Def* 8^ 
AE,eruntrurfiis communesinterfedi- ' 

ones A D & F E par^ela?, ideo^ 
txk fig^ra AF &D iptndtelogRMi* 
tnumS & liaea D £ se^^alk ipfi A F % ^ Def iok 
«cque fic cdam prOb«i po«eft liMa *lk sp. 
C H xqualis lineas B G, & Unea A H ^ 
«qnatisiiai» DG, Sclinea FC linc» 
£ Bj ergo figura A F C H habetom» 
mk kuxn xquatia lateribus figur$e 
D £ B G : quoniam yero F A & A H 
funt patallebB ad £ D & D G , ooffl- 
l^rehei^ent hx linex eundem angu- 

H a. lnm^i 

w ' 
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^Tb, 119* liim^) iimiticer probari potdl angu- 

lus A F C xqualis angulo D £ B, & 
. {k 6t cxteris i ergo ^ura A F C H 
eft xquilacera & xquiangula figurx 
f Pi/^ 54. J> £ B ergo & fimilis % ergo & 

aequdis, quia paraUelogranmia iimilia 
func ia duplicaca radone kcecum ho- 
*!Ib*i6, mclogonim^ fed latera Jam cftenfii 

fimtaequalia, ergoScparallelogiramma» 
' qnd ecat demonftrandum. . 

THfiORfiMA CXXIV. 
^•p.E. 33, Sifariam fecm paraUelepipedm i pla- 

no, quod ftr diametns oppofiter^ 
plamm trattjh» 

■ Cl per diametrum A E & M K aga- 
tur planum. Dico per hoc paraUe* 
• lcpipedum in duas parces a»quales di- 
vidi .* quia adverfii omnia parailclo- 
■flrt'» 4iM* ■ gramma funt aequalia incer fe % & tii- 

im^ilum AE F eftxquak criangulo 
* 2&. E A D fimilicer triangulum K M I. 

zquale dl triangulo K M G, fed pa- 
. , ^ ' j^elografflfflom A £ K M, cft ntn- 
«^uc parti oommune, crgo parallelepl- 
. pedi pan A G contshdur plaius z- 
-qualibus & xquemulds , (piemadmo- 
■dwn pors £ L, ergo hx partes &nc 
90. aE^es ^9 ^uod crac demonftrandum. 

• THEO- 



THEOREWA CXXV. 
ParalleUpi^eda aqualta «/7?, ^uibus w- P.E.39,go< 
dtm eji ba/fs & aititudo. " i> i2* 



C rht : parallel^ipeda primo AK Scr 

^ F D, quonun: lineae iniiftentes bo- 

fes incidant i. in ea(dem lineas A P, . 

C D, Dico par^depipedft hsec • inter 

fe eife asqualia, qi^a priTtna triangulare 

F C G continetur planis scqueauikis- , 

Sc fimilibus , ac prifma H D E i quia 

plana AM Se HK, ieem G F & D£ 

lunt «qualia & fimilia \ fimiliter tri- ^ Yo»'t2Zl 

angulum A O F e(l xquale triangulo ' 

H P E , fimiliter triangula opf)ofita 

CGM & LDK (iintaequalia^ item 

parallelogcammum . A G eft xquale 

P^rallelogrammo H D j qiua paralle» 

logramnnim A L eft zquale parallelo- 

grammo^ O D, addico ergo communi. 

H .G, eritparadlel(^amram AG 

quale paralldogrammo H D, contine- 

bicur ergo prifina F C O aequemultis, 

& fimilibus planis , ac prifma E H D, 

quare hxoeruntaequalia'^ fubkDOcr* *Dei.T^ 

go prifmate triangulari H G N > utri- 

que parti communi , quae reftant finK 

asqualia, rurfus addito comaiuni prif- 

mate K N F , remanet prifma K A 

aquale prifinati K O, quod erac primo 

ioco demonflrandunu 

H 3» Secundo ' 
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Secundo incidant bafl iniUlences If- 
neae noti iit eatdein tedany tit paraHe- 
kpiped4 E A & F R. Bico ninilomi- 
aus naec inter fe eiie aEqnalk, quia pa« 
rallclepipedum A K jam oAennim eft 
apquale porallelepipedo F D, ft^M» 
liter huic F D oftcndi poteft aequale 
pacalklepijxdiiin F R, crgo parallek- 
pipedum F R eft «quale paraUelepi- 
^ Ax* 6» pedo A & ^ quod erac knindo loeo 

demonflrandum. 

THEOREMA CXXVI. 
P. £• ^1« J^araUeU^ipeda tequalia e[l'e, quibus /e*- 
1. 1 1« qiidlis & Jimilis efi bafs, & ea.it» 

altitndo* 

. c Int paralkkpipeda A B & C D, quae 
habednt aequaks bafe8& iimtle» F& 
& C £, fitqiie ucriurque altitudo ea- 
dem. Dict hsc Hircr fe aequalii efle. 

Super bafi enim C E confiftat paral- 
lekpipcdum C G xque akom & («nile 
ipjj paraUckpipedo A B , erunt hafc 
^Dtf.io» xqualiaS ied parailelepipedum QQ 
^ 7h. 1 57. eft aquale parallekpipedo CD ^ergo 
' jiXi 6, & poralkkpipedo A B % quod erae 

4i;mqnflraQdum* 



THEO. 
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THEOR£MA CXXVIi; 

Parallelepipedn eandem aUitudinem ha* P. E. 25. 
tintia.ad ft muti» ejfey ut fuHt tm» 1. 1 u 
^fes, 

Clnt parallelepipeda seque alta A B, 
C D. Dko illaad fe nmtuo eiTe, uc 
cft bafis C E ad A F : accipiantup 
^ «nito parallelepipedi A B» & baiis A F 
' JEquemuItiplices, vel una erunt majo» 
res, vel uoa tniiores, quam parallele> 
pipedum C D, & bafis C E : efiiffl 
bau& C G fit x^ialis bafi C £, erit 
ftr paraUelepipeiliHn C H aeqoale pa- 
ralldepipedo CD & ideo fi ma)or, ^ 2i6i 
▼d «itaor ik botiB, erie & pofsdletepi- 
pedum ma)us vel minus, eigo ficuc fe 
iabct bafis ad baBn, ha pnridieiepipe'' 
dum ad parafiei^ipedum xque al- 
nun % quod erac danoofbaadom. * Dtf, §9«- 

« 

THEOREMA CXXVIIL 

Faralletepipidorum aqualium bafis & al^ V. E. 34» • 
• titudim mipr$cari. L 1 1» 

g Jnt paraUelepipeda A C D ae^ia- 
lia. vlco ficuti eft bafis A E ad 
bafin alterius C F, ita elle reciproce 
^tudin^ G C ad B E: emm pa- , 
rallelepipediKn C H fin^ttm ejufctem 
aicitudini^ cum B E, ,erjt ergo paraH^ 

H 4. lq)i{iicdum./ 
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lepipedum AB ad parallelepipedum 
^ 127. CH, ikuubafis AE odtMiriii Cr^ 

Rurfus quia parallelepipedum C D cft* 
s({uale «X byp. para^epipcdo A 6, 
habcbit hoc ad parallelepipcdum G.H 
eandetn jratiooein quam Inbet paralk« 
lcpipedum A B ad para!lelepjpedutn> 
, Ax» 10. GH^ fed ]>aralleiepipedutn A B ad . 

parallelepipedum C H efl, ficuti bafis- 
A E ad bafin E F, fed ficuti eft bafis*. 
A D ad E F, ia ciVparaUelepipedunik 
C D ad C H, fed ficuij. paraHeIepip&- 
dum CDadCH, itaeftbtfisBI adt 
* 1 27. H L \Jl ficuti eft bafis D r ad H V. 

ita'eft.akitudo D F ad F H, ergo aa. 
^Equo ficut bafis A £ ad C F, ita alti» 
tudo D £ ad F<H, (jiiQd ctat, 

TH&041BMA CXXIXi. k 

P. £« 34. 'P^rallelepipeda. effe aquallay quorum ha*- 
1.JNU feSf&^n^ifyidim recf^dCMttur» 

' gln^parallelcpipeda A^B, CD, fit- 
cpe bafis A Ead C F, ficucalocu- 
do D L ad M L, iive £ E. Dko ha?c 
vxaa asquafia cfrc .* quia ficuti faafis 
A J& .ad bafin C F« ica eft paraiklepi- 
peduffi « A B ad pardldepipedum 
^-Si, 127. CH ^*, fed ficuti bafis AZ ad CF<. 

ita eft BLadM L,. five B E/» 
hyp. fcd rurfusficuc D L ad M L,five. 
J(liF..ad,H^« ica^Mralklogramnmk 
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De cvrporthHf. i^^t^ 

D I ad F I «, fed ficut D I ad F I, fic « Th, 83. 
e(l parallelepipedutii C D ad paraOe- ' 
lcpipedum C H *, ergo parallclcpipe- ^ Jfe. 127. 
dura-CD.&AB caodem radotteni ' 

habent ad parallelepipeduni C H, ergo 

fuatae^iaUa*^ qtiod c»c dctixxnilraB- ^^jr. 10». 
dmik . - 

THEOREMA CXX^T. 
SmilSa paralUltpipedAadjt mutmejft P.E. 33..- 
4n triplicata ratim latiiium bmolo- U 11- 

• 

OFnt parallelepipeda fimilia AB,CD^.- 
fimciue hotnologa fateia A £, E D, . 
fmtque ita dilpoiita ut eorum latcra 
hotnok^ ad anguhmi £ coutinuen- 
tnr. pico parallelepipeda A B & C D 
efle in radone tr^lscatalatcris A £ ad 
E D, compleantur enim parallelepi- 
dorum fpatia produdis iafieribus, erk 
parallelepipedum A B ad paraflelepb 
pcdum £G, ficuti bafis AHadE J» 
fivc ficut AE ad E D % id eft, ficuti * 7S. 127; 
Lad M rurfuseandetn ob cau^m efft 
parjdklepipedum E G ad parallele- 
pipedum EN, ficudO£ad£P,five 
M ad ft eandetn ob caufam efl pa- - 
rallelepipedum N E ad parallelepipe- 
dum DC, ikud HEadEF, iwcW 
ad S : crit crgo cx 2910 parallelcpir 
fcdiiiii A. B ad paniUdepipedi»iiP>- 

H 5, QIXK. 
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12X De corforihus» 



* Tfc. g^* CD S ficud LadS % fed t, M, R, S 
■ 7b» 66» funt quatuor continuo proportionales, 

()uia L, eft M ex hyp. ficuti A E 
ad E D , & M eft ad R ficuti O E 
ad E B, fed ficuti A £ ad £ D, ita eft 
C E ad EP (funt eninfihaeclarctahc^. 
tnologa) ergo ficuti Lad M, ita cft 
M ad R, fimiliterque de rdiqins R& S 
piobKibitur: habetergo LadS, tripli- 
4 Dff. A2, caum radonem ipfius L ad M**; fcd- 
" ^ ^ ficuu LadM, ita cft A E ad E D,. 

ergo parallelepipetei A B ad poral- 
lelepipedum C D habet triplicatam 
radonem tawratn homologoniiii A £». 
£ D, 9iod erat demonftiindunu 



4 
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2>e ccrp^ribnit. 



$. II. 

D E 

PRISMATIBUS. 

Cylindris, PyramidibuSjd-^. 

TKEOREMA CXXXI. 

PrifmnHtu qKttufcunqm mvtairtedi. 
qua thmtmatibus 12$. 127. 128. 
I 1 30. it firalUlgpifedis 4tnm' 
ftrtUL funu 

elnt prifmata ABCD, CBFH, 

quonitn oppofia plana D A G 
F C-B fint triangula, aut in triangula 
(9iod fctnper ficri poteA) x^luta. 
Dico^ fi hxc habiierint eandem multi- 
tudinem, &baiio,interfea£quaUaeflei» 
quia prifmata A B C F B C H funt 
dimidia paraUdepipedomm F£,F L%« ^ Tlb* 1241, 
fcd ha?c mter fe a?qualia demonftrata * 
funt theoremate 12^. ergo& a^ualia 
fimf eorufn dimrdia, (c« prifnfian 
F B C D, F C B 11. Atqoe fic rrliqua, 
qux de parallekf.pedis demonilraiia ' 
funt tiicorematibus 128) 1299 
I30* priftnadbus oonvenirc oRendi; 

eoniui&. 
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poflunt. Qttod erac demonftian^ 
dttto^ 

THEOREMA CXXXIL 
RE. 14,. Cylindrls conveniA e<, thi9r$matf 
Jt$t 8cci:k ijl* frifmatibus demonfiratafmt» 

Slftt cyUndri A B, B C. d^co li ha- 
bneriiit candctn bafio, & aiticudi; 
oeni, illos inter fe a?qualcs efle. Si 
cmmfieri pofltt, lit AB major» ac 
proptcrck illi ii^riptum fit pnfma 
A D F G ita Ht cylindruB AB nunori 
^iantitate exfuperet infcriptum prif» 
flBi^ quam cyliadnim BC (quod qui 
fieri poffit 42. problemate doccbii- 
fflus; : fimiliter fuper eadem bafi 
F BG infcriptum fit priTffl» ipfi.cy- 
iindro B C, erunt haec prifinata mter 
I3l# feasqualia*, cjfigo non cylindrus B C^ 
* i|ui piifinate infaiptD C H F G ma-s 

jor eft, ereo cytindnis AB noojna- 
jStt cft cyUndro BC, quod erat de- 
monftrandum. Atqne fic rdiqua, quai 
de priftuatibus theoremate 131. de- 
fBonftnna funt rcyfindris .cQnyoura 
oftifenduBtur». 
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Ds. corfoitihmt j^: 

THEOREMA CXXXIIL 
St^imm pyramidis plano ad bafin pa-* 
rallsl» feUte » fimilm effe bafi p^ra.-^ 
midit, 

Qlcpyratnis ABCD, quz (ecetur acL 

baim parallelo plano LMN. Dieo 
fedionm L M K. figiur»! efficere ^ 
railem bafi ABC. CHiia ficuti cft 
A D ad L D, five CDad N D, ita eft 
ACadLN, &CBadNM, & AB 
ad L M *>, crgo ucriurque figurx latera k tb^jo*- 
oninia funt proportionalia , ergo fi<- 

gurx fiiittles.% quoderatdetnoimr/Uie « n,, 74. 
dutti. " ^ 

THEOREMA CXXXIV. 

Se^ienm duarum pyramidum planoad 
ba^ patatitlo ^t^am, aqitaUm efe, 
quando earundem pyrapiidum bafe^i 
& altitkdines fm teqitaltsi 

Qlnt duae pyraimdes A:BCD, & 

*^ E F G H, baiin & altinidinem ha- 

bentes aequalia, iincque fediones, quair 

fiunt k plano ad utramque baini paral-r 

lelo L M N &. O PJl. Die» has intec 

fe xquales efle. Quoniam cnim figunt 

LMN eft fimilis iigurae faa« » rb^tzv 

bebunc ha» duplicatam rationem late-r 

cuiniioQiologorumi', qjiiare fioitLN' ^jj^ 

ad,- 
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126 



B Ax. 10« 



•ad A C/ive, quod idem eft, ficm D L 
ad DA, inikfiiMt VadX, 8lt Ikuc 
y ad X, ita fit X ad Z, habebic fefe * 
fi|DniLMN ad BCA< fiaid Yhd « 
X % fimiliterquia figura O R P eft (i- 
tnilis ipii £GF S habebit & inia ad 
aluim duplicatatn rationem laterum 
hoffiologonini ; fed iioKi OR ad £ F,. 
ita OH ad E H, five K H ad I H «, 
qu2 Inic ponlkk eft LD ad AD, 
& ex conftruftione V ad X, ergo fi- 
aid V ad Z, ia O PR fedio^ ba- 
fin E F Gj crgo triangntum OP IT 
cftadEFG, ficuti triat^ulum L M N 
ad A B C, fed bafis A BC & E F G 
ex hyp. func aequaies, ergp 8e L M N 
ipfi O P R ^od erat demonftran- 



THEOREMA CXXXV, 
Tyramiits quafcimqiu ^eqmUm hnfin^ 
aUitudiatm bdknttSy iequalts ejft* 

Clnt pyramides A B C D, E F G H 
^ aequMem bafin, fe akinidinem ha- 
bentes. Vico pyraroideshas inter fe 
aquales efle^ iiii nunus, fit pyratnis 
A B C D major, ideoque huic infcribi- 
oenfeaciir (quod <fii fieri debeat do- 
celnmus prob. 41.) fegmentum foli- 
dum compofitum ex {>rifmatibus a^a- 




bemibiSy. 
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T>e corporibus. 127 

bemibus, ita acpyranus ABCD tni- 
nori quantitatc eyfuperet figuram in- 
fcriptam, <}iiatn pyrafflidem £FGH: 
tum pyramidi alteri infcribantur a?que 
inulta priffflaa, habebunt i. otntua 
ha?c pnfniata utriufque pyramidis aj- 
qualem altitudinem , qoia akitudo u* 
ffhifque pyramidis D B & H C cft k- 
quaiis, & hxt in aeque multas & xqua*' 
panes , (ive priltnata dividkDr : 
deinde habent haec prifmata bafes fin- 
gulas finguns xtjtMKs, ic. LM-N ipfi . 
O P R, & fic de cj^is, quia nempc 
nfiraque pytanus habet 2qi»dem aknni- 
dinem & bafm, & fecatur eodem pla- 
no ad boiin paralleloS ergo omimi ^HIhi^ 
prifinata pjramidi ABCD infcripta, ' 
fiitit zqnsuia prifmadbus inferipds py- 
ramidi E F G H, cilm tamen illa ma- 
ioneffe dicantur , quain fic pyramis 
EFGH, ergo multo majora, quima 
figura eidem pyramidi £FGU in- 
lcripta, quod eft abfurdum. Ergo py- 
nunis ABCD non eft major» fed 
aequalis pyramidi £ F G H^ quod eraCv 
deinohftraadump 
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THEOREMA CXXXVL 
P.E.74a^. fframis efi tertia, pars prifmatis- 

emdem bajin y.& altitudinm 
btntis* 



S 



pfifena triangulare A D in tres- 
^ pyramides diviiimu Vico hasom- 
nes inter fe aequaks efle. Eft enira 
pyramis ABCIX «qualis pyiamidi- 
E F D C, quia habent bafes oppofitas 
EFD&A6C aeqoides , & auitudi-^ 
nem communem% fimiliter eandem- 
ob <aBfiim eft pyramisE C F D aeqiia- 
lis pyramidi E A C D, quia utriufque. 
i>2ir. bofis £ C F.& E^C A fimt aeqoales V 

& altiado conmiunis, ergo hasc a?qu»» 
tiscum pyraimdc EFDC, & cumv 
Ax*6» ADBC% ergo pyramis ABCDcft 
terda pars> primiatis ABCDF^; 
quod erat demonftrandum. 

THEOREMA CXXXVIi;' 

qu£ theoremate i^u di pripnatibut. 
dunonfirata fmt» 

Slnt pyranoides A B C D, E F G H. 
«ndem aidciidyuiem hobentes. Vic9 
hKC inter fe in radone bafium elfc. 
Qoia pyraimd«6 hs fimt tertia pars^ 
{«[ifinatum A I, E L, fed hxc in nh- 



t 

L 
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rione bafium inter fe efle demonftrata 
func Theoremate iji. ergo & iaea- 
dem radone fiu» eorum tertix partcs 
fc. p]f ramides. Atque iic reli(|ua, qux 
de prifmadiras demrafhata funcTtKO- 
remate jji. pyramidibus convenire 
oflcBdi potdl, quod eratdeaiQiiilraa- 

T H E O R E M A CXXX V III. 

fyramidikus iUmoafirata fuau -i5,&c. l;. 

12» 

C Int Goni A B C, D E F. D#Vff, fi hz- 
^ biieiiQC ae^ialerobaiiii & alcioidi- 
nem, illos inter fe a:quales eiie. Sin 
iiunus} fit conus ABC major, ac 
proptereaj illi ioicripta fit pyramis 
A'G H C I, ita ut conus A B C mi* 
nori quantitace exiitperet infcriptani 
pyramidem , ^iam conum D £, F 
(jifxod quliieri^fficdocebitnusjprob. 
43.) iimiliter in alteca. coni |^u, fc 
zqu^ diiulo isftripta cetifaniir figura* 
%qualis & fimiiis ipu A G H C .1 B, fu- 
per qua exiftat pyramis D K L F-M £, 
erunt hx pyramides iater fe xquales % * 7h* i 
cim camen pyramis A G H C I B ma- 
jor efle dicatur, qu^m conus D £ F, 
ergo muko najojfy quim pyramis ei« 
dem cono infcripta, quod eft abfur<> 
dws^d^coiius. ABC JDondima-. 
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130 e^rporihus. 

jor fed se^ialis cooo D £ qind: 
erac demonilrandum. 

THEOREMA CXXXIX; 
Omnia cotpra fimilia ejje in triflicata 

ratme latmm htmriogorm. 

Clnt corpora iinulta ABCDE, 
FGHKN. Dico iUa eije ia tf ipli- 
cata ratbne latemm liomdogonim>. 
fc. lateris A B ad F G. Quia hxc cor- 
pora refoivi poffimt in pyramides tri« 
angulares xquc multas, & fimiles, fed 
has fiwt in trij^icaia ratioie kMKrwi]r> 
J 'ih* 157. homologorum ergo & earum muldf» 
pliee^ q^oderat denxnftraaduoa»' 

« 

THEOR£MA CXL. 

P. E. 1 8» S^h^eras ejje in trijUcatu ratiom diam&^ 
L.I2* tform. 

Qlm fphajra» A B C, D £ F. I>ico li^- 
^ las efle in rriplica» raooM ikssat^ 
trorum A C, D F. Sin mkws ^ in- 
ferfpisi fk (pterat niHlolaiera 6gunr 
A D C G, ita u: figura infcrij|)ta ad 
fphaeram D£F midorcm tmmeat 
habeat, quam triplicatam diametri 
AC adDFt fiflRitieer inferipta «ea- 
featur iimilis multilatera figura alteri 
ffdiame D £ F H, habdm i^aripta fi- 
QWa ad fimilem infcriptam nguram 

DEFH 
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De €orporibus* 131 

D E F H triplicatam rationcfn taterk 

BC, E F % (runieiiim figuraB limilcs; » th. IM. 

five diametri A C & D F, ergo fieura 

inrcripta AfiCG erit ad fpl^tn 

D E F in minori ratione, quam dia- 

tnetri A C ad P F, cum tamen ante • 

diceretur clTe in tnajori ratione, quod 

cfl abfurdum, ergo fphxia ad fphaBram 

eft in triplicata ratione diameurorum,. 

quod erat demonilrandum. 

'Itec duo fequentia Themmata, quo^ 
ruiH hoe Hmrmati nonageffmo , lllud 
centtjimo frafigi debuit^ quia omiffajiU'- 
rimty hic td eaiem adjicioh 

THEOREMA CXLI. 

Circulos intirfe effe in duj/licatA ratione P,E.2j,i2k 
fmum dimttrmm» 

Clni: circuli A BC, D £ F, eormn- 

que diametri A C, D F. Fiat fi- 
eut ACadDF, ica GadH, &ficuc 
G ad H, ira H jd I. Dico ficut Gad I, 
ita eiTe circulum A B C ad* ckculum 
D E F. Sin miiius habeat circulus 
A B C ad alium majorem rationem, 
ideoque illi infcripta fit figura, ita uc 
hatc adhuc majorem rationem habeat 
ad drculttm DEF, qulmG ad I 
(quod qui fieri pqflit pr, 39. docebi^r;. 
nus) dcind^ afeeii drqilo i^qripta m* 

fj^ura 
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I,3i2. De corporthus^ 

iifiura priori figur» fimilis, crunt om- 
ma tiiangtda harutn figurarttm funiliay 
ideoque ACadDF, ficut A Bad 

*■ Tb. 88. P £S fed iicuc A G ad IlF, ia eft 

G ad H ex hyp. ergo A B ad D E, 
ficut GadH, ergp ficut Gadl, ica. 
esit figura infcripta A B K C ad figu- 

?? 2k 8p. ram infcriptam D fi L F fed figura- 

infcri pta A B K C habere dicdjaciff 
ad cirailuin D E E inajorem ratio- 
nem, quam (5 ad I, ergo adhuc longc 
majoceinad figuram eidem diculo ia- 
fcripcam, quacum tatnen jam ia eadeik 
ratione efie dicebatur , quod eft ab- 
furdum. £1^0 drculus A B C eft ad. 
circulum DEF, ficut Gadl, five 
quod ideffl-eft , in dufdioata ratione 
fuarum diamctrorum A C ad D. 
Quod ciat demonftrandum. 



THEOAEI^A CXLIL 
fi,L»6tl2, Rffiangfditm, quod fit a totx linea «»' ' 

odjeHa, & adje£ia ma cum qitadra' 
to dlmidia, fimul aqualia funt qua^ 
' dtatOt (fitod defcribitur. a linea, .qua 
im ex dimidia,tmtx adjt^a ait" 
fonitwf» 

clclinea A B diviia biferiam in C,-, 
^ iUique fic adjeda BD. Dieo re-» 
ftangulum ADB, five AI, unacum- 
qjifadrato dimidix C D, id eft, qua^ 

drato 
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corporibus. 135 

drato KG, sequale cfle quadrato 
G I>£. 'Quoniam enim latus L& 2« 
quale ipfi KH, ex hyp. five HG, ha?c 
cnim fimt latera quadniti} & K C cft 
aquale ipfi HB% five H I, quia hxc* 2fet 2^ 
rurfus funt latera quadrati \ ergo re«»* 
'ftangulum H E & A K funt a[?qualia, 
& ca^a commuoia, ergo redan* 
gulum A I & quadratum K G funt 
qualia quadrato C £^ quod erac dc« 
mQn(lrandum« 



« « 



* 
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PROBLEMAT A 

ftc ^itHnifildt» indigent^ ^H^e, » 
^tiin fi&ri pojftttt , minime da- 
hid fmtf qHieqne ideo a A^athe- 

maficis mcuntHr* 
PRINCIPIA PRACTICA, 

SIVE 

POSTULATA. 

t. \ Punfto ad pundutn Imeam 
S\ redam deiiendi pofle. • 
2. Lineam datamadUtranv]u^par« 

iem pollc produd. 

Quocunque centro &]ncefvaUo 

idcfenbl polie drdilum» 
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I. 

DE 

LINEIS RECTIS 

EAftUMq^UE ANGULIS. 

PROBLEMA L 

A dato pnBo Unem re£tam aUeri pa* p, £, «i, 
ralUUm dmeth L i, 

« 

clt datum pun^m A, & linea B 

cui paraUda ducenda fit Cencro 
A) quocunque ihtervallo defcribatuf 
circuli pars D F £ % deinde eodem \ Pofi, ^ 
ktaTaUO, & tiencro D defcribatur ar- 
€U6 iiaeaai datam ioKrTeCans in O, 
ittfiicentioOi codem utcrt allo ar£us 
£, po(b*em6 per A&E exttndatur 
fiiieai«aai>. |}»'«»iHac«flepandkiaiii^P4|l. r» 
adlioeaffl.BC. Quialinex AE,ADi 



ra 




U 




1 




14 



& A G eft commuiiis, ergo tnangula 
AOE ft AGD lMbetifcOinilaialie«a 
zqualia, a^o &angulo6% ergo angu- "lb*lB* 
lus G A £ cft »|ulk anguk> AGD 
fibi aItemo,ergo hnex A £, B C funt 
fuaUetef, qiiod petNbaciir. 7b, 4. 

PRO- 
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1^6 FroUemata. 

* 



PROBLEMA IL 
4P.£>*2. 14* A dato fun^o dau 'linue aqualm du' 

ctrt* 



D 



Atutn fic punftiyn -A, 8e liotti 
B C. £x pundo A ducatur 
pr. %, panllela A D', deinde conne^cur 
^PojUi» A&B^, & huic parallela ducatur 
tPr. I* C£*. Vico A£ ei& xqualem ipfi 

B C. Qiua A B C E eft Parallelo- 
>* TU(» 2o« gnunmum ^ ergo hinii oppoiiia kceni 
i 2^ 29* ^unt aequalia S ergo ex pundo A da* 
* ' daeft A£ ae^tialWlineae BC^ qood 

petdMCur* 



PROBLEMA 

i^^^Z^Uu id ddta liatA oHftrr^ farttm alttri 

Dka iic linea A B» ii qua mto- 
renda& pars ipfi C D ^ex^ 
* Pr. I. • ]is,iiac A£ pamildaS ft flH|iia& ipfi 

* jfr. a. ' C D deinde centro A , intervalb 
" Pofi. A E defixibatur dioiilns % Dic» Af 

cffe lineam pedtam. Quia hxc eft «- 
-* Btf. 21» qualisipii A £"» & A £ ijrfi CD ex 

* Ax» 6* conft. ergo A F eft JEqualls ipfi C O », 
*" • ergo iidaca A B aUaca cft pars AF 

4fc(]uaUs ipii C D, quod petebacur. 

. PRO- 
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r PROBLEMA IV. : \ 

Dato angulo alinm aqualm facertt - P. E. 23. 

Atus lit angulus A B C. Coil- 
nedantur A & C deinde fi- >^ Pofi. i, 
ac D E SEqualisipfi AC, &'DL ipfi 
A.B, & E F ipfi B C% & oentro p, 'yPr» a. - 
intervallo D L ducatur arcus , item . 
centro £, intervallo £F arcus \ qt^ t^^^» 3* 
fefe fecent in G. Dico angalum D G E ' 
$<^ualem elTe an^o dato A B C ; funb 
enimintriangulis ABC&DGE miH 
nia latera finguia fingulis araualia, ck 
conftr.ergQ & angulis ergo &angu- llh, i^-. 
lus D G £. ipfi A B C , quod f&x.-. " 
batur* > ». . \ 

PaOBLElHIA V. 

AMiulm datm ctividtn bifaridM, JfX.*$* li 

DAtus fit angulus A b C, qui di* 
videnduseilbi&riam. Centro 
B <]aoainque intervallo defaibatur ar« 
,cus AC, deinde eodem intervalio 
ceotris A&C areus D&E, quifefe 
£ecent in F, a pundiaautem F duca-» 
lurliscaFB. D/Vangulum ABC 
(Uvifiim efle bi&riam, five,quod idem 
pH, angulum ABF sqiMleni efle 
angulo C B F quia triaoguium B A F, 
Itabet ompi l^!^eFa seauidia latenbui 

* triangub 
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1^3 Prdbkmdta. 

trianguli B C F, ex oooftr. crgo 8c 
^Xb* lS» . angulos angulis ergo & angulum 
^ ' A#F <angulo F, ergo aoguius 

AB C divifus eft bi£iriain, c[uodjpe- 

MlMtiir« 

■ 

PROBi.£MA VI. 

« B C, ad qaain ex punfto A 
peiyanafciteaH '^epwtaK •duone. 
Ceaxo A , quocunque imemlk) 'dc- 
fiEribsur «tois, qm liimni feeec ^ B 
&C, jRnganturque A B, A C) ddnde 
«og^ BAC diindaairbifiuiafnper 

* Pr. 4. lineam A D D*Vo lineam A D ^ 

perpendicularem. Quia anguli B & C 

* 21>. J $. lunt «quales item uterque ad A ex 

' ooiiK»o'||Oft]i|Bi«d ^etiamaKpia'' 

lescrunt, ergo refti% ergo AD eft 
Jinea perpefidiotefik 

•qHsks DB, l^, >ft «eim B^ 
«pifKMMue iaMrvfyio def^nbiuftitrttr- 

«Ui4tas Dift^A. D A ^e liheam 

|«belic*i>Mtia lai^ra 
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eft perpendicdaris ; ergo ^ pm^ 
datQ perpendkulsurem '>»*»niiift> 



quodpetebat 

PROBLEMA VII. 

Divid&re Imm biftridnu P«S,{o44^ 

DAta iic linea AB» 9» divi^ 
deidMft ^ifitfion. Geatris A 
ScB» defcribancur^aEcus , ^ &fe lat»* 
niift Be n mC «k C dinitatiir p»- 

pendicularis CSX*'. ^jp/roliii^UB AB ^Pf* 

gulis A C D, BC D fuiit lanm A-K^ 
BC aequalia cx«oiiftr.4tcm.4ngufi ai 
D ex confbr. & lacus C D eff com- 
«Hiie, eiigoBdivii iiBMtqiMlia % er- « ^ft. i« 
go & bafis iA D baii B D , ergo daoi ' 
A B diviia eft bi&riam, qjyd^PCto^ 
baoir. 



PftOBlr^EMA Vm. 

^umdA^jmm^ imf^tim dM» p.£^4 

Sie «kQaliiitt A-B,quie dindi del 
beacui ^(^rooiierHnee 
«CiA. 'Ckwjungacur a8>D, illique 
|Nualtela^ducfl|iir C£^ D«9Jineam ^fr»U 
aliB«inMlirite.flfleine, it A D ia ' 

Quoiiiam icttm C £ eK eoBfts. 
paoW ad DB, erb BA adj:<A» 
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l 7h» 70. ficot D A ad C A^» , qttod' pet^^ 

ttff. 

•PROBLEMA IX. / 
fJ&,l2X6» T^ibus datis quartm iro^ortionAlm M' 

iieniru 

Slnt dacsB A B, B C, & A D, opor- 
teatque invenire DE, itai«; AD 
fttadDE, ficut AB ad BC. Con- 
iungatur D B, & ad hanc «x C chioatiir 
ponllcla CE*. Dico DS^elfepcti- 
tam quartam propordooalem. ^ '^^jip» 
iiiam enim CE, B D funt parallda.ex 
conftr.dl ut A Bad BC ita AD ad 
« Jfe. 70» D £ % quodpctebatur. • 



PROBLEMA X. 
PJLii.l^' Vuabia datis tmfm ^ropt^naltm-i»^ 

vmiru. 



Slnt datJB A B, B C, ad quas opor- 
leac imrenire tcrdam proportiona- 
fctti. Fiat AD asqualis ipfi BC^ & 
connmg^r BD, & .adtoc«? 
ducatur paraUela CE. pic9 D E dfc 
pedtaniterdam proportionalem. Quo- 
mam enim CE, BD font paraUdB 
esL conftr. eft ut ABadBC, itaBC 
* five A D ChaB «lim fint aequaies <« 
•1*. 70. eonftr^adDES ergo DE eft teraa 

opordoftifis ad do» dattW* paa^ 
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PROBLEMA XL 
"pdMfcKi datif mMm fro^Qrtiimdem itt^ P.E.5.1. 13^. 

. vmixe: 



cIqc A £, B C, iater quas oporteat 
iftvenire tnediam pcopor^cmaleni» 

Ex B erig^tur ^erpendiculafis & di- •» Pr, 

yidatur A C bi&ri^m in D% centro- < Pr. 7. 

que D, intervallo D A defcribatur 

circulus \ qui fcoet perpendicularem. * p^j?, 3, 

ip E. D/Vo B E elTe mediam propor*^ ~ 

tionalem petitam. (^uia angi^ A £ C 

eft redu8% & EB perpendicularis ex.* Tj^, ji, 

conftr. ergo triangula A B E, E B C 

fiint fimilia ergo ut A B ad B E, ita ^ 7fe. 77, 

£ £ ad B C ergo B £ eft media s pi;/; 

propomonalis, qux petdxitar. ' 

PROBLEMA XIL 
'Siatm rgSiam mdia , & extrma ra- ^,£.30.!,^. 
time fecare* 

m 

c Ic data linea A B, ioi dividendaia 
*^ C, ut A B ad A C, ficuti A C ad 
0»B. Ex ]>undo A erigamr A E- per- 
pendiculiris ad A B , fiatque A E Pr, ^ 
xqualis ipfi AB; deinde dividatur 
AE biferiam in D & fiat D F acqua- • p^. 7, 
lis ipfi DB, & A F acqoalis ipfi A C " 
Dico linetm A 6 in C divifem effe cx- 
trema & media rationejQuoniam enim 

I $ reaa 
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1^1 TrobUmaial 

reila E A divi(a eft bifariam in D, & 
ei addita in direftum AF, erit re- 
aangulum fub E F & F A una cum 
quadrato diraidiae D A, JEquale qua- 
k 71!;. ut. <lwto reaae D F ^ hoc eft quadrato 

xtStx DB (hae cnim funt aequales) eft 
autem quadratum reftx D B, aEquale 

* 7&r lor. quadratis rcftarum D A, A B % quare 

reftangulum EF A five EH una cum 
quadrato refta D A, sequale eft qua- 
dracis DA, AB, dempto ergo com- 
muni quadrato DA, rcmanebit rc- 
aangulum E F A fivc E H aequale 
qnadrato A B fivc B E i ablato igitur 
rurfuscommuni reftanguloEAF five 
E C , remanet quadraium A F fivc 
AH aequale reftangulo ABC five 
C G , ergo ficut A B ad A F, fivc 

* Th. loo. A C, ita A C ad C B ^ quod pete- 

batur. 



f II. 
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TaiANGlfLIS, 

♦ 

' m^uL ipc triJm daus Uutis effceru 22» lu 

cltdm Bn» utuL A (iiper quam 

lacemm. CeBitro A & B > fntervallQ 

Unem dmm A B dHCT^hwwir arais^ 

lefe fecenc in C Dico triangulum 

A B C «flc gqwtawrmiw Qiua line« . 

C B, B A Cunt squaie» ' , & fimiliter « Oef aj^ 

obeandemcau&n C A ipli A ergo 

& CA ipfi C B a^ualis efl quod *ax» 

petebatur* 

Si autem <to fiiennt trei lines 
£1 A* A.Bft B & iaa»}Qal^ ex quibui 
opoReat Qtnficare tcianguiu«b Cenno 

A, intervallo AD, &. centro B, in- 
tervallo B £ defcribantur drcuii, qui 
fefe fecent in C. . Dico triangulum 
A.B C hdsv» e£fei ex> tnbu& iineis 
4att^» quiaCA.iefi AP» ^CB 
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144 Trohlemata.^^ 

lJ>tf,2u ipfi B£ xqualis eil% quo<l pete- 

Mtiir. 

PROBL£i4A XIV. 
P*£.42.Li. ParalUlo^ammum tpcere in dato 

c Ic damm triaag^diini A B C, & datus 
angulus D, oporteatque parallclo- 
graiimwmefiioere^quod txi-' 

angulo A B C, & habeat angulum D. 
}Fu u Ducamr B H parallela ipfi A C \ St 
- A C dividatur bifariam in G, fiatque 
* Pr« 4« angid^ C G F a^alis angulo D % & 

dxKsecur C H parallela ipfi G F. Dico 

paralklogramtnum G H eile parallelo- 
. grammum petitinn. Quia triangulum 
f 7p. A J&S^ eft duplum trianguli G F C 

fed^ejufdem trianguli G F C duplum 
f7fe.29# eft parallelogrammum GH*,*crgQ 

triangulum ABC & parallelogram^ 
5 Ax. 7. mtfm G H iatcr fc fuiit a:qivili4 S ^^^d 

pctd)atur» 

PROBLEMA XV. 
P.E.444.I. PaYalUlogrammnm conftituere fuper data 

Yi^a & dato angulOf iato triangido 

^ a^iuale. 

clt ltcu& angulus C, datum triaogii* 
tum D, data rcda A B, fupcr quai 
#onftitueiidum fit paraUelogrammum 

aiqualc 
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i£(fiaic triangulo D,in anguloC. Fro« 
ducatur lioea A B in G Anqne paT- 1 pgfi, 2» 
rallelogrammum B H xquale triangulo 
D in dato angub C, compleaturq; "IV.i^* 
parallelogrammum A G H I, & ex I 
per JB ducatur linea I B K , deindft 
compleatur parallelogrammum IHKM, 
per B ducacur iinea P O parailek 
ipfi I M. Dko A O efie paralklo- 
grammum petitum. Quia triangulum 
H I K e(l aquale triangulo I K M % &: * 7J>. 2g« 
eandem ob caufam A B I ipfi I B P, " 
& G B K ipii K BO, ergo Sc paralle- 
logrammum AO xqualeerit paralie- 
lognimino B H fed B H eft xquale ^Ax» 8* 
triangulo dato D, & angulus G B F fnre 
ABO% anguiadau) C ek cbnftr. er^ 
go parallelogrammum A O faftum eft ' 
aBqwde trianguio D, in angulo dato Sc 
fuper data linea^ quod petebatur. 

f 

FROBLEMA XVt. • 
Parallelogrammm facm dato eSiUm VX.^^Xh 
aqitale in dato an^ulo, & linia, 

clt datum reftilineum A B C, cui * 
- cporteatparaiklogrammumaquaie ' 
fiicere iti dato ai^lo D, & fiiper linoi 
£. Dividatur reailineum in triangula 
A,B,C, fittque paraildogramfmini £ * 
in dato angulo, & fuper data lihea^ ae^' 
^iflletiiiiDguIo A*', deiiideparaiieIo-'4p;., i^, 

1 $ . .^ammuoi " 
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parallelograaimum E F G efle paral- 
JelQasunroum peciuuiu li^^ec ^ 
Qoourudiooe. 

PROBLEMA XVIL 
P.£»4^* UMdxAtm fu^tr data. uSIa eitnfiS» 

c It data A B, fu^ 9» oporteat cp»!- 
dracum conllitucre. Ex punfto A 
Kpr» 6» crigatur perpendicularis A^C % i||)r 
'fY.j, fcindatur A D xqualis ipfi AB^, de- 
^ inde ceiuris B & D ddoibsuitur aRM» 



fefe fecarwes in E , junganturque B % 
& S E* I>ico A £ ^e quadratum. 
Duda enim diametro BP^ habebunfe 
triaogula A39.&^J)£ otnoialate^ 

* 32^. 1 8. ra xqualia ex conffar. ergo U angulos % 

ergo & aogulum £ D B sqmtem an- 
^o altemo D B A , ft angulum £ B Ik 
aequalem alternor.ARB, ergp lineae: 
^ "ihi Af. pai^aUelae \ eigo anguli iotoni A^ 
» 7»; To. ^ A D E funt afqwles duobu8^redis% ^ 

fed ai^gUlus A eft re^ ex conftr. 
(fgfi & reliquus A D £ j & eadem ra- 
«OiK. probatuQic AJStE. 8&: 

B £ P> ergo omnes anguli (unt xeai» 

8^<wmtti)afici»iimt,»q^^ «x,QB!iiftr«i 

* Z?Cf. ergp A B; ell qMadwtm»''» 9^ 
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PROBLBMA XVIIL 
J>ato u^ilinto tequU quadratm etih P* £• 14^ • 
pitiurh L 2,. 

c IrdBtutii Kftilnieiiffl A; eia^qiiale 
cpiadraciKn fackaidutn iit. JPiatre- 
^ngulum B C zquale redi&ieo A% * Pr.. 16^. 
deindeiacer CDScDB inveniatur 
tnediaprop<xacMBlisD.G^. DiV«qua- ^Fr*iOf, 
dratum excitatutn (uper D G xqualc . 
dfe redangulo B <^ia reAai^ ; 
lutn quod fit Tub mediis a^quale eft 
iiii, quod^cfub,excreniis>y ergo fih^2|^.4«ow, 
(tum eft, quod petebatur. 

PRO.BLEMA XIX, 
JXitt re^ilineo quadratu» datum au' ■ 
gere» velrainme, 

cjt datum rediliaeutn A> & 
dratum BC» operceatque fteere. 

ratum D E, quod iMri^ie xquak . 
Fkt ie^N^tii6o A aeqpalequiK 
dratum £ F ^ Aatuanmrq^ quadra* ^ fr, 
^bcumlateni BGyGE adanguIo»re^ 
^os^% tum fiiper line» B£ angulum ^pr. 6^. 
waSbim fiibteiidciitt fiat quadratum ^ 
£ D. Uico <^adratum hoc quadrato 
& Kdiitneo A^ five £ F.seqpalfr 
c(&. Quta quadrata hxc omnia (Imc 
fipy» fiouks»^ fed %ira, qpa fit:.^j 
&se^ aqgyluffl. ledum. rubcendente», 

a;qHali&» 
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aequalis cft figMris, quae fiunt a reliquib 
7b. loi. lateribus ergo ^vaa dl, quod pc- 
tcbatur* 

Hinc liquet 1. quomodo quadtatum 
.. k quadrato fobtralii debeat. 

a. Quomodo quadratis mukis 
A B C D, quadratum. unutn E aequalc 
ficri Adaaou 

PROBLEMA XX. 
^«tttaionm aciiUUtami & aquian- 
gulmmllitum» 

STt linea qusccunque D B, qua? divi- 
datur media & cxtretiia ratione in 
P|. 12 A', deindeccntro A&B, intervallo 
Pr I / B D dcfcribantur arcus \ fefe fecan- 
* tes in E , & rurfus centro E, mter- 

vsUIo A B , defcribantur arcus , qui 
priores arcus fecent in F & G. Dico 
A B G £ F efle pentagonum acquila- 
terum , & aequianguhim. Fkt cnim 
E I aqualis ipfi A B , & per tria hxC 
punfta E,I,B, dcfcripnis ccafcatar 
circulus.Quoniam itaque eft ex conftr. 
D B, fivc E A ad A B, ficut A B a* 
* A D five A I, erit quadratum A B a?- 
•ThWoo, qualc rcftsmguk) ^^^1-, ergo rcfi^ 
fHh io5. AB tangit circulum 7 ^ I f» f 
^ gulus I B A cft aeqoalis angulo A £ B 

*7b <A» inalterno fegmento exiftenti», crgo' 
*■ totus A B E aqualis eft duobus ang»-' 

lis I B £ & I E B, fisd hifce 9Equ»^ 
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Bs eft angulus externus A I B ^ ergo ^ 21;. ii, 
edam hic angula £B A a^qualis efty ^ 
ergo & angulo E A B : quia duo la- 
tera £ A & £ B ex coQftr. funt a^qua^ 
lia i ergo etiam latera A B & B I, quia 
aquales angulos fubtendunt, funta^qua- 
lia % fed E I eft a^qualis ipfi A B cx 14. 
hyp. ergo etiam £ I & I B funt a?- 
^les^ ideoqQe etiam angoli 1 6£ ^Ax. 6. 
& IER% er^oangulus lEB eftdi-^ 
fflidius anguli A I B, ergo edam an* " 
guli I A B & ABE, fed triangulum 
A £ G ex conftn habet omnia latera 
sequalia cumtriangulo AEB, ergo & 
angulos \ ergo & angulus £ AG ftve ^ Tl^. i& 
A E B efl dimidiusanguli A E G^ergo 
& angulus B EG eft a^ualis angQlo 
A ETB, & eandem ob caufam angulus 
F £ A eidem aequalis eft# 

Sed quoniam triangula EGA & 
EBA funtfiiper eadem bafij&^equa- 
lia, eft linea G B i»arallela«ad £ A S^Zl^t 2& 
ideoque angulus AGB asqualis an- 
gulo GA£, €rgo ai^lns £GB - 
tribus angulis ad £ xqualis ed, id eft, ' 
angulo F £ G : iinuliter quk angu-* 
lus £BG xqualis eft angulo altemo 
A £ B, crk nuius ai^ulus A B G as* 
qualis illis tribus angulis ad £, iive 
^£G: finulicer probari poteifl de, 
angulis B A F & A F E, ergo penta» 

goniim hoc <ft ggnMHfflum* 

i Quod 
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(^od autem fit aet^tcfum probtih 
tar. <^ «ngub» GiW eftiseqmlis 
ai^gulo (i A £, fed huic a^qualis often- 
fittcftanguhis AGB,ergo lu^uaks 
' 6, fimt interfe crgo & latcra hdcc an- 
B Tlx. 14. ^os fiihwtiAnM»» A B ftrB G«y fimi^ 

litcr linca F A ^qualis oflendi poteilr 
liaeac AB» fed«aeaea liaeae: F£ 
£G huic «equales iunt ex conflr. ergo 
pentagonunk hbc eft aeqailateruoty 8c 
xquiai^ulum, quod. petebatur. 

^ PROBLEMA- XXL' 
Si^w data re&a bexagoxum aquilaU' 

m 

iift data AB, &per qua oporteat 
hexagonum petitum icituere.Supeit 
hac fiac triangiihiai aMpiilaaruoi 
*Pr. I J. A CB % & rurfus fuper A C & B C, 

protrahantnrqii^ Uneae AtC & BC^ 
& fiant C £ & C F caeteris zquales. 
Dico ABOEFG eile hcxagonun» 
aEqiuIacenim & aequiangulutn. Quic 
enim triaqgiula. G C A» 8s AuC B 8e 
BCfl hibaitex:ooB(lr.oiBnia knm- 
a»|a^ hid>ebuD& $ angulos. omne» 
^ Ih. 1 8. aBfnakf ad C^, erio i&ss, qutfaifc»: 
* Jh* z» ^ verticem fiiittS ied hos anguIo9>- 
" oitoMiftaBCoinBn.laKmaBqjwdia C^ 

C F, C £, C D, 8ec. ergo hasc triaw 
•|P)U alji& osiaBfiiUs i»lHiibi»> Ssa»^ 
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gulis ad bsUhi fmtt; aeqnalia, ergo heitr- 
gooum P £ F G cft «qpijafie- 

batuF. 

PROBLEMA XXII. 
A iaU riSa IxffM dat$ ttSUlim Itfniit, P. £• 1 8* 
fimliter^i pojkm reililineHm defcri' 1. 5. 

Im» 

cTt datum re&lineum £ G, cui fitiu- 
le, fimiUtcrque pofitum re^ilineum 
fi(ien(iain iic k damiii^ £(ivi* 
djKitf K^iiliiieutii in fmngula *, de> 
inde fijper rc^ BC fiat angulus 
£CD aqHolis angulo £FG,ftCBD 
ipfi F £ G ^ erit ergo angulus BDC ^Pr, 4. 
xqualis angttb £ G F^ergatnangukim. . ^ 
£^CD fimile, fimiliterque pofitum eric 
tcioDgulo K F G *k A«|ue mAmn^* tb, 7^ 
^ne fiam tnangula 6 D H, B BI fi-- 

milia tsiiiBgalii &G £«. £ K Ib» I^va^ 

reailinca BCDHI, &EFGKL 
iiqpilia, finwtttCTqae pofita eiie, func 
enim omnes corum partes fimiles, er« 
go etiam tott fiawlM^yua^y guod pc^ 
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159 Trailmata* ■ 

- PROBLEMA XXIII. 
P.E.2$ I>^« I>Atti nmUne» fimiUi fimiUttrque po^ 

tmt & alteri dAto aqunU cm(ii-' 

tme» 

Sb daniin redUineum A, cui redi' 
' lineum B, conftituendutiT sEquale, 
Se fimik rcdilineo C. . Super D E 
conftituamr parallelogrammum EF, 
f Pr. l6» sequale reailittco A», & E G ij)fi C, 

deinde inveniariir metUa propordona- 
* Pr* 1 1. lis H I vmx P E& E K \ fuper qua 
' P). 22. ftatuatur reailineum B firaile ipfii^ S 

Vico & hoc aequale elTe reftilineo C 
Uc eil enim DEadEK, ita eftpa- 
raliclogrammum E F, id eft, reftili- 
4 rt^82, neum A, ad E Q , idcft, adC *, & 
^ rurfusut DEad EK, ita figura A 

ad B*, ergo AadB&C habetean- 
dem rationem, ergo B eft aequale ipfi 
^Ax*io* C8e fimile ipfi A^^y pctebatm^ 



i. m. 
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§, III. 



D£ > 



CIRCULO. 



• f 

PROBLEMA XXIV, . i 

Pati arcus, jtu circuU cmtrm inve» P.£.i.L^. 
nire, 

cltdatxisarcus ABC^ cajus cenmim 
^ optnrceat mvei^ eo accipiaii» 
tur tria punda B, C, qua^ conne<- 
dantur lineis redisjA B C, dm» 

' danturque bifariam lineis perpendi- « Pr. 7* * 
cularibus D F £ ^ fefe fecantibus ^Pr.S^ * 
in E. Dlco in E efie centrum arcus. ' 

^ Quia in uuraque perpendiculari exiAit 
centrum % ergo m punAo, quod utii* ■ Ti. 35. 
quecomnumeeft^nempeE^quod pe« 
tebatur. 

PROBLEMA XXV. 

Fmfheria ^arteM dividere bifariam» P.E.)0j. j< 

c It data peripherix pars A £ C,quatn 
^ dividere oporteat bi&riam. Ifoius 
^uaEratur centnun D **, deinde divida- pr. 24* 

" tur 
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154 Prfibkm^U*. 

tur angulus A D C bifiiriaffl per line- 
<pr. 5. amDB*. Bicft araun A B sequalcoi 
^ eifearcuiBC. Quia arcus, qui in eo* 

dem ciiculo aecpnles aogulos fiidbten- 
{ Jb» 53« <lunt , func zqgaaks quod pecebft> 

tiir« 

' PROBIEM^A XXVh 

T.E. 17. A dat9 fKB^ lintm tMitmm dih- 

V 

clc datuffl pBnftum A, ^ ^iioopQrteat 
' tangeoKffl dnoereadcircultim DC 

Ducatur linca cx A ad circuli ccntnin» 

ae fepMh B A^dafrniww» itmu^ 

ctthis fecaos priatan dtrculum in D. 
Sim A IMflie tinea» ou^snieflk. M 
cmm ADB an^ilu&re^) urpote in 

• TkiU ft mid rai k >% i&oyia AB nwgitcig' 

fTL4$* aiinm^» 9iod petebanu:. 

PROBLEMA XXVIL 
P. £. 94. Atdat^tMpciiU figmmtm abftiadmaif 
U $, fiou Mgulm aqnalm. data anguUit 

c It datus clrculus A BC, ^ quo opoi^ 
^ teat abfcmdere fegmcntum ABC, 
in quo qui fit «tgukt A CB aN|GB>' 
lis anrailo dato £. Ducatur linea B F, 
B Fr. 2 s. quas cicGulumdamni angaei* B*» aim 

«X B ducatur linea. B A, qus faciat 

^ Bf, A» angu)nni> A & U squakmafiguia £ ^ 
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Die» fc^mentum B C A efle fcgmen- 
ciun petinmu angtdns BCA 

lapcNeiiialtcmo fegmento sequalh dl 

* ■ 

§. IV. 

INSCBLIPTIONE 

Figuranua Circula 

FROBLEMA aOCVKL ' 

Z( dato cintdo d^cxibtu ttimiidim ff P.E. 2,U± 
miU triangiih datOf 

4 

It datas circuius A B C iti qoa 
oporKac (klaiMre niaiigHkni 
A BC fimile triangulo EFG. AI> 
ioDdaair per. &A fegmcmutn ca^ 
cnsangulum dato angulo G aec|ualem k 
& fiat anguiu» £ A C aBi|Qalis aqgula 
£ *. <^oniam ergo angulus A a^pia» < Pf, a, 
liscft aimuta£,&C ipfi G «X coiiilr, 
CfitBr rracpius ai^olusF asqiialisreli» 
quo angnlo atque adeo triangulum- 
ABC eft. aEquanguIum cum £ F G, 
ideoquc ilii fimile \ quod petebatur. *xb 72 
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PROBLEMJi XXIX. 

S)ato circulo circumfcr^btn ttiangulm 

i 

clt datus circuiitt ABC» cmopor- 

^ teat circumfcribere triangulum 
K L M fimile trvmgulo^ D £ F« Fiac 
angulus ad centrum B (5 A sequalis an- 
gttlo EDii^ & aogahis CG A ipii 
* Pr. 4. E F I % & ducantur ad A G, B G,C G, 
s ^ lioex perpendiculare&f , iiare tangente» 
^ ^ circulum, qua? invicem occurrant in 

K, L,M, Vico triangulum K L M,fimi- 
^ ]e A & eife triangulo D £ F. Quiain 
qnadrato A G B K funt quatuor i^i, 
& angidi ad A&B ium reifti ex 
conftr. erunt quoque duo reliqui a^qua- 
les duobus redis ; (irniiiter in triangu- 
lo dato anguli £ D H , £ D F funt 
1 7b. 22« zquales dui^ reftis erjgo & U 

erunt acquales ducbus reliquis angulis 
ia quadiilacero^ fed angulo £ D H eft . 
aqualis angulu: A G B ex conflr. er* 
go reliquus A K B eft a^qualis ipii 
EDF. Similiter aut?m probabitur 
A M C aequalis ipfi E F D, ergo reli- 
quus KLM eft xqualis refiquo D £ F> 
ergo triangulum K L M eil fmule tri« . 
^7{u73. angido D&F^^ quodpetebabaf/ 

m 

m 
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Tlroblemata, 157 

PROBLEMA XXX. 

In dato triangulo circulm infcribere. R E.4# I.. 

iClt datum triangulum A B C in quo 
inferibendus fic circulus. Anguli 
A & C dividantur bifariam lineis fefe 
^tuo fecantibus in D % deinde ex D ' Pr. 4« 

oinMa latera triaf^pli ducantiflr 
^rpendiculares. D £, D F, D G. D/« 
^ «urcdum cenaro D, intierVaUo D £ 
iiidcriptum , eHe circulum peticum. 
£rit enim. D £ a^qo^ ipii DF, quia 
in triangulis A D E, A D F funt an- 
^oli ad A xqude&ex ocmftr. finulicer 
anguli ad E & F, utpote refti, & la- 
tus A D eft commune , ergo totum 
triangulum A D E efl acquale ipfi 
A D F, erga latus D B lateri D F Th» 2j. 
fed fimiliter probabituir D G as^ualis . • 
ipfi D F, ergo D eft centrum circuli 
tangentis tria latera tfiangidi dad % 1 7b» 34. 
ifiod pet^Mtni'. ' 

< PROBLEMA XXXL 

fktM dam trkn^ulm cSr&Um di" P* &$*1.4 

fttibm* 

• • - 

<clt datum trlangulum ABC circa 
•^' qiMd defcribendus fit circultis. :Per 
cria punda A, B,C, defcnbatur drcu^ 

PMecfiitei^>(]uod peiebatur. > fr. 24* 

PRO-" 
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{ %9 ProUmatd» 

PftOBLEMA XXXir. 

clc duns ckculus <ABCD in qu» 
^ oponeat guadrawmiirfqi bcia iDi fr 
ovccer A C «Uvidatur bifiviam» jSc ad 
«iguIoaicAoMftE» «hkanBirrpcAfB, 
£^CD, Dlc9 A B C D dle 
qiiadnaiirfeiitiink Q^ai^gMlMmi» 
pct ad £ fiint «jaalaK., id cft re^, , 
jieiii lammBia aw|uafia,«rgo.&itt- 
&6 AB> 6 C, C D, D A, item anguli 
aft A, ^C,.D/in^(i«itiiimidii«B»> 
«STeoi, oigo iinaul )un^ re^i, ergo 
A B^CiD .-dk igm^tmmB |pcte* 
baoir. 

• • • 

PROBLEMA XXXm. 

ftVLjthi» drca datm sirmkm iiuulrttm 

jeribire, 

« 

SIc dai»s droAs /AM4> idiM 
^em oponciK defaibcre qua- 
drtmvn. ^hicnmir .^imctii AC, 
' £^ SsCc mamo iecancc& ^ad «angid» 
k pr. 5. Kftos in & ad punAa Ai^C,D, 

perpcndiculares , feu tan^entes circu- 
jHiii.iinriaem ooainiaiw i»4[^,N^L 
Bico -F G H l 9&tquadraiHmjpedcun. 

<^ <iiit|Mt,A'&>feqtt-lMMasP4 

£^(a4«|9H}96^fe^06<<ft>$^^ cfuac 
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Pro&lemata. Ij^ 

hc lineae parallelx % fitmliter quia li- ' 72». 5« 

nea B D fecac F G, I fl ad itftos, ' 

erunt hx <{uoque parallelx, ergo 

F B D I eric pandlelograniiiiiiiii, ergo 

latus F I zquale erit ipuBD %iddl,ipfl * pr, 29* 

Q^S iinMtiter pr obH Uu Muromiifci aiia 

bsera arauaHa. £ft autem & angulus 

ad Iitetus ) iqiiii CBim tinea F I eft 

parallela ad B D, & angnlus ad D eft 

rednsexconOr. oric teirdi^uiisinta- 

Bus ad I reftus'', atq^ ita angiili^Tj^^ 

F, jprobabunnir reifti» £1^0 

FtJ H I eft quadratum % quod petc- * v^, 58. 

baur. 

P<ROBL£MA XXXIV. 

II 4m quadrati tirculum dtjftibm. P.E.8. 1.4 

l^Amifi th cpadistnm ASCD. 
a J Dividantnr AB&B C bi&ri- 
aiB^, ft "ad angtdbfc reto % .I&ds ' pr. 7. 
£'G, ^ -H fefe fecantSbus k I. D/^o « pr. d. 
f ^et»Mrntti, qao ddbrlpcAdrouhis 
Imervdflo I E, quadrato continebitur. 
Snttef^tinefc«aiines 1 £, I F, TG^ 
tfl >inter fe aequales, quod ex conflr. 

patet. £rgo I cft oemnini dradi f Tl^. 24. 
^juod pecdMmr. 

c ;. 

PRO- 
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PROBLEMA XXXV. 
P.£.i4J'4. circulm dato pentagoiu ^equlateta & 

te^dangulo clrcumfcrikre, 

• 

clt damm pentagonum A B C D E, 
cui circonafaitere oporteat circu- 
lum. Dividantur anguli A & B bifii- 
riam iineis A i*^ B F, & interfedio- 
1US pun^io F, iittemiio FA ddcri* 
bdtur ci£culus. Dlco hunc per onines 
*t an^ilos traniitarufn* Ac prim6 <]id- 
dem per B , quia linex A F & B F, 
• • . . • dtm&^ «qodcs angulos. fcil^ 

cet dimidios angulos pentagoni a?qui- 
t Tjb. 1 4. an^^ inKr fe xjxaki \ iuniliiier 
" , . . <iuia angulus C 6 F eu xqualis angulo 
^ I ^ " B A F tuterqueenimeftdiniidkisaii- 

guli pentagoni) & latus C 6 xquale 
lateri B A, & latus BF lateri AF ; 
erunt triangula CBF&BAF a?qua- 
*" ■ lia , & linea C F xquatis liiies B F, 
& ita F D ft.F £ eidem zc^iafis pro- 
babitur i ideoque centro F, intervaUo 
F A duci potuit circiihis, qui per om- 
nes ang^ peotagooi tnuireac , quod 

• * 

PRO. 



« 
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PROBLEMA XXXVI. 

twr, ut prius», ceflttum F, & inter- 'Pr. 55. 

$iinfpcii4iciiIaEi F G de(aj|}^ ~ 
drciiWB. Vi(f \me dk diculpm pe* 
UBOSfi' Quoniam enim omiiia trian- 
gub A FQ, F£ H, &c, Inbcat Ia« 
tera F A, A G asqualia lateribus F E, 
£ H, fc9Q9ik>s «1 G & H i«ft<9S,in- 
bebunt etiam perpcndici|[ares F U Se 
F G femper aequales, &c. ergo drcu* 
lusp H I ijtnque Giflgiec j^tmimf^ 
ffiod peip)iiiiir# 

ctt datus clrcijus GHI, cui opprjteat 

tagonum ^uil^rum & aBqyiangyiup 
^uodcunque A£Cb£'>^ cuju^ *>pr. 20* 
triitn iki^, hocque applicetur centro 

<»m^ M9m^ m^k F B, .-^ c 
«)9«iii|^«fintMr j^i^ piinr 
'^Sk Z^fVo GHjl^&L i^e {t«(i|j|goinua| 

^F te sw^ ^ jmfy, iim^ 

K GF 
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GF fe HF exdef.circ. «ritut HF 
Ax, lo. ad C F, ita G F adB F % ergo G H 
' 71. cft parallela ad BCS ftcftadhanc 
• *3*.7a. ficttt G F ad B F % & fic edam ob 
*■ eandemcaufimcft HladCD : q^o- 

luara ersp B C & C D funt acquales, 
crunt &m aecpfides "GH & H I, Sp 
aequales prstterea conrinent angulo^ 
quia 3am finex ofteniae (unt paraUebe^ 
Crgo G H I K L eft xquiangulum fe 
aeqidlaterum pentigoQum circulo^ato 
xnfcriptum) quod petebatur* 

P R O HL E M A XXXVra. ^ 
^«£•15^.4. jOtxaiQnm cireiUe dat» iHfcribtrt. 

Clt datus drcidus AB C, cui opor^ 
teat hexagonum infiaf&crCi Incerf 
vallo femidiametri A F , abfcindanmr 
arcus AB, BC,e>tf. Dico ABC^ 
• «Sr-tf. cffe hexagonum petimm. Quia 
triangula A F B, & B F C fimt trian- 
gula asquilatera, ergo haec efficiunt 
hexagommi , ut fiquct cx problemaf- 
tb 300. dcmonftrationc, quod pcte- 

•faiicur* * ' 

-Wfa jnidy qiHd.eaqm afUd miU 
liemy atftde fuperficiebns aut angtdis fih 
.fiidis oMt eorporibuSf fr6bltmau rejbmti 
'difficultatis multiim habeant , in plant 
•mjffbrmari dtcmtHr ; foln» pancis ap- 
" " pendia 
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ftndict hac qui fiant odenio^ qua fitri 
pofft T-HEOREMAT. cxxxii,. 
«atxxv. cxxxviii. cxli. 

« 

APPENDIX. 

EROBLEMA XXXIX. 

'tigmam^ rt€liUnt<im cimlo infaii/erfy . 
qM a cmulo deficiat minori qnMti^ ■ 
tatti quAm ^Mvis propofita,- 

4 

Clc circulus- A B D cui infaibere o-^ 

^ ponet %]irafn reftiUneatn , ita ut • 

inter han&& circulum ditfereotia can-^ 

ta nonikui nngnitttdtiie, quantaefl 

magnitudo propofita E. • piat au^em • 

qiiadraciim-ilU qpanoati cqaale^- auc 

proximeminus* ; deinde fiatquadra- *pr,i8i" 

tum H K, quod defidat k quadr^ ' 

diaraetri, id cft, ^ quadrato L l quan^ 

titaie propofifei £.•», ilhidque . eodem '»pr. 20. 

undique intervallo a quadrato majori 

iive circuli cencro . disjun^tiff , fecec^ 

que drculum in O, B, D, P, &c. erunt 

prirao liueae OB,DP, TV, XZin- 

ter fe zquales, quia ex hypot. squali- 

cer diftanc a centro ' : deinde reliquis a^,- 

«rcuU pardbus BD, P T^&e. fub- " * * 

tendantur lineae B C, C D, huic lioeai 

B O «qiii^ idque toties, doaec 

K 2 culi 



1 



Digitized by Google 



» 



rttit rebnquaac p^rtt A tiunorcdd, quam 
fit arcus B A O; Bico figuwfti itifcrijpi- 
tam eiTe figuram petitam r ad inter- 
vailum etiim A N, ducantur lineac pa- 
rolielse ad iatera figurx infcapt£»ideo- 
que erit illi fimilis : quare erunt ill» 
ad fe mucuo in duj^c^tg ratione iate- * | 
nim homologorum , five, quod idem 
eft, in ratione quadratonitfi> qus ad 
A G 8c N S e^citaatinr^ ilveqiMdrati 
* Ib. ^4^ L I & H ergo ficut quadratum 

L I ad diflferentiam <^dratonim) iive 
qiiantitatem ira figura circnilb eii» 
tiitMbri^ta ART<^) ^s. iddi(Fe- 
rentiam harum figurdruttii> 6rgo etiif^ 

drat6rum ad quadratum A ita diB^ 
feitntia figurihim harum (imMknii ad 
figuram circub circuiWferiptaift , led 
^oniam quadratum diametri A G iM^ 
j6s eft figura eid(dm circuto cii^ctift^ 
fcri}3ta 5 (iinea? enini R Y <^ nec^Bi-. 
i\o inlrt ic^]adriA:um cAdetit) ^ qm^- 
cpife diflRerentia quadratorunS ^ fivc I 
^pM^itsis& md)^ quikm <k ^fftm^ 
tia, quas into* figuram circulo circittit- 

' diflferentia haec adhuc miajor eft, quam 
iilav qfo^ iikteir di£0Mti^ ft iigi^i^ 
fianc irifcriptam c^ciiftit i quia f^ra 
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las ) 9aa hacc fietnper ex hyp. inter-i>- 
vallo A N sk figura infCTipta fe)ungi* 
tur, nec uoquam ma jori^ fed aiiquando 
minori intervallo circulus ab caderti 
idfcripta figura removecur, dfgo cir> 
«uitis figuii d i icrtrt fc i rfp dt iraiior eft, 
&%o etiatn diiferentia incer circulum 
dama^ 9c figuram infoitnam cft va» 
nor quantitace propofita £, <luod|» 



PROBLEMA XL. 

flSj^fr rf»if<i iay? conftituere prlfmndatx 

Xfi. diata bafis A BC, fuper qua opbr- 

^ ceat ooniUtueie prMna aequ^ jpx* - 

famldi DEFG, (ic autem pyfailtici» 

Ih alticudo pars tectia D H, fia«|ae 

<m bafis ABC ad btAa pyramidB 

1> £ F, ita reciproce altitudo D H ad . 

al@l!odiflei»AL. iMM)>ri6iM ABCL 

dacx pyramidi efTe arauole .* eft enim . - 

gifitia hocaB9»ie piithMd D£ F H-% > jb^ i;r». 
d tM-ifma HEF eft tertia pars [)rBP- 
DDMis ¥ EP^ qult Di fuppoHtMT k 7b. 1^2. 
tirij^a ipfius D H , ied & pyiamis 
i> 9 f £ <ft tiema oars eiofiiem prii^ 
itoatis F E 1% crgo prifma A BCL « JB. IJ^. 
«II pyfaftiidi D £F Qfiiani «^hIi^ 
«udd tictctatr. 

^ K $ Hioc 



Digitizcd by Google 



l66 Pr^hUmata^ 

tudine inveniri debeat bafis, ut in hac 
a>iiftttutiun prifina datz pyratnidia^ 
j|uale fit. 

2. Quotnodo cuiciiiiq^ corpori re? 
flilineo A B C D E F a?quale prifma 
conftitui pofiit : dividatur enim hoe 
in plur«:s pyramides, fingulifque pyra^ 
fliidibus a^ualia prifmaca modo )aai 



PROBLEMA XLL 

Pjiramidi data plu^a prifinata neque alH 
s infcribtriy Ha utr i pytamidi difici^ 

ant mimri (imntitati^navi^s -dalL 

Clt pyramis A B C D , cui oporteat 
• iDfixibere aequsd» aldaidkiis prif* 
iData, ita ut hxc minori quantitate dc- 
ficianc i pyranude , quam iic quaevis 
quantitas propofita E. Super bafi py- 
ramidis A B C fiac priima a^ale } 
iive pro»me nunus quantitad re^- 
^'Fr* 40* ficque ejus aldoido AF. 

Ddode ad ideni inKrvalhim A F a- 
gancur phira phna panliela, qnoufque 
tocam pyranadis aldtwlhieni adas» 
^ent, & in horum phnorum incer&r 
oioniims G, H, L, conftioiamur pri(> 

mata G M, H N, L O qux deorfum 
iotca pynmiidem ddanc» ("qttodfenip 
" ^ .ficri potdlj cum ^yramis veriiis 
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Trobhmata. t6y 

bafin femper latior lit.^ Dico hxc 
pnfinaa eife prifinata peda. Eadem 
einm prifmata , qua» ex hyp. omnia 
incra pyramidem exiilunc, continuen- 
> tnr extra pyramidem in P, C^, R, fiib 
iifUem intene^onibus, & eadem alti- 
tndiae t erunt haecmnfinata, ut licpiec, 
inter fe xqualia % addico ergo priiini- ' Dif* 70. 
te ACSF, quod iMfi iaiiffit , quod* ' 
que aequale , auc proxime minus eft 
quam ^quantias £, eninc haec prifnata 
pyramidi drcumfcripta majora, quim 
prifiBaa '-ddan pynimidi infiaipca, 
eorumque exceffus eric prifma ABCF : 
cum ergo honim prifinocum partes 
mulcae ulcra pyramidem promineanc, 
oec viciflrim nc ulla pars pyramidM 
quae non ab his prifmacibus occnpecur^ 
Uquet hzc prifmaca droimfixipta 
majora pyramide. <^are erit exceC^ 
fiis pycunidis luper omnia priTmata 
nuiior, quamfitprifina ABCF» fire 
quanutas £, quod pctcbatur* 

PROBLEMA XLII. 
tifcriktrt prifms ejUndro, quod ab bos 
dtficUt mittofi iiM^itate 9 qMvii 

• 

clt dactts cytindras AB> cnl opojf- 
teat inraibece prifma, quod a 

' Hndio dcfioat nyiwn qnaHritatr^yana 

ik 
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163 



*Pr. 40. 



f]c£. Sub al^iciidiee AQ> five 
fttt prirnu squ^ corpori E , aic 
proxime miaus , iUiui^ bsps fic 
FG, idcrdMtur iiguia durcdk» 
HJKLMNO, & eidem circulo cir- 
'CBnfcribflCur frguK» PftSTV, & ^ 
■])er hUce cooClimanmr prirni»C4 »4 ai* 



1* 


1 , 











BipiifcpjKiimisiViilis ppi^ 
121* nwti D G », ergo inter cyliadrutn, & 

tia, quamfic prifma DG» iivejCprpu^ 

^^^^^^^^^^^^^^^^^» ^^^^^^^^^^^^^^^^^^^^^^^^^^^^^^^^^ 

M/i^ /Kw/// condiU$ne com isfffribenigi 
udim rdUsMi abfUvu» 
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